







































































































































































































































































































































































































































































































































































































































































































































































































































































































































































N

\‘\ ELEMENTORUM LIBER X, 33hH

\

ei cpmmensul abilis est, siue BE, etiam 4 Z [prop. XIT],
siue neutra rectarum AE, EB, neutra rectarum I'Z,
Z A [prop. XIIT].

Ergo I'4 apotome est [prop. LXXIII] et ordine
eadem ac 4B [deff. tert. 1—6]; quod erat demon-
s_ﬁ'andtlm.

CIV.

Recta mediae apotomae commensurabilis mediae
apotome est et ordine eadem.
P Sit 4B mediae apotome, et rectae 4B
longitudine commensurabilis sit I'4. dico,
JJ etiam I'4 mediae apotomen esse et ordine
eandem ac 4 B.
EL nam quoniam 4B mediae apotome est,
sit EB ei congruens. itaque 4E, EB mediae
“Z sunt potentia tantum commensurabiles [prop.
LXXIV—LXXYV]. et fiat [VI, 12] 4B:T'4 — BE: AZ.
itaque etiam AE, I'Z et BE, 4Z commensurabilas
sunt [V, 12; prop. XI]. uerum 4 E, EB mediae sunt
potentia tantum commensurabiles. itaque etiam I'Z
Z 4 mediae sunt [prop. XXIII] potentia tantum com-
mensurabiles [prop. XIII]. ergo I'4 mediae est apo-
tome [prop. LXXIV —LXXV].
Tam dico, eam ordine quoque eandem esse ac 4 B.

14. o¥twg — AZ] mg. m. 1 P. 4] corr. ex § m. 2 V. 15
fotc] om. P, doriv B.  4E] AE pév BFb, 16, sed — 17.
aruppargosl mg m 2 B. 17. I'Z] Z ecorr. V. 18, uéen B.

amoropis V. 19, 1éyo] dewnzréor Theon (BF VD).  di]
corr. ex 0% o m. 1 Iy d‘s V. dotdv] om. Theon (BFVh).

20. yae] om. P, uv‘rmg 561;1' F. 21, v ] om. BFD.

é1d’ — . 836, 2. Z4| om.
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og 02 ) I'Z moog wyy Zd, otrwg 0 and vijg I'Z
7wog 10 Umd tav I'Z, ZA), éovwv dga xal g Td dmo
tiig AE moog 7 vmd tov AE, EB, otrag 70 dmd
tijg I'Z modg ©0 vm6 tédv I'Z, Zd [xod dvardak dg
5 70 and i AE moog ©0 and viig I'Z, otrwg ©d V%0
t6v AE, EB moog 16 vnd tév I'Z, ZA). edppsreov
0t 76 amd vijg AE 16 amd vijg I'Z eVuuergov &oa
éorl xal ©6 Vmd tév AE, EB ©$ vnd tév I'Z, Z 4.
&lte ovv $nTév éomi vo vwd oy AE, EB, ¢nrov Eorau
10 xal 70 Omo tov I'Z, ZAd, &lrs péoov [éorl] To vmo
16y AE, EB, péoov [derl] xal 10 vwd tov I'Z, Z 4.
Méong éoo amovourj éovev 7 I'd xel vf vdfe 7
avty tij AB' 8mep #ev dstou.

o',
16 ‘H tj} éAdddov. ovupsroog éAdocav éotiv.
"Ectw yag éAdocav 1) AB xal vjj AB e6Vuuergog
n T4 Aéyw, ove xod 1) I'd éidoowv éoviv.
Tsyovérm yoo vo adrd: xal énsl af AE, EB dv-
vapes eloly aovppergol, xal of I'Z, ZA &ge dvvdus
20 &lolv aovppcrgor. Emel ovv dotww ag ) AE medg T
EB, otrag 7 I'Z mgog v Z A, Eorwv dga xal g 1o
and tijg AE mgog o émo tijg EB, ottws v émd vijg
I'Z mgog ©0 anl vijg ZA. cvvdévr dga éorlv &g e
and rév AE, EB mpds ©6 amd vijg EB, ovreg Ta
26 and tov I'Z, Z A medg ©o and vijg ZA [xel évalidk]

1. TZ] (alt) ZI' F. 2. og] om. 9. 4. el — 6, Z 4]
om. P, 6. zav] (a.lt.%‘ om. b. 9. EB] B in ras. m. 1 P,

Zotar] 4ot Theon (BFVD).  10. éoct] om. P 11, dezl]
om. P. 12 péon BVb. 13. Gmeq #3er dsifor] comp. P, om.
BFVD. 16.zf] corr.intiig m. 2 F, ziigh. élaceovt] Eixcaoy
F m. 1, #docovos b, F m. 2. Deinde del. pijner F. ~16. ydg]
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quoniam est AE:EB=TZ:Z24 [V, 12; V, 16], erit
etiam [prop. XXI lemma]
AE}: AEX EB=T2Z*:TZ>< ZA4.

uerum A E% I'Z* commensurabilia sunt. itaque etiam
AE >< EB, I'Z < Z4 commensurabilia sunt [V, 16;
prop. XI]. siue igitur 4 E>< EB rationale est, etiam
I'Z >< Z 4 rationale est [def. 4], siue 4 E><EB me-
dium est, etiam I'Z><Z 4 medium est [prop. XXIII
coroll.].

Ergo I'd apotome est et ordine eadem ac 48
[prop. LXX1V —LXXV]; quod erat demonstrandum.

CV.

Recta minori commensurabilis minor est.

Sit enim 4 B minor et rectae 4B commensurabilis
I'4d. dico, etiam I'4 minorem esse.
4 -I nam fiant eadem. et quoniam 4 E, EB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, ZA4 potentia incommensurabiles
TB sunt [prop. XIII]. iam quoniam est 4E: EB
|_ =TIZ:24 [V, 12; V, 16], erit etiam
AE*:EB*=T2Z%: Zd2 [VT, 20 coroll.]. 1taque
etiam componendo [V, 18] est
AE? 4+ EB?: EB*=TZ%*+4 Z4%:Z 4%

Z

om. Theon (BFVb). 17. I'd) (prms) I e corr. m. 1 F.

dor{ PBV, comp. Fb. 18, adra rois medrzeoy V.  19.
FZ]Zecorr m. 1 b, 20. mj»] om. Bb. 21. mv m. 2 F.

28. Zd4) 42 B. _ forly] supra scr. m. 1 V. CcorT. ex
6 m. 1 24. 6] zijg P. otz Bb.  26. ZA] (prius)
supra scr. m 2 F (Z incertum est). xal dvodddé] om. P.
Dem del. a¢ 76 anwo Tii§ BE upoc 70 ano zijs Zd, ovtog 1o
Gno tiv AE, EB meog te and tov I'Z, ZA4 V.

Euclides, edd. Heiberg et Menge. IIL. PR
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ovppctgov 0F éovt vo axd vig BE ©@ dmo vijg AZ-
evppcrgov dga xal T0 ovyxslusvov éx THY GWO THY
AE, EB tstgaycvev 16 ovpxeuive éx tov and tov
I'Z, ZA4 vevoayovav. nrov 04 ot o ovyxelusvoy
5 éx vdv ano tov AE, EB verpayovev: {$nrov dea
dotl xal ©0 ovyxsluevov éx tov amd vav I'Z, Z4
rerpaywvay. melw, énel oty dg voO amo vijg AE
nog 70 vmo v AE, EB, otrwg t©0 and vijg I'Z
7pog 0 Vmo tdv I'Z, Z 4, evpuscrgov 0% o amd g
10 AE vergdyavov 16 amd tijg I'Z rergayodve, o6vu-
uergov &pa Z6tl xal o vwd tov AE, EB 1 vmo vov
I'Z, Z4. uéoov 0% 16 9mo tév AE, EB' péoov
doa xal o vno tvév I'Z, Z4* of TZ, ZA4 &ga dv-
vaus, &loly acvuperoor molovou To uiv evyxslusvov
16 & 10V an’ adTdY TeTgaydvey ¢nrdy, 10 8 On’ adrdv
péoov.
’Erdecav doa éotlv §) I'd* 3meo &0e dstfo.

os’.
‘H ] pere ¢nrov pédov vo Siov morovey
20 OTUWETPOG UETE $NTOD uéGov 1o AoV moroDad
ot
"Eotw pera ¢nrov wécov o SAov moiotoa % AB
xal ©fj AB evupergos v I'd" Aéyw, v xal 3§ I'd
pera ¢nrov uécov vd GAov moioed Eoriv.
25 'Eotw yap 1) AB mgocagudfovea vy BE: af AE,
EB doa dvvaus elolv aovppsrgor moovear 1O uiv
evyxelusvov éx vév and tov AE, EB rerpaydvav

1. doriw P. té] corr. ex tg m. 1 F,ex za () V. 4Z]
Z4P. 3. zergayovoy Pb et comp. ins. m. 1 V. 4, I'd,
d4Z b, 5. ¢nel F, sed corr. 6. dozl] slol F. 7. 1d]
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uerum BE%, 4Z® commensurabilia sunt. itaque etiam
AE® 4 EB? et I'Z® 4+ Z4? commensurabilia sunt
[V, 16; prop. XI]. uerum 4E® -} EB? rationale est
[prop. LXXVI]. itaque etiam I'Z® 4 Z.4* rationale
est [def. 4]. rursus quoniam est
AE?: AEX EB=TZ!:TZ>< 24

[prop. XXI lemma], et 4 E* I"Z* commensurabilia sunt,
etiam AE > EB, I'Z ><X Z4 commensurabilia sunt.
AE>< EB autem medium est [prop. LXXVI]. quare
etiam I'Z > ZA4 medium est [prop. XXIII coroll.].
itaque I'Z, Z 4 potentia incommensurabiles sunt effi-
cientes summam quadra.torum rationalem, rectangulum
autem medium.

Ergo I'd minor est [prop. LXXVI]; quod erat
demonstrandum.

CVL

Recta rectae cum rationali totum medium efficienti
commensurabilis recta est cum rationali totum medium
efficiens.

Sit 4B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4. dico, etiam I'4
rectam esse cum rationali totum medium efficientem.

nam BE rectae 4B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes 4E* 4 EB?

om. V. 9. Post Z4 add. xel évedddf BFb.  18. &g dovl
»xal BFb. Z4] (alt) Z in ras. m. 1 B. 17. 8meg 0
dsifau] comp. P, om. BFb. De additamento in V u. app.
nr. 24 19. «ozowy piixog F. 20. Ante perd add. xecl
avzy; BFb, m. 2 V motovoe To olov b. 22. mwolovox 70
Glov V. 24, 70 Glov péooy b. 25. BE] E e corr. m. 1 P.

22%
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péeov, 16 & v’ evrdv $nrov. xal Ta avra xeve
oxeviodm. Opolwg 0y OstEouev tolg modragov, Ote af
I'Z, ZA4 év ©6 avrg idye &lol taly AE, EB, xal
oVpueTeoy g0t TO ovyxelusvov éx tdv axd rov AE,
6 EB revoayavov v¢ ovyxaudve éx tdv axd vav I'Z,
Z 4 vevgaydvoy, to 8t vmd 1é6v AE, EB ¢ vmo
tov I'Z, Z4* ®ore xel of 'Z, ZA dvvdpse sicly
aevuusTEOL WoLovGaL TO uiv GUKsluEvov &% TOV A:O
wov I'Z, ZA4 zergaydveov upéeov, o & vz elzav
10 ¢nrdv.

‘H I'd dpa pesta ¢nvov péeov o Glov moioved
dorv: Omsp £0su delEa.

et
‘H tfj pere péoov pédov ©d Siov morovay

16 6vuperQog xal avry psra pédov péoov o Giov
woLovoa é6TLY.

"Eotw ustd péoov wéoov ©od SAov mowovoa 1) AB,
xal tfj AB ¥orw evpusrgog § I'd® Aéyw, 8te xal 4
T4 psve uéoov péoov to SAov mowoved ZoTiv.

20  "Eotw pag 15} AB meoGagudfovoa 1 BE, xal zo
avre xaveoxsvacdw' of AE, EB &ga dvvaust sloly
a6VuuETEOL ToLovGaL TO TE Guyxslusvov & Tdv an’
VTV Teveay@vey uidov xel ‘o Un alrdv udoov
xal &rL aovppsTov To Guyxelusvov x THV dx’ eVrdv

25 TeTQaydvOY TO VX avtev. xal &ow, og 0slyd,
af AE, EB evpuergor talg I'Z, Z A, xal ©0 ovyxsi-
pevov éx tdv an tév AE, EB tevgayovov ve ovy-

3. zg] ecorr. V. gloly B. 4. 7o] ©o pév Bb, ply
supra scr. m. 2 F. 6. zdv I'Z — 6, EB] mg. m. 2 B (zé
AE, EB etiam in textu sunt a m. 1). 6. 8" Fb. 12, &mee
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4 - medium, 4E > EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
" igitur atque antea [p. 336, 20 sq.] demon-
strabimus, esse I'Z:Zd4 = AE:EB, et
194 AE+4EB, 23+ Z4* ac AE>XEB,TZ><ZA
commensurabilia esse. quare etiam I'Z, ZA4
~Z potentia incommensurabiles sunt efficientes
I'Z? 4 Z 4* medium, I'Z>< Z 4 autem rationale.
Ergo I'4 recta est cum rationali totum medium
efficiens [prop. LXXVII]; quod erat demonstrandum.

|

H W

CVIL

Recta rectae cum medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est,

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'4. dico, etiam
I'4 rectam esse cum medio totum medium efficientem.
4 T nam BE rectae 4B congruens sit, et
eadem comparentur. itaque 4E, EB potentia
incommensurabiles sunt efficientes summam

B quadratornm mediam et rectangulum medium
I T4 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVIII]. sunt
“Z autem, ut demonstratum est [p. 334, 14 sq.],
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE* 4+ EB:, I'Z* + Z4* ac AEX EB, I'Z><Z4

E

3z deifar] comp. P, om. BFb. De V u. app. nr. 26.  14.
zozoéuﬁq‘ pixee F. 18. #6tw] om. BFb. 21. dea] m. 2
euan. K, 26, adrov F. R
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xewpéve éx tov axd vov I'Z, Zd, ©o 0% vmo vav
AE, EB ©¢ vno vov I'Z, Z4* xal of T'Z, Z A4 &pe
dvvdus &loly aoUUUETOOL TOLODGAL TO TE GUYxE{UEVOY
éx Tdv dn’ avrov Tergaydvav uédov xul To vn’ avroy
uéoov xal &vi dovuucToov Td ovyxslusvov éx TdV an’
avtav [vergayavar] 6 v avrov. :

‘H I'd éga peve pédov uédov 0 Siov moiovod
dovwv: Gmep £0a detban.

on .

Ao $nrov uéeov apaitgovuévov 9 TO AoLmoy
goelov dvvapévy ule 8vo didymv ylvetar fjror
amoroun 7 éldeca.

'"An6 yap ¢nrod vov BI' uéeov agproerjedm.to BA:
Adyw, 0ve N 10 Aoumdv Ovvauévy o EI ula dvo
aAdywv plverar fror amotouy 1 Ad6owmv.

‘Exxelodo yoeo ¢nqvy v ZH, xal vg uiv BI leov
nega vy ZH mogafefiiiodo dodoywviov magaiinid-
yoauuov ©6 HO, vé 0t AB loov apneicdw o HK*
doumdv &g v0 ET loov éorl v A0O. émel ovv gnrov
uév éote 6 BI, uéeov 6% 6 BA, leov 0t ©vo ulv BI'
6 HO, v0 0t B4 vg HK, ¢yrov udv doa derl vo
HO, uéoov 0 v6 HK. xal mage ¢yviy twyw ZH
magaxeirer: §nry udv dge 7 ZO xal evpucreos T

1. 70 04 — 2. v/l mg. m. 2 F. 3. 7z¢] om. P. 6. 7
toaydvoy] om. P. 8. dmee £z Seifau] comp. P, om. BFb.-
10. Post §nrov del. xad F.  11. ylyverar BFb. 12, 2idz-
tov PVh. 18. BI'] in ras. V. 14. lowwoy ywelov BFb.
70 ET Svvapévy BFb. 15. Adyov F, corr. m. 2. yi-
yveror BFb.,  #ldtrov B. 17, Post magafefijocdm del. o
HB m.1 P, ras. 4 litt. V. 18. 4B] e corr. V, B4 P. 19,
ETr]JTEB. 460] ©4F.  20. uéy] (prius) om. b. 21.
¢gnrov] bis b. 28, wapdreaivrar BF. ~ apa éotiv BFD.
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commensurabilia. quare etiam I'Z, ZA4 potentia in-
commensurabiles sunt efficientes summam quadratorum
mediam et rectangulum medium praetereaque summam
quadratorum rectangulo incommensurabilem.

Ergo I'd recta est cum medio totum medium ef-
ficiens [prop. LXXVIII]; quod erat demonstrandum.

CVIIIL

Spatio medio a rationali ablato recta reliquo spatio
aequalis quadrata alterutra rectarum irrationalium est
aut apotome aut minor.

nam a spatio rationali BI" medium auferatur BA.
dico, rectam reliquo EI' aequalem quadratam alter-
utram rectarum irrationalium esse aut apotomen aut
minorem.

ponatur enim rationalis Z H, et spatio BI" aequale
rectae ZH adplicetur rectangulum H@®, spatio autem
4 B aequale auferatur HK. itaque reliquum EI'= 46,
iam quoniam BI ra-
tionale est, B 4 autem
medium, et BI'=H®,
B4 = HK, HO ratio-
nale est, HK autem
medium. et rationali
ZH adplicata sunt.
N l itaque Z® rationalis

est et rectae ZH lon-
gitudine commensura-
bilis [prop. XX], ZK autem rationalis et rectae Z H
longitudine incommensurabilis [prop. XXII]. quare
Z®, ZK longitudine incommensurabiles sunt [prop.

A E B

[\

(2] K Y
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ZH wixe, ¢nqry 02 7 ZK xal acvpustgog ty ZH
uijxe dovupergog doa oty N ZO v ZK mijxee. of
Z0O, ZK dpa énrel slee dvvause pévov evupsrgos
dmoroun dga Zetlv 5 K6, mgooapuifovee 03 avrij g

5 KZ. 1voc 0y 7 OZ vijg ZK petfov dvvarer v éxd
cvuuérgov 1 od.

Avvdedw medregov TG amd ovuuérgov. xal éoviv
84y 9 OZ ebpucrgog tfj éxxeruévy gnri wixer vy} ZH-
dmotouy dga mowrn dovly 7 KO. w6 & vmo Jyrijg

10 xal dmorouis Tewrng Weguexdusvov 7 dvvepdvy dmo-
Tour} éorwv. 1 &pa O A6, tovtéor. vo ET, dvvaudm
amotowr] éoTiv.

E! 0t 7 OZ vijg ZK peifov dvverar v dmd aovu-
uérgov éavrf, xal doviv oAy 7 ZO ovpuctgog T éx-

16 xawpévy Onui wijxee v} ZH, amorouy vevdory Zorly 4
K6. 1o 0 vmo ¢nris xal dmoropig tevderng megi- |
syousvov 1 dvvaudvy éiaocmy éoviv: Omeg E0st detbar.

0d’.

‘And péoov ¢nrov apaigovuévov #Adar dvo

20 #Aoyor ylvovrar fjtot péeng aworouy meWwTY 19
pete ¢nrov wéeov vd Aoy morodoa.

’And pag uéeov tov BI' ¢quov apnerodw 1o BA.
Aéyw, 81 9 0 Aowmov v0 ET dvvauévny ple 0vo ¢idymv

1. ZH] (pnus) HZ F. 2. Post pyjxes (alt.) add. xel

slaw umpouqm (mm{ b. 8.26) ©Z BF. ioww P. &
0¢]8°P. 5.ZK g gPaeBFbaetsumscrm2V
©7Z] 2O b. 6 aavyy zoov P 7 ov] avt n up auo
advpyérqov BFb. 11 - dvppneov] 7.
corr. ex 76 m. 1 b, m. rec. dovpy tqov P 8. 82
corr, ex ZO V, z0 F. 9 '8¢ BFb. 10. mzquezouevoy
om. BFb. 11. 7] ins. m. 1 B. z6] (prius) ins. m. 2

18. ©Z] inras. b, ZO F. is] wiit b.” ocvppéreov V, corr.
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XIII]. itaque Z®, ZK rationales sunt potentia tantum
. commensurabiles. quare K@ apotome est [prop.
LXXIII], KZ autem ei congruens. iam @Z? excedit
ZK? quadrato rectae aut commensurabilis aut incom-
mensurabilis. : '

Prius excedat quadrato commensurabilis. et tota
OZ rationali propositae ZH longitudine commensu-
rabilis est. quare K@ apotome est prima [deff. tert. 1].
recta autem spatio comprehenso recta rationali et
apotome prima aequalis quadrata apotome est [prop.
XCI]. ergo recta spatio 4@, hoc est EI', aequalis
quadrata apotome est.

sin ®Z? excedit ZK*? quadrato rectae sibi incom-
mensurabilis, et tota Z® rationali propositae ZH
longitudine commensurabilis est, K® apotome est
quarta [deff. tert. 4]. recta autem spatio comprehenso
recta rationali et apotome quarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur ant mediae apotome prima aut
recta cum rationali totum medium efficiens.

A medio enim BI rationale auferatur B4. dico,
rectam spatio reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut mediae apotomen
m. 2. 14, ®Z BF. 16. ZH] corr. ex Z® m. 1 F.  dmo-
zoun dea BFb.  16. 3¢ B. 17. Post dovty add. % doa 7o
(om. b) 48, tovtéere 6 ET, dvvapévy éAacowy éotly BF, mg.
m. 1b 8meq €350 deikor] comp. P, om. BFD. 19. Post
a¢x6 add. 7o b, m. 2 F.  20. ylyvovrar B. péon B. 22.

and] corr. ex omé V. damé — Bd] bis b. 28, ple] om. b.
loyow b. :
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plveras fjrow péeng dmorouy medy 7 pere ¢nrov uéeoy
70 8Aov moiovew.

Exxeledw yoo Oqvy 7 ZH, xal megafefiriodo

ouolmg T ymele. &t 07 dxodovdwg dnvy udv 7 Z6

b xal devpuergog vij Z H wixe, ¢nry 02 9 KZ xal ovyu-

pergog T} ZH wirerr of 2O, ZK dga nral slo.

. Ouvdue povov GvpustgoL’ amorown doo oty 7 K6,

mgosepuifovoa 0t tavey ) ZK. dwoc 0 7 OZ zig

ZK upsifov Ovvatw T dmd Gvpuérgov feveij 1 T
10 amo aovuuérgov.

Ei udv odv 1) OZ tijg ZK upsiov dvvaras v dxd
cvpuérgov fovrij, xal 6Ty 7 mpodaguifovex f ZK
oVuuetgog ij éuxsiuévy Onry pixee v ZH, amovou
devrépe dotly ) K@O. ¢qvy 02 9 ZH' dove ) vo A8,

15 Tovréore v0 ET, dvvapdvy uéeng drwovouyn medry éoviv.

E¢ 0t 7-OZ vijg ZK psitov dvvarar ¢ amd acvu-
uérgov, xal oty 1) mgocaguotovea 1 ZK 6vuusroog
©f éuxsipévy Oqri; wixse v Z H, amovoun méumey éatly
n KO dore 1 ©0 EI' dvvauévy pere ¢nrov uéeov

20 70 OAov moioved Zoriv: Omsg E0er Oelfou.

o
'And péoov pécov doaigovuévov devuué-

1. ylyvezes Bb.  péon Bb. 4. forv P.  87] corr.
exdém.2 B, 06 Fb. 5. »el] om. 9. ZH] ZIb. ZKB.
6. 26] ®Z P.  elaw P. 8. airj BFb.  8%] 8¢ BV.
©Z] in ras. m. 1 b.  10. ovppéreov V, corr. m. 1. 11.
0Z) 26 V. 14, Post ZH add. 7o 8% om0 Jnrijs ual dwxo-
Topns devtéoas 7 Ovvapévn péong amotopr éot mwedry b, F
. m. 2, 15. zovréomy P. péo . dons modiTyy V.
16. ©Z] inras. V, ZO P. 17, ualﬁ favrg, nal BFb, 18,
pixer] om, b. 19. X6] 6K F. Post ET" del. zmeloy
m. 1 P. 20. Omse #0s Oeifar] comp. P, om. BFb, 22.
péoov] (alt.) supra scr. m. 1 P, uéocov supra scr. m. 2 F.
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primam aut rectam cum rationali totum medium effi-
cientem.
ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem modo [p. 342, 19 sq.] se-
«quitur, Z® rationalem esse
et rectae ZH longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
4 mensurabiles [prop. XIII].
! ergo K® apotome est [prop.
LXXIII], ei autem congruens
ZK. ijam O@Z? excedit ZK? quadrato rectae aut sibi
commensurabilis aut incommensurabilis.
iam si @Z? excedit ZK*® quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, K® apotome est
secunda [deff. tert. 2]. Z H autem rationalis est. quare
recta spatio 40, hoc est ET, aequalis quadrata mediae
apotome est prima [prop. XCII]. sin ®Z? excedit ZK?®
quadrato rectae incommensurabilis, et congruens ZK
rationali propositae ZH longitudine commensurabilis
est, K@ apotome est quinta [deff. tert. 5]. quare recta
spatio EI' aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]; quod erat de-
monstrandum.

B E Z K @

CX.

Spatio medio a medio ablato toti incommensurabili
reliquae duae irrationales oriuntur aut mediae apo-
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Toov ©@ 8iAe al Aowmel O0vo &loyor ylvovras
firor péeng dmovoun dsvrégea 1 pera pédov
wééov td 3Aov motovoe.

‘Apnenode yee og énl tdv mpoxsuévev xara-
yoepdy axd uéoov tov BI' pédov vo BA aovpusrgov
T6 OAe" Aéyw, Ove f ©0 EI dvvauévy ule Zovl dvo
aAdywv fjror uéoms amovoun Osvrdpn 1) meva mécov:
uééov 0 8Aov moiovoa.

’Ensl yag uéoov Zotlv éxdregov tov BI, BA, xal
acvpuetgoy ©0 BI' 16 Bd, &ovar axolovdwg Jnry
énarége 1oy ZO, ZK xal éovuustgog vf) ZH uajxs.
xal émel aovpucrodv fove ©o BI' ©é B, tovréor: ©o
H® t6 HK, acbuuergos xal 7 OZ 1§ ZK* of ZO,
ZK dga ¢nral slor dvvaus udvov ovuuergor’  dmo-
Toun &pa éotiv 1) KO [mgocaguoloven 0t § ZK. #jror
0n 1 20 vijg ZK peifov dvverar 16 dmd ovppdreov
7 6 &nd aovuuirgov fevrfj).

El ptv 09 1 2O vijg ZK peifov dvvarer t¢ dmo
ovupéroov éavrf, xal ovderépe tév 2O, ZK ovu-
ueTQds ot tfj éxxewuévy onrij wixee v ZH, dmoroun
tolry éotly ) KO. ¢y 02 § K4, ©vo & vmo $yrijs
xel amoroudls Toltng wegieyducvoy Spdoyaviov &loydv
dotw, xal 3 Svvauévy avrd dhoyds doriv, xedslrar 0%

1. ylyvovrar B. 2. péon Bb. 5. BA] Becorr. V. 6.
éotiv B. 7. péon Bb.  psra] pera zov P.  12. oy P.
Deinde add. dméxsizan P, et V, sed del. 18, xal] éore xal b,
4oty nal B. of] xal 5 b. Z6] 6Z FV. 14. ZK
®K P.  15. otlv) om. Bb.  mpocaeuifovee — 17. favry
om. P, mg. V. 16. 35] 8¢ BV.  18. &j] odv BFbD. 'ifg
®Z B. ZK] Z postea ins. V. 19. ovderéoa V. TV
corr. exto m. 2 V. ZO] OZBb et in ras. V.  20. oz
om, Fb. " 21. KA4] corr.ex K4 m. 2 F, §’] 8¢ BFb. 28,
éots PBYV, comp. Fb; item alt.
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tome secunda aut recta cum medio totum medinm
efficiens.

Auferatur enim ut in figuris iam propositis [p. 347]
a medio BI spatium medium BA toti incommensu-
rabile. dico, rectam spatio EI' aequalem quadratam
alterutram esse rectarum irrationalium aut mediae
apotomen secundam aut rectam cum medio totum
medium efficientem.

nam quoniam utrumque BI', B4 medium est, et
BI'y B4 incommensurabilia®), similiter concludemus
[p. 342, 19 sq.], utramque Z®, ZK rationalem esse
et rectae ZH longitudine incommensurabilem [prop.
XXII]. et quoniam BI, BA, hoc est H®, HK, in-
commensurabilia sunt, etiam ®Z, ZK incommensura-
biles sunt [VI, 1; prop. XI). itaque Z®, ZK ratio-
nales sunt potentia tantum commensurabiles. ergo
K® apotome est [prop. LXXIII].

iam si Z@®? excedit ZK*® quadrato rectae sibi com-
mensurabilis, et neutra rectarum Z®, ZK rationali

7z K @ Dbropositae ZH longitudine

commensurabilis est, K@ apo-
B E tome est tertia [deff. tert. 3].
' uerum KA rationalis est,
rectangulum autem recta ra-
tionali et apotome tertia
comprehensum irrationale est,
et recta ei aequalis quadrata
irrationalis est, uocatur autem mediae apotome se-

_ 1) Cum uerba xal dovppuergoy 6 BI' v BdJ lin. 9—10
nihil faciant ad demonstrandum id, quod sequitur, non immerito

ab Augusto omittuntur. Gregorius omisit forar lin. 10 — 7
B4 lin. 12,

4 4 I'°H 4
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uéens dmoroun Osvréga’ @ors 3 0 AO, vovrioTe T
ET, dvvapévy uéons amovousj éov. devripe.

E¢ 0t 1 2O 1ijg ZK_pstbov dvvarar T amd aovu-
pérgov favey [wixed], xel odderépa rov ®Z, ZK
oVuuergos éove vij ZH wijxer, amovouy Exrn doriv 9
K®. 1o & vmo ¢nrig xal dmorouss &xrys % Ouvva-
ys’my ol pera yéo'ov uéeov o 8dov morovoa. % TO
40 &ga, vovréer: o ET, dvvauévy pere pédov yéo'ov
70 OAdov woioved foTiv: Omep E0s detfa.

owa’.

‘H amotoun ovx &6tiv 7 avry tf éx dvo
dvoudrov.

"Ecrw amotoun 1 AB: Aéyw, 6te § AB odx Eovw
7 avTy T éx 6vo dvoudrav.

E! pog dvvardv, otw” xal éxxciodo $nvy 5 AT,
xel ve and vijg AB loov mage Ty I'd nagefsfiijcdn
dpdoywviov ©0 I'E mhdvog mowotv tyv AE. Zmel
ovv amotows] éorwv 1) AB, emotoun medty éetly % AE.
fotw avrf) mgodapuifovex § EZ° of AZ, ZE &ga
¢nval &lor dvvduer pdvov eVpuetgor, xal § AZ tig
ZE peifov dvvarer e éwo evpuérgov favri), xal 5
AZ cvppergog ove v éxxepdvy Oqry pixee v AT
wadw, énel éx dvo 6110@021:011: éotlv 9 AB, éx dvo é&ga

1. dmovopy péon B. domse FV.  79] om. b.  vovr-
éoriv B. 76] i 7o Bb. 2. péon B. datly amoropr} Fb.
8. 20] ©Z Bb et in ras. V. owvppéreov V, corr.m, 1. 4.
prjxee] om. PV. om!suqa FV. = 5. éou] om. Bbp. 6.
8 Bb. 1. éot] doty 7) BFb. 7, aote 1) BFD, et e corr. V.

8. &oa] del. , om. BFb. tovtéouy PB. Ante z¢ add.
7 m, 2 psm F. 9. onsq E'Osl. deifar] comp. P om. B.
11. ty] gupra scr. m, 1 b. nAB (alt.) om. . 15,
4r] in ras. m. 1 P. 16. 6171:117 zjv BFb. In sequentibus
multa renouata et enan. in F.  18. &ea wedzy b. 19, il
avzi 7 b.  21. aovppéreov B, sed &- eras. 23. docr] om. m.q)

.
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cunda [prop. XCIII]. ergo recta spatio 4®, hoc est
ET, aequalis quadrata mediae apotome est secunda.

sin Z©? excedit ZK? quadrato rectae sibi incom-
mensurabilis, et neutra rectarum ®Z, ZK rectae ZH
commensurabilis est longitudine, K® sexta est apotome
[deff. tert. 6]. recta autem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cum medio totum medium efficiens [prop. XCVI].
ergo recta spatio 40, hoc est EI, aequalis quadrata
recta est cum medio totum medium efficiens; quod erat
demonstrandum.

CXIL

Apotome eadem non est ac recta ex duobus no-
minibus,

Sit 4B apotome. dico, 4B eandem non esse ac
rectam ex duobus nominibus.

nam, si fieri potest, sit. et ponatur rationalis 4I"
et quadrato 4B? aequale rectae I'd adplicetur rect-
angulum I'E latitudinem efficiens 4E. quoniam igitur
s g 4B apotome est, 4E apotome

HE est prima [prop. XCVII]. sit

4 f '1Z EZ ei congruens, itaque AZ,
ZE rationales sunt potentia
tantum commensurabiles, et 422
excedit Z E* quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 4I" longitudine com-
mensurabilis est [deff. tert. 1].
r rursus quoniam 4B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina diuidatur, et 4 H maius
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Svoudrov meary detiv ) AE. digenode &l te Svi-
pore xove 0 H, xel é6te ueifov dvope to AH: of
AH, HE dga ¢nval &lov dvvaus udvov evpusrgor,
xal 7 AH tijg HE petfov dvvavar v dnd cvuustoov

5 éovrd), xal ©o weifov | AH ovuuerods fove tf] xxsi-
uévy énvy wixes vij AT. xal 4 AZ oo v} 4 H ovy-
pergls éote uixe xol Aowmn &g 1) HZ evupeteds
dori vij AZ wixsi. [énel ovv ovuperedg domv f AZ
tij HZ, éqvy 0¢ éovww 7 AZ, ¢nry coo ovl xai 9

10 HZ. Znel ovv evuusteds éotw 1) AZ vif HZ e
aovpuctgos 0 § AZ vfj EZ wixe:® aovuusroog doa
éotl xol § ZH tfj EZ wijxe.. of HZ, ZE &g
¢nral [elo] dvvdpee povov Gvupergor: amotoun oo
éotlv 7 EH. dlda xal gnvy® Omep oty advwarov.

15 ‘H dga dmorour ovx otw 3 ovvy vij éx 8vo dvo-
patwy: Omep &der deifau.

[Togiopal.
‘H amorvoun xal af petr’ adrqv &Aiopyor ovvs
T uéoy odve aiifiacg elolv al avral.
20 TO udv yop awo péong maga Gnriy magafeiid-
uevov mAdrog mousl nTiy xel acvuustgov tij, maQ’
v mogaxeirar, wixst, T6 08 dx0 dmovoudjs mepa $nTRy

1. évouaroy dea Bb.  &¢1l medty F?, medty supra scr.

m. 2 V.  digenpévn b, mg. m. 1: ye. digercdw. 4. HE]
EHPF. 16] w0 ¢.  b. © psitov] P, et V, supra scr. 7;
om. b, 5 pelfwr B; om. ¢, sed post 4H lacuna est 6 litt.
7. Ante pijxec del. of duneepévy $nrf winer vf JI m. 1 b.
lowxjj doa tjj BFV. HZ]in ras. m. 1 b; ZH F, seq. ras.

1 litt. 8. dote 7jj] domiw 7§ BVD et supra scr. %) 9. émel —
10. HZ (prius)% om. P, mg. V. 9. HZ] Z ante ras. 1 litt. V.
éouv] om. V. Post ¢nm in mg. m. 1 add. pixec dovp-
pergos m, 1 b.  Zorty B, om. V.  10. émwel — prjxec] om.
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- nomen- sit. itaque 4H, HE rationales sunt potentia
tantum commensurabiles, et 4 H*® excedit HE® qua-
drato rectae sibi commensurabilis, et maius nomen
4 H rationali ptopositae 4I" longitudine commensu-
rabile est [deff. alt. 1]. itaque etiam 4Z rectae 4H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. ueram A4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon-
gitudine incommensurabiles sunt [prop. XIII}." itaque
HZ, ZE rationales sunt potentia tantum .commensu-
rabiles. EH igitur apotome est [prop. LXXIII]. uerum
eadem rationalis .est; quod fieri non potest.

Ergo apotome eadem noin est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali a.dphcatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem [prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIII], quadratum autem

PV. 11, EZ] mut. in ZE V. &oo #0t(] 04 in ras. 4
litt. @.  12. doviw P:  Post piyxer add. xel elor §nral mg.
m. 2 B.  13. #la] om. PV. 14 EH] corr. ex HE V, HE
P, EN ¢. 15. q] (alt) om. b.  16. omsg £de é‘uéag comp
P, om. BFb. 17. noqum om. P, giy” BVD, ot 21.
1:17] w b. 22. ¢xé] om.

Euclides, edd. Heiberg et Mernge I 23
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©0 8iov mowoveng mwaga ¢nray wagafeiidpsvov wAdrog
nowel amotouny Extqv. émel ovv ta slgnuéva mAdry
diapéper Tov T& maTov xel aAljiwy, Tov utv wEdTov,
Otu onre] dorv, dddfiev 8%, émel vi vaker odx sloly
af avral, dfjiov, dg xal avral al &Aoyor diapépovary
aAdjiev. xal Zmel 0édsixvar 1) dmotous odx ovow 1
avty i éx 0vo dvoudrov, moovor 0% mAdty waga
vy megaPfuildpever ol uere Ty dmoTouny amworouds
axodovdwg Exaory tij vafer v xad edriv, of O}
peve Ty éx 0vo Jvoudrav tag -éx dvo dvoudrev xal
avral ©vf) vake axodovdws, frepar doo elolv ol pere
Ty amotouny xel Eregar al peve Tyv éx dvo dvoudrav,
O3 siver T Tofer macag &ddpovg 1P,

Méony,

’Ex dvo dvoudrav,

'Ex 0v0 pécmv mewrny,

'Ex 0vo péowv dsvrépav,

Mei§ova,

‘Preov xal péeov dvvaudvyy,

1. 76 0¢ — 8. devrégay] mg. m. 1 V. 5. éldrrovog B,
comp. F, 9. peze] om. F. 11. o] corr. ex o9 m. 1 P.
12. mewrov] (prius) in ras. V., 18. émel] om B, 17.
naeefaldopsve ¥, corr. m. 2. of] om. P, supra scr.m. 1 V,
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mediae apotomes secundae rationali adplicatum lati-
tudinem efficit apotomen tertiam [prop. XCIX], qua-
dratum autem minoris rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medium efficientis rationali
adplicatum latitudinem efficit apotomen quintam [prop.
CI], quadratum autem rectae cnm medio totum medium
efficientis rationali adplicatumn latitudinem efficit apo-
tomen sextam [prop. CII]. iam quoniam latitudines,
quas diximus, et a prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine eaedem
non sunt, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstrauimus, apotomen eandem
non esse ac rectam ex duobus nominibus [prop. CXI],
et rationali adplicatae rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum saum
quaeque ordinem, irrationales autem rectam ex duobus
nominibus sequentes rectas ex duobus nominibus et
ipsae secundum suum quaeque ordinem, aliae sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibus sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media.

2. Recta ex duobus nominibus.

3. Ex duabus mediis prima.

4. Ex duabus mediis secunda.

5. Maior.

6. Recta spatio rationali et medio aequalis quadrata.

uév B, of pév b, pév supra add. m. 2 F. 19. zag éx 3o
ovopdrwv] om. V. - 20, avtds b.  elow &ea V.  21. f]
om. F. ~ pere] nazd P )

23*
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Advo uéee dvvaudvny,
"Arotounv, '
Méang amotouny mowTyw,
Méong amovounyy dsvrépav,
5 Eldeoova,
Mera ¢nrov uéeov 1o Slov moiovcav,
Mzt péoov uéeov ©6 8lov. morovoav.

loeB’.
To amo ¢nrije mwaga v éx 0vo dvoudrav

10 wepafaildusvoy mldtog moisi amorounv, 7g
Te dvduare GVuucTed édte Tolg tijg éx 6Vo dvo-
udétov ovéuad. xal évi év 1¢ avrd Adym, xal
Evi q yuvoudvny dmoroun Ty avdTiy Efer vy
7§} éx 0vo dvoudrav.

16 "Eorw ¢y udv y A4, éx 0vo dvopdrov 0% % BI,
s wetfov Svopa éotw % AT, xel v6 énd vijg A loov
éotw 70 vwo vov BI, EZ* Aéyw, 8ve 1 EZ amorvouq
dorv, ng to dvduare evuusted ot voig I'd, AB,
xel év T avte Adyw, xel fv ) EZ vy ety e

20 zakw tjj BI. :

' "Eeto pag malw te &mo tig A ldov ©6 VmO Taw
B4, H. énel ovv v6 vmd vov BI, EZ loov éori 76
v tov Bd, H, 6t dga wog % I'B meds v B A,

De his 18 irrationalibus cfr. Martianus Capella VI, 720.

6. éldrrova BFb. 8. gf’] om. b, gua’ F, gd’ BV. 11,
té dout F.  12. dvépaciv PBF.  16. 8% dvopdzav V.  16.
ATl T'd F. 11. BI') TBF. 18. dou] dorwvP. T4l T
e corr. V. A4B] 4 supra scr. m. 2 V. 19. 7dfww EEer V.

SEsLJ & BFDb, in B sue_ra. ser. § m. 2. 22. Bd] d e
corr. V, AB F. 6] ¢ PV. 1] mut.in 6 m. 1 P, 7¢ V.
23. Post zév ras. 1 litt. P. I'B] BI'F.
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome.

9. Mediae apotome prima.

10. Mediae apotome secunda.

11. Minor.

12.-Recta cum rationali totum medium efficiens.
18. Recta cum medio totum medium efficiens.

CXIL.Y)

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum latitudinem efficit apotomen, cuius
nomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeterea apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

Sit A rationalis, BI" autem ex duobus nominibus,
cuius maius nomen sit A4I', et sit BI'><X EZ = A*
dico, EZ apotomen esse, cuius nomina rectis ['4, 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.

nam rursus sit B4 >< H= 4% iam quoniam est
BI'’>X EZ=BA4><H, erit 'B:Bd=H:EZ [V], 16].

Atr——

B»——4——|A r H——mm
E Z

Ki t 1 16

uerum I'B> B 4. itaque etiam H>EZ [V, 16; V, 14].

. 1) Dubito, an haec propositio et sequentes Euclidis non
sint. sed de hac re alibi uniderimus.
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ovtwg ) H meog tiy EZ. peltov 0% 7 I'B tijg BA-
peltov dog éotl xal § H viig EZ. é6rvw vy H loy
% E@ &t dga og ) I'B medg tiy BA, ovrawg %
@F mgog v EZ* dieddvre dga doriv ag ) I'A moog
5 vy B4, ottwg 7 OZ medg v ZE. ysypovére og
1 O®Z meog tyy ZE, ovtag 9 ZK medg v KE* xal
0Ay dga n OK mpdg 8Any iy KZ édonwv, ag § ZK
noog KE' ag yae & tov npovuévev meds &v tdv
émouévav, ovrteg Amavta Ta Ryovusve mEdg Amavra
10 ta éndusva. &g 0% 1) ZK medg KE, otrmg éotlv %
I'4 mgog Ty AB* xal dg dga 7 OK medg KZ, otrag 1
I'd mgdg v AB. evuucrgov 0t ©6 énd vijg I'd v
anod g 4B* evpusrgov aga Zotl xal to awd tijg OK
t and vig KZ. xal ot og to dnd vijs OK meog
16 70 énd i KZ, otrwg % OK mgog tyv KE, énel of
tpels of @K, KZ, KE avaloydv &low. ovpusrgog
dga 1§ OK zjj KE wijxer: &ore xal y OF vjj EK
ovpuereds dove pixer. xal énel To amd vijs A icov
éotl 16 vmd vy EO, B, ¢nudév 0€ o o dmo tig
20 A, ¢nrov Goa édotl xel TO Umd vév EO, BA. xal
noge fyrny Ty BA megdxeitar gy dea éotlv 4
E® xal ovppergog tfj BA uijxer dorve xal 7 evu-
uergos avti] ) EK {nrij éove xal evpucrgog v) BA
pijxse.  émel ovv doviv @g 5 I'd medg AB, obrwg %
26 ZK moog KE, af 0t I'd, 4B dvvdus pévov &lel

1. peffoy — 2. fozw] in ras. V. 1. I'B] BI' P. 2.
40t/ om. V. 8. I'B] BI' PV. 4. wj»] om. Bb. 6. mj»]
om. Bb. 4B FVb. ‘t'ﬂ} om. BFb. syovéto — 6.
ZE] om. b. 6. mijv] om.nB .  ZK] KZ lg 77jv] om.
BFb. 7. meés] bisgp. 8. uyy KE FV. g ydg] om. P,
supra scr. V.  zdv] om. P.  gyovpevoy P. 10. zjv KE V.

11. 4B] BAF,  w=jv KZ BFb. 12. 4B] e corr. V,
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sit E@=H. itaque 'B:Bd=@E:EZ. quare diri-
mendo [V,171) I'4:BA4=@Z:ZE. fiat ®Z:ZE=ZK: KE,
quare etiam @K:KZ =ZK:KE; nam ut unum prae-
cedentium ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est autem ZK:KE =
'4:4B. quare etiam @K:KZ =TI'A4:4B. uerum
I'4®, 4B? commensurabilia sunt [prop. XXXVI].
itaque etiam ®K?* KZ® commgnsurabilia sunt [VI, 20
coroll.; prop. XI]. est autem @K?:KZ*= @K:KE,
quoniam tres rectae ® K, KZ, KE proportionales sunt
[V def. 9]. itaque ®K, KE lgngitudine commensura-
biles sunt [prop. XI]. quare etiam ®E, EK longi-
tudine commensurabiles sunt [prop. XV]. et quoniam

= EO@>< B4, et A4® rationale est, etiam E@>< B4
rationale est. et rationali B4 adplicatum est. itaque
E @ rationalis est et rectae B4 longitudine commen-
surabilis [prop. XX]. quare etiam EK, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B4
longitudine commensurabilis [prop. XII]. iam quoniam
est 4: d4B=ZK:KE, et I'4, 4B potentia tantum
commensurabiles ssunt, etiam Z K, K E potentia tantum

B4 F. 13. K] I'd 9. 14 KZ] ZK in ras, V. 15.
Post XZ add. édelzfn yae og 7 I'd meds 4B, ovzag 7 ZK
moog KO. alla xel og § I'd n(mc 4B, wzmc 11 @K moos
KE. zeeis oy ev&euxt slow avaloyov nqmm) y.h 7 OK, dev-
1:59« 6‘& n KZ tolzrn 5 KE. gﬂ:w ovv og 1:0 omo ijs mowdTYG
wQog 70 dwo ijg devréeas :ldog, oYz 1) medTn wedg Y TelTNY,
TovTéoTy o 70 axd OK meos 7o m:o KZ b. zjv] om. b,
16. slos BVb, comp. F. ~ 17. dea doriv BFb. 6K] K
e corr. V. . Post wixge add. xal Sisddvre b, m. 2 F.  doze]
e ecorr. V. EK]E®b. 19. E€] ®E V. domwy L.
20. dottv L. 4B LBFb, e corr. V. ~ 21. 4B BF.  22.
Post @ovs ras. 1 litt. V.  23. forw L. 4B F.  24. dg
om. L, supra scr. m. 2 B. 25. ZK] corr. ex ZH m. 2
0]m.2F. TId]4drF. =soiv L
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ovupergoe, xel of ZK, KE dvvape uovov slel ovu-
pevgor. gqvy 8¢ donwv ) KE* dnquy 59« dotl xal 4
ZK. of ZK, KE aga gnral d‘wape:. y.wov slol ovu-
uergoe* auoropn; toa éotiv 1) EZ.

6 “Hrvou 0t 5 I'd tijg AB pstfov dvvaras vep dmo
ovupérov vty 1 T amd dovpufreov. :
B E pdv odv 1) I'd vijg 4B psifov dvvaver tep dmd
ovuuéroov [favrij], xal § ZK wfig KE usitov dvwj-
geTaL TG amd cvppéreov favril. xal & ulv GVuusTEOS

10 dotwv 1) I'd ©fj éxnspdvy énvf) wixer, xal 7§ ZK- &
0t n Bd, xal 9 KE* gl 0¥ ovdevépe vév I'd, AB,
xal o0vdstépa tov ZK, KE.

E¢ 0¥ 1) I'4 vijs 4B psifov dvvarer v6 dnd aovu-
péroov éavej, xal % ZK vijg KE psifov dvimjostar

16 @ dmd aovupérgov favry. xal & piv 7 I'd ovp-
ueTQds éove i) éxxeudvn. gnry ijxss, xal  ZK- &
0t 7 B4, xal 7 KE' & 0% ovdstége vav I'Ad, 4B,

- xal ovdsvépe tdv ZK, KE' dorvs amovowr éoviv 4
ZE, ng o dvdpare 1w ZK, KE evpucroe éove toig

20 77jg éx 0Co OSvopdrev dvopad tvolg I'd, AB xal év
16 altg Adyw, xal vy aveyy tafw-&a vj BI" onse
&0 Ositou. ,

oLy . .
To amd ¢ntijs maga amorounv ma@efaiio-

25 wevov mAdrog moiel v éx dvo dvopdrev, g

1. KE &ea LBF. 2. Post KE add. xel ovpy,etqoc zf Bd
uixee LBFb,  douv &ee V. éetiv LPB. . ZK] (prius)
KZ BFb (de L non liquet). Deinde add. uul avypstpos ]
I'd pixee LBFb. - §nrel elow L, §nral elor BFb.  elol]

Fb. 4. EZ] ZE in ras. V. 6. 7] supra scr. m.
rec. V.  ovppéteov V, sed corr. 8. dovppéreov L, et V,
sed ¢- eras. favrj] om. P. ZK] KZ B. 1L BA] mut;
in 4BV, 4B b,  odfevépa P. 12. el — 13. 4B] mg.
m. 2 F. 12. 09@stdge P. KE] E in ras. m, 1 P, 13.
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commensurabiles sunt [prop. XI]. werum KE rationalis
est; itaque etiam ZK rationalis est. itaque ZK, KE
rationales sunt potentia tantum commensurabiles. ergo
EZ apotome est [prop. LXXIII].

lIam.I'4% excedit 4B? quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

si igitur I'4? excedit 4B? quadrato rectae com-
mensurabilis, etiam ZK? excedit K E* quadrato rectae -
sibi commensurabilis [prop. XIV]. et siue I'4 rationali
propositae longitudine commensurabilis est, etiam ZK
ei commensurabilis est [prop. XI, XII], siuve B4,
etiam KE [prop. XII], siue neutra rectarum I'd, 4B,
neutra rectaruam ZK, KE. sin I'4* excedit 4B* qua-
drato rectae sibi incommensurabilis, etiam Z K® ex-
cedit KE?® quadrato rectae sibi incommensurabilis
[prop. XIV]. et siue I'd rationali propositae longi-
tudine commensurabilis est, etiam ZK ei commensu-
rabilis est, siue B4, etiam KE, siue neutra rectarum
I'd, 4 B, neutra rectarom ZK, KE, ergo ZE apotome
est, cuius nomina Z K, K E nominibus I'4, 4 B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI' [deff.
alt. et tert.]; quod erat demonstrandum.

- CXIIL
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

4B] B4? L. 14, xal — 16. fevrjj] om. P, mg. m. 2 V.

16. doiy L.  Ante ZK eras. H V. 17, ovdetéoa V. 18,
0v8:téga PV (non F). - doze] -sinras. V.  19. za] (alt.)
‘om. P, m.2 V. deuwv L.  20. éx] éx zov V.  évopacwy
LPBF. 21. #xe zefiw LBFb. BI') BB P, 28. ]
PL, o’ F, 3’ b, 13’ BYV. 24. mowge] aea L.
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té dvdpate evupcred édti volg Tis AmOTOUTS
dvopace xel év 16 adte Adym, ére 0 % yevo-
pévy éx dvo dvopdrwv Tyv adtyv vafiw Exse
Tf] amoTouT.

5 “Eove énry pdv 5 A, amovoun 6% 5 Bd, xal v
and tijg A lsov &6rm 1o Omd tov Bd, KO, dere vo
anod vijg A ¢nriis maga Ty BA dmovouqy mapafai-
Adpevov midrog mowsi vy K@ Adypm, Ot éx 0vo dvo-
udroyv dotlv 7 K@, g ve dvduare ovpusted ot

10 7oig g B dvdpaot xal év td ailrd Adyw, xal én
7 KO ww adryy &e takw i) B4,

"E6tm yeo v} BA mgocagudfovea y AT of BT,
I'd Gga ¢nral elow dvvdue povov ovupstgor. xal T
and vijg A loov &6rw xal ©d Vwd vov BI, H. $nrdv

16 0% 70 amd tijg A ¢nrov dpa xel 6 Umd vov BI, H.
xol mege ¢y v BI magaféintar: $nuy doa éoriv
7 H xal ovppstgog vij BI' wijxsr. émsl ovw o vmo
tov BI', H leov é6tl v¢p Ynd vov Bd, KO, avdaioyov
dga éotlv wg 7 I'B seds BA, otrwg 1) KO meog H.

20 uelfov 0% 7 BI tijg BA" uelfov éoa xal % KO vijg H.

. xsiodw v H lon v KE' evpuergog Gga éotlv 7 KE
tij BI' pijxer. =xal émel éonwv og % I'B mpog B,
otnwg 7 @K moog K E, avacteédpavr. dpo otlv wg 1)
BT mgog tiw I'd, ovrwg 7 KO modg OF. yeyovérm

25 oog 7 KO mpdg OF, otrwg 7 OZ meog ZE* xal Aoumn)

1. dorv L. 2. dvdpasy PLBF.  yiyvopévn LBD, ye-
vouévn PVe. 8. &ye] supra add. £ m. 2 B. 6. 4] 4B b.
&oze] -e in ras. V. 7. BA] 4B 9. 8. moweiv LFDb, e
corr. m: 1 B.  8n] 6z xal PV, 9 an] doriv L. 10. dv4-
peoey PLBF. #n] 6n LBFb. 11, £ga LB. 13. eloww L.
14. xe{] om. LBFVb. 15, Hl m. 2 F.  18. 4oty PV,
om. LBFbD. 19. I'B] BT PV. 20. zijg] (prius) medg b.
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nomina nominibus apotomes commensurabilia sunt et
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.
Sit 4 rationalis, B4 autem apo-
tome, et sit B4 >< K@ = 42, ita ut
4|. quadratum rectae rationalis 4 apotomae
< H B adplicatum latitudinem efficiat K®.
dico, K® ex duobus nominibus esse,
cuius nomina nominibus rectae BA
commensurabilia sint et in eadem pro-
portione, et praeterea K® eundem or-

dinem habere ac B.
nam A4 I" rectae B 4 congruens sit, itaque BI, I'4
rationales sunt potentia tantum commensurabiles [prop.
LXXIII]. sit etiam BI'>< H= A% uerum 4* rationale
est. itaque etiam BI'>< H rationale est. et rationali
BI' adplicatum est. itaque H rationalis est et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>< H= B4 >< K@, erit [V]; 16]
I'B:Bd = K®:H. est autem BI' > Bd. itaque
etiam K® > H [V, 16; V, 14]. ponatar KE = H,
itaque KE, BI" longitudine commensurabiles sunt. et
quoniam est 'B: B4 =@K : KE, conuertendo [V, 19
coroll.] est BI':I'd=K@®:OE. fiat KO:OE—=G®Z:ZE.
itaque etiam KZ:Z@=K®:OE=BI':T'4 [V, 19].
uerum BT, I'4 potentia tantum commensurabiles sunt.
itaque etiam KZ, Z® potentia tantum commensura-

&oa 0zt BFb. 21. KE] e corr. V, EK P.  22. zij» B4
BFb. 28. iy KE BFb.” 25. KO] corr. ex. KH m. 2 F.
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doe ) KZ mpog 2O éovwv, 6 7| KO meog OFE, zovr-
dovwv [dg] § BIT mgog I'd. af 8% BI'y I'd dvveps
udvov [elal] avpuergor” xal of KZ, ZO dga dvvduss
udvov elol vpuctgor. - xal émsl dotw og 7 KO meog
5 OF, 7 KZ ngos ZO, ¢il’ ag 7 KO mpog OF, 1) OZ
ngog ZE, xal og dex 7 KZ medg 2O, 1) OZ medg
ZE' @ors xal og 7 meary meds TV TElINY, TO AMO
Tijg MeaTYG WPOS TO dmd vijg dsurdpag’ xal mg &ow 7
KZ mgog ZE, otrag ©0 amd vijg KZ modg tod and vijg
10 ZO. cvpucrgov ¢ éov 1o and tiig KZ v¢ amd vijg
ZO of yep KZ, ZO dvvape slol evpucrgor” ovu-
uergog doa Zorl xal ) KZ vfj ZE wijxs* agove ) KZ
xal ] KE ovuuerodg [éoti] wijxer. ¢noy 04 éovwv 9
KE xal ovppergos tff BI' wijxer: ¢qoy doa nal
16 KZ nal ovppsrgog vij BI' prjxes. xal émsl doriv g
% BT mods I'd, otrwg % KZ mopds 2O, évadick &g
% BI moog KZ, obrag 9§ AT mpog ZO. ovpusroog
0t § BI' v;j KZ* ovppcrgog dge xal §) ZO vfj I'4
uixer. ol BI, I'd 0t ¢qrel slov dvvaper wovov ovu-
20 pevgor xal ol KZ, Z@ &g ¢nval slow dvvdus udvoy
ovuuergor: éx 0vo Svoudrav fetlv fpe 7 KO.

Ei pdv odv 0 BT tiig I'd pettov dvveras 16 dmd
ovuuéroov fovtfj, xal ) KZ vijg ZO peitov dvmjcsros
16 amd ovppéroov favril. xal &l udv ovpusTedg éeTiy

26 7 BI" ©vf dxxewpévy nrq wixee, xal 7 KZ, & 0% 5
1.Z0] 6ZF etinras. V. OE] corr.exZE V. 7ovt-

- foriwy — 2. meos] in ras. V. 2. ag] om. P, supra ser. V.
6§ om. BF. I'Ad]I'd, 4E BF. 8. &lo/] om. PV, adpu-
peteor — 4 &lol] mg. m. 2 B. 3. KZ] ZK P. 5. Z2O]
©Z in ras. V. ©Z] in ras. m. rec. B. 6. ZO] in ras. m.
rec. B, "6Z b. odrag 7, B. ©2]'26 b. 7. ZE] EZ F.

mns -¢ in ras. V. o¢] m. 2 ovtog 7o BFb. - 8.
mowtng| eras. F. meog — dsvtepag] mg. m. 2 F. 9 ZE)]
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‘biles sunt [prop. XI]. et quoniam est K8:0FE —=KZ:Z0,
K@®:OE =@OZ:ZE, erit etiam
KZ:20 —@Z: ZE.

quare etiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def. 9]. itaque etiam
KZ:ZE=KZ:Z6. vuerum KZ?, Z®® commensu-
rabilia sunt; nam KZ, Z® potentia commensurabiles
sunt. itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, K E longi-
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI' longitudine commensura-
bilis. itaque etiam KZ rationalis est ef rectae BI
longitudine commensurabilis [prop. XII]. et quoniam
est BI':I'd = KZ:Z®, permutando [V, 16] est
BI':KZ = AI': Z®. uerum BI', KZ commensura-
biles sunt. itaque etiam Z®, AI' longitudine com-
mensurabiles sunt [prop. XI]. BI, I'd autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z® rationales sunt [def. 3] potentia tantum

commensurabiles [prop. XIII]. ergo K® ex duobus
nominibus est [prop. XXXVI]. .

Jam si BI™ excedit I'4® quadrato rectae sibi com-
mensurabilis, etiam KZ? excedit Z®® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue BI" rationali
propositae longitudine commensurabilis est, etiam KZ

corr. ex 2O P 11. ydq] dea B. y}lmc Vb. maﬂ]
-¢ in ras. V, doze xal b. 18. £on] om. 14, dovu-
weroog b. 16. medg] (prius) bis b. 17. odtwg — 18, KZ
bis F. 17. AT} T4 P. 18. Z@] inras. V, ®Z P. TI'd
inras. V, AT’ P." 19, «f] i 8¢ V. 9¢] om. FV, 4E Bb,

20. xeel — 91. K@] mg. m. 1V, 20. KZ] K@ '‘B. 1.
dvo doa BFb.  &ea] om. BFb.  22. I'd] B4 PFb et B
eras. V.- 28. dovppivgov F, sed corr.  24. dovpuéreov P.
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I'd gvuucreds éove tfj éxneapévy Onrq wijxse, xel 7
Z®, & 0t ovdsrépa v BI', I'd, odderépe taow
KZ, Z6. )

E! 0% 7 BI' wijg I'd psifov dvvarer te dmd

5 acvpuérgov éavry, xal § KZ vig ZO ustlov dvvij-
osToL T Gno acvppéroov favrf. xal &l uly GUupETEds
éoviv 9 BI wyj éxnspévy onrgy wixe, xel 1 KZ, &
0 § I'd, xal % 2O, & 0t ovdsvépe tdv BI', I'4,
ovdstéga tov KZ, Z6.,

10 ’Ex dvo dga dvopdtov éetlv 1) KO, 1g e dvduare
1 KZ, ZO ovppsroe [éoui] tolg Tijs amovouijs Svd-
paot tolg BI', I'd xal év v6 avnd Adye, xel Fte g
K® 15} BI" v aveqy &a vakw: Omso &0er Ostba.

oo’

16 Eav gwelov mepiégmrar vmd amotouts xal
tijg éx dYo dvoudrev, Ng To dvipara V-
perod vé é6te toig Tijg dmoTouis dvdpaer xal
év 16 avTd Adyw, f) T6 ywelov Svvauivy ¢yt
oz, . :

20 Isguegéedm yap ympiov 76 vmd tov AB, I'd vmo
amotousjs vig AB xel vig éx dvo Svoudrov tig I'4d,
g ueitov Svoua Zorw vo I'E, xel éotw ta Svduata
ijs éx 0vo dvoudreov ta I'E, EA ovpusred & Toig
vijg amovouss Gvopes: ol AZ, ZB xal & 16 avre

1. I'd] AT B et e corr. V. 2. BI' — 7] postea add.

m. 1P. Post I'd add. xa/ b, m. 2 F. 4. 3vwnrae Bh.
5. ovupéreov V, sed. corr. KZ]Zecorr. V, K4 P. Z6]
©Z in ras. QV 6. ovppéreov V, sed corr. 7. domv] m.
2F. 8.ZO0)OZF. TI4dxalb. 11 cvupere B. éoni]
om. P, supra scr. V. évdpacy B. 18. BI'] B4 PFb.
8mee #0er dzifar] om. BF'b. 14. ote’ b et e corr. F,
os’ BV. 17. z¢] om. BFV.  édvdpacy PFB. 19, ozt
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ei commensurabilis est [prop. XII], siue I'J rationali
propositae longitudine commensurabilis est, etiam Z®
ei commensurabilis est [id.], siue neutra rectarum BT,
I'd, etiam neutra rectarum KZ, Z® [prop. XIII].
sin BI™ excedit I'4* quadrato rectae sibi incommen-
surabilis, etiam KZ? excedit Z®* quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue BI rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, siuve I'd, etiam Z@® [prop. XII],
siue neutra rectarum BI, I'd, neutra rectarum KZ, Z@.

Ergo K® ex duobus nominibus est, cuius nomina
KZ, Z® nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K@
eundem ordinem habet ac BI' [cfr. deff. alt. et tert.];
quod erat demonstrandum.

CXIV.

Si spatium comprehenditur apotome et recta ex
duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata ratio-

! —1  nalis est.

r E 4 Spatium enim 4B ><I'4 com-
He— prehendatur apotome 4 B et recta ex
©—, duobus nominibus I'd, cuius nomen

K 4 m maius sit T'E, et 'E, E4 nomina
F———+—"  rectae ex duobus nominibus nominibus
apotomes 4AZ, ZB et commensurabilia sint et in eadem

B, comg. FVb. 20 yeg] corr. ex 76 m. 1 V.  22. #orm]
(prius) doze BFb. 23. Ed] 4 e corr. m. 1 b, 7¢] m. 2 B.
24. dvopaay B.
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Adye, xal &6rw % 6 Uno oy A B, I'4 dvvepsvy n H'
Aéyo, Ot gnre) dovwv 3 H.

- ’Exxelodo pog $nry 7 O, xel Td &nd Tig O lGov
nega v I'd negafefiiodo midrog moiovw vqw K A
amorous &ge éotiv y KA, 7s ta Svipera Eore e
KM, MA cbuperga tolg vijg éx b0 ovoudrav Svo-
paoe toig T'E, EA xal év v¢ abrg Adyp. aile xal
af TE, EA4 cvpuctgol v¢ el valg AZ, ZB xal év
16 avrd Adpe: Eovwv dox og § AZ medg Ty ZB,
ottag 7§ KM moog MA. évaldek &oo éotlv g AZ
noog v KM, otnwg 4 BZ meos vy AM* xal Aoum)
doa ) AB mgdg Aowmyy v KA éoviv og v AZ
npog KM. ovupevgog 02 7 AZ 1y KM' ovuusrgos
doa -dotl xal § AB v KA. xal d6tiv dg ) AB medg
K A, ovteg 7o 9m0 tav I'd, AB mgog ©0 vmd rév I'4d,
KA ovpuergov doa éotl xal 10 Umo vév I'd, AB
0 vno tév I'd, KA. loov 8% vd Omd tov I'd, KA
6 amo vijg @ evuusTgov dge dotl To Vmo tév I'A,
AB 1@ ano tijg 6. T 0t vmd tév I'd, AB icov éotl 7o
and tijg H' oduucrgov &ga éotl ©o dmo vijg H 76
and tiig @. ¢nrov 0% To dmd s @' dnrov doe forl
xel 10 and vig H' ¢y &g éovlv ) H. xal dvvaras
70 vmd wov I'd, AB.

‘Eav aga zmgtov zegtéxnwz D) an:ovol.mg xal Tijg
éx dvo ovoyamw, N T& Svéuare dvy.y,arpa éonu ro;g
viig amovoudls Ovoueos. xel & Td advg Adye, B TO
qoelov dvvauévy gnry éotiv.

1. 5] om. BFb, 1] e corr. V. H] HA4 b. 3. 9]
(prius) B® F. 4. mjv] (prius) m. 2 F. 6. zijc #x] éx
tov V. 7. alla — 9. lom]mgmlF 8. zoig b. 9.

AZ] corr. ex AT V. 11. ‘BZ] ZB B. 12. -q] (prius) post
ras. 1 litt. F, 18. mgos — AZ] om. F. vy KM BFb.
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proportione, et sit H® = 4B > I'4. dico, H ratio-
nalem esse.

ponatur enim rationalis @, et spatium quadrato
@®? aequale rectae I'J adplicetur latitudinem efficiens
KA. itaque KA apotome est, cuius nomina sint
KM, M A commensurabilia I'E, E4 nominibus rectae
ex duobus nominibus et in eadem proportione [prop.
XCII]. uerum I'E, EA etiam rectis 4Z,ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MA. quare permutando [V, 16]
AZ:KM=BZ:AM. itaque etiam AB:KA=AZ:KM
[V, 19]. uerum AZ, KM commensurabiles sunt [prop.
XII]. itaque etiam 4B, KA commensurabiles sunt
[prop. XI]. est autem AB:KA=I'Ad>< AB:I'd>< KA
[VI, 1]. itaque etiam I'd>< 4B et ’'d>< K A com-
mensurabilia sunt [prop. IX]. uerum I'd >< KA =%
- itaque I'4 >< 4B et @ commensurabilia sunt. est
autem H®=TIA4>< AB. quare H?, ® commensura-
bilia sunt. uerum @? rationale est. itaque etiam H?
rationale est. quare H rationalis est; et spatio
I'd>< AB aequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14, doziv B. 4B] KM ovpuetoos doo fotl nal | 4B @
(et F?). 16. zyw KA BFb. ovte B. I'4] ante lacunam
2 litt. F, AT b, AB] 4B b.  mgog 76] om. . 16. 0]
m 2V, 11 Tov] (pnus) om. P. 18. @] @Z B, sed corr.

19. dmd] corr. ex vw6 m. 2 F. 76 ] corr. ex zo m. 1 F.

70] corr.ex té m. 1 F. ~ 20. 6] xal vé BFb.  22. §nwj]
corr. ex ¢nzév V. 26. domiv P, 26. dvopeay PB. 27,
40z BV, comp. Fb. Deinde add. dmeg #3er deiton F.

Euclides, edd. Heiberg et Menge. III. 24
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Ilégiopea.
Kal péyovev quiv xal e Tovrov @avepdv, om
dvvardy éote Gnrov ywelov vmod aAdyov evdsdy mwegr-
éyeodar. Omeg E0er Ociba.

ote’.

'Amo uéeng &msigor &Aoyor ypivovrar, xal
0v0cula 0v0suLd Tdv weoTEQoY 1) VT

*Ecte péon 7 A' Aéym, Ot amd vijg A &meigot
dhoyor ylvovrar, xel ovdsule ovdsud TGV mWEoTEQOV
n evr).

‘Exxeloda ¢qrn 1 B, xel 6 vmo twv B, A icov
doro 6 and vig I dAopos dga éotlv 7 I ©d pag
vmd aAdyov xel ¢nrije &Aoyov dotiv. xal ovdsuid ToW
mQOTEQOY 1 VT TO pag dm’ ovdsmids TOV WPoTEQOYV
naga gnryy wagefeliopsvov wAarog wousl péony. moAww
01 ve vmo tév B, I' loov é6tm td dmd tiig 4 &Aoyov -
dga fotl 1o amd vijg A. &hopog dea doviv ) A xal
o0l TOY medregov 7 avTi TO pag amw ovdsuidg
TV medtegov mage Ty megafaiiopsvov mAdrog
mowel vy I opoiag 07 Tijs Tolavryg takeng én’ dnsigoy
nooPuivovens @avegov, Ot amd Tig péong &msigor
dhopor plvoviar, xel ovdeule o¥dsuid TV mebregov
7 avvr) Omep #0& Oetbac).

1. mégopa] mg. PV, om. BFb. 4 8meo #0s deikon)

~om. BFb. 5. ote’] om. V, ots” b et corr. ex qud’ F, ouf’ B.

6. ylyvovtor B, y supra add. m. 1 P, 7. o9dspla] om.
PFVb. Post modregov add. dexaroidy didywv m. rec. F.
9. ylyvovree PFB.  oddeple] om. PFVb, 10, 12] dotiw ) BF.
11. Ante Bras.11litt. B. B, 4] 4, BF. 12, foro] m.2 F.
7d] (prius) ¢ F.  18. dov{ PB, comp. FVb. 14, dxné B.
16. Ghoyov — 17, 4 (privs)]om. FV. 17. deetv P. 16— doziv]
om, P. &loyog — 18. avrn] in ras. m. 1 F. 18. ano B.

30X17
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Corollarium.
Et hinc quoque nobis adparuit, fieri posse, ut
spatium rationale rectis irrationalibus comprehen-
datur. — quod erat demonstrandum.

CXV.

A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.

Sit 4 media. dico, ab 4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam
priorum. '

ponatur rationalis B, et sit I =B>< 4. itaque
I irrationalis est [def. 4]; nam spatium recta irratio-

A — nali et rationali comprehensum
B 1 irrationale est [prop. XX]. nec
r—— eadem est atque ulla priorum;
4 neque enim ullius priorum qua-

dratum rectae rationali adplicatum latitudinem efficit
mediam. rursus sit 42 =B ><I. itaque 42 irrationale
est [prop. XX]. quare A irrationalis est [def, 4]. nec
eadem est atque ulla priorum; neque enim ullius priorum
quadratum rectae rationali adplicatum latitudinem ef-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irrationales infinitae
multitudinis oriri, et nullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. ziig TotavTng) TOiG Tijg eVrijs @.  21. moofaelvovser B, corr.
m. 2. 22 ylyvovrer B.  o09d:pule] om. PFVbL,  28. Gmee 235
deiker] om. BFb, comp. P. Seq. additamenta quaedam, u. app.
In fine libri Edxleldov crocgelov © P, télog tov ¢ 1dv Edxisldov
oroegeloy m. 2 B, télog t0d T tdv Evxdeldov croryslov tijg
©@éwvos éxdiocwg F, Evxdeldov Adyog T tijs Oénvogs énddscws b.

aoxriy} Au*
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1.
Ad libr. X prop. 1.
"Aldwg 10 o' Yswpnua.

’Exxel6da 0vo usyédn avica ve AB, I xal émel
édeaadv ot ©0 I, moddamAadiatousvoy Eotor mord vob
AB usyédovg psifov. ypepovéro og 10 ZM xal duy-

5 eroda &lg [ve] loa 1¢ I, xal éoro ta MO, @H, HZ,
xel dmd tov AB dgpeicde usitov 7 TO ey TO
BE, xal éno vov EA petfov 1) 10 fjuov v6 Ed, xal
Tovto asl pwéode, éns al év 16 ZM diugésag ioar
yévovrar tals év v AB dwmgéosow. yeyovirmeay

10 @g «f BE, Ed, 44, xal v¢p 44 Eacrov tév KA,
AN, NZE Zorw ioov, zal totro pwésde, éwg al Oiat-
péeeg tov K\E loar yéveovrar taig tov ZM.

Kal énsl ©o BE upsitov 7 16 fjuiov ot tov BA,
70 BE u&itév éove vov EA° modde dga ueifov ot

16 To0 A4 A. dide 10 A4 A loov éovl 19 EN' vl BE dga
p&itov éote vov NJE. mddww, émsl vo EA peifov 7 o
fjutoy dote Tov EA, peifdv éove tob A A. ehda T
44 éovwv lsov 1o NA' ©6 EA dge ustfov éote tov

1. Post dpatgovueve p. 6, 10 habent BFVb, mg. m. 1
postea add. P.

1. 70 o’ dedonue] om. V, 16 adré BFb (mg. « B). 2.
nelodo V. 8. flarrov F. 5. td] (prius) om. P. I'] corr.
ex A B. xal foro] om. FVb. HZ] IZF. 6. 7] m.
2P. 7.BE]linras. V. xel/ — Edlmg. m. 2V. E4]



1.
Ad libr. X prop. 1.
Aliter primum theorema.
Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I' < 4B, multiplicata aliquando I’
A4E B p  maior erit magnitudine 4 B. fiat
l——t+——— ——— ZM et in partes magnitudini I"

M e I 2 aequales diuidatur, et sint M@,
i ®H, HZ, et ab 4B auferatur
K4 N& BE maior dimidia et ab EA

maior dimidia E4, et hoc semper deinceps fiat, donec
diuisiones rectae Z M diuisionibus rectae 4B numero
aequales sint. sint BE, Ed, 44, et sit
KA =AN=Nf =44,

et hoc fiat, donec diuisiones magnitudinis K& diui-
‘sionibus rectae ZM numero aequales sint.

et quoniam BE > } BA, lerit BE> E A. itaque
multo magis BE> A44. uerum 44 == 5N, itaque
BE> N5, rursus quoniam EAJ >} E 4, erit EA>AA.
uerum A4 = NdA. itaque E4> NA. itaque tota

AE P. 8. ¢e/] om. BFVb. yyvécdo F. 9. diargéceat

BFVb., 10. zg] corr.exz6 m.2V. 1L yiyvécdo @. Fag)

fwg &v Vo af] om. g. 12, yévovrar Pe. tais] els

Tdg @. 18. BA] corr. ex ABm. 2 V. 14. 76] =6 8¢ B,

100 . éon1] (prius) om. F. 16. o — pet{wl om. B.
17. 709 dA4 — 18. loov] 16 EA — peifoy 0¢ dor 10 A4 o.
18. looy 46t Vb. EJ] in ras. V. ,
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NA. Giov dga ©0 AB peitov dove tov EA. ooy
0t 10 44 v% AK. Odov Gge 10 BA petfov Zom
tov EK. ald& tov B.A peifov éore ©60 MZ® molig
doo ©6 MZ upeifov éove tov EK. xal émel e SN,
N4, AK ioe éiijloig éotiv, éote 0% xai ta M@, @ H,
HZ ioa aAdqioig, xal éotiv idov to wAijdog v &v
6 MZ v¢ mide tov &v tg EK, éovw dea g 10
KA mgog 16 ZH, ottwg 10 K5 meog 160 ZM. usifov
0} 160 ZM vov K5 peitov aga xol ©6 HZ tov AK.
xal ot v0 utv ZH loov ¢ I, ©0 02 KA v A4
76 I' doo useifdv éovi tob A Omeg éde deitar.

2.
Ad libr. X prop. 6.
"4dllwg td §'.

Avo yeg ueyédn vo A, B medg GAinie Adyov éyérm,
ov aguduos o I' mog adudy tov 4° Adpm, 8te ovu-
ueToa é0TL Ta ueyéd.

Ocar yag elow év te I' povddes, &g tooaire low
0in108w 10 A, xal &vl avtav idov otw 10 E* éotw
doa dg 7 wovag mgog tov I ¢eududv, 70 E meog ©od A.
éotv 0t xal og 6 I' mpog Tov A, 16 A medg v B-
0. loov &pa fotlv dg 7 povag medg tov A, ©5 E
7gog ©0 B. pevosi 0% xal ) poveg oV A° uerost
dga xel vo E vo B. pergst 0% xal ©d E 10 A, énel
xel 7 poveg wov I 10 E dga éndvegov tov A, B

2. Post dzifoe p. 22, 2 BFVDb, mg. m. 1 P.

1. 4B] B4 P. 2. 76] (prius) & B. 6] rov b, 8.

6] corr. ex zov m. 1 F. 4. psifov dov v6 MZb. 5. 4K
KAinras. V. 6. HZ]ZHF. zaovéyvt MZ]m.2 V.,
7. ] (alt) foov vg PBFb. EK] & in ras. V. 8. 6]
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AB>EA. est autem A44= AK. itaque tota
BA> EK. uerum MZ > BA. itaque multo magis
MZ>5K. et quoniam EN = NA = AK, et
M® = OH = HZ, et numerus partium rectae MZ
numero partium rectae 5K aequalis est, erit
KA:ZH=KZE:ZIM

[V, 15]. est autem ZM> Kf. itaque etiam HZ> AK
[V,14]. et ZH=T, KA=Ad. ergo I' > A4,
quod erat demonstrandum. .

2.
Ad libr. X prop. 6.
Aliter propositio VI

Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum 4. dico,
magnitudines commensurabiles esse.

nam quot sunt in I' uni-
tates, in totidem partes ae-
Br—r—— Ei— ‘quales diunidatur 4, et uni
r earum aequalis sit E. itaque
1:'=E:4 [V, 15]. uerum etiam I': 4 = 4 : B.
itaque ex aequo est [V, 22] 1: 4 = E: B. unitas
autem 4 metitur. itaque etiam E magnitudinem B
metitur. uerum etiam magnitudinem 4 metitur E,
quoniam unitas numerum I" metitur. itaque E utramque
A, B metitur. ergo 4, B commensurabiles sunt, et

AI I 1 + 1
f———F—F 1

1 d—

(primum) om F. K,:, corr. ex FK m.2 V. 10. 441 4V

e corT. V] 70 amo F. 15 elee F. 18 7o 4 PB.
19. z67] 10 F ,om. b. 4 76] zé» B. B] 4 F.
21. wov B B.  xal] om. FV A m. 2 F, se agifucy

corr. ex apu&p&g 22. pergel 6‘é wel] om. P pétoet

0% el ©0 4, émel »al 7)) povag tov I'mg. m. 2 B
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petgel’ to A, B doa ovuueroe dotiv, xal éoTiv avrdy
xotvov uérgov 1o E' omep Fde dsikau.

3.
Ad libr. X prop. 9.
"Aiiog 1o 9.

’Emel pog ovuustedg oty 7 A tjj B, Adyov ¥ye,
Ov dududs medg doududv. éyérm, ov 6 I' medg wow
4, xal 6 I favrov ptv moldemdadidaas tov E moslro,
6 08 I ©ov 4 moiiemhadiddag tov Z moislvw, & O
A favrov mordamiacidcag tov H moisltw. émsl odv
0 I' éavvov pdv mordamedidoeg tov E memolnxev,
Tov 0% 4 moldamdadiedag tov Z memolnxev, Eariv doa
g 6 I' mgog 1ov A, vovréeoriv g 7 A meds Tyv B,
[otrmg] 6 E m@ds tov Z. aid’ og v A mgog tyv B,
ovtwg ©6 amo vijg A meog TO vmd twv A, B Eerw
doa og 10 amd s A mPdg TO Vmd twv A, B, ovrmg
0 E mgdg tov Z. madw, émel & A éavidv molia-
nhecudoeg tov H memoiqxev, 6 0t I’ vov 4 molde-
nAaoideag tov Z memolnxev, &6ty &pa wg 6 I' moog
1ov A, rovtéotw og 1) A meds Ty B, ovrwg o0 Z
woos tov H. add og 1 A mgdg tyv B, oviwg 7o
vnd tov A4, B meds t0 amd vig B* Eovwv dga g To
vnd tov A, B moog o awd g B, olrwg 6 Z medg
vov H. aAd’ dg 70 dno tijg A medg ©0 Vmwd tdv A, B,
otrag M 6 E meog vov Z* OV ldov dga dg O Amod
1is A mpdg 1o amd tijg B, ovtwg 6 E medg vov H.

25 fovu 0} éndregog tov E, H tevgayovog” 6 udv pag E

8. Post ¢quBucy p. 32, 8 BFVb, mg. m. 1 P.

1. éovww] (prius) doze BV, comp. Fb. 2. 8mee £8s¢ deiko
comp. F?, om. BVb. 8. 70 8] om.'B. 5. I" meos zov 4
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communis earum mensura est E; quod erat demon-
strandum.

3.
Ad libr. X prop. 9.
Aliter propositio IX.

Nam quoniam A4, B commensurabiles sunt, rationem
habent, quam numerus ad numerum [prop. VI]. sit
A:B=1I:4, et I' se ipsum
multiplicans efficiat E, I' autem

A —f—A—f——

Br———— numerum 4 multiplicans Z, 4
I | . . qe

autem se ipsum multiplicans H.
;' ! iam quoniam est I' XX I' = E,
f————

I’'><Ad=2Z, erit ''4=E:Z
Z— [VII, 17], hoc est E: Z = 4: B.
Hi ! verum A4:B=A%: 4><B, itaque
A*: A>X B=E:Z. rursus quoniam est 4>< 4= H,
I'><d=2, erit I'' 4=12Z:H [VII, 17], hoc est
A:B=2Z:H. uerum 4:B= 4> B:B% itaque
A>B:B*=Z:H erat autem A*: 4><B=E:Z.
itaque ex aequo [V, 22] 4*: B*=E:H. uerum uterque

tole meog Tov A tédcaen F, sed corr. m. 1. 7.6 6 I 7ov]
tov 34 BFVb.  zozlrm] om. BFb. 9. memolnne b, 10,
T07] (prius) corr. ex v m. 1 V. 12 ovrmg] om. P, ovrmg

— 11)1 B] om. B. 20. é’nw aga g 70 vmo tav 4, B mQog
0 d7o zngB mg b. 22. dno wijc 4 medg ro] m. 2 V (fov pro
s ). B” F. Deinde del m. 2 meog 70 ano iis B V.

23. Z] mut. m HF. Post dox add. Zoriy b, m.2 F. 25,
forwy B.
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éno vov I' dotww, 6 0% H dmo vod 4d° ©6 and vijg 4
dga mgog TO dmo vijg B Adyov e, Ov tevoaymvos
aguduog medg TeTQdywvoy dQududy. Omee s Ociber.

"Adda 8% éyére TO dmd vijg A meog To amd Tiig B
Adpov, Ov terpdymvog aguiudg 6 E meos tETeay@vO
aguduov rov H* Aéyw, 8ve avpusreds éoviv 5 A =) B.

*Eotw yep tov uiv E mievoe 6 Iy vod 62 H 6 4,
xel 6 T 10v 4 mordemdadiaoag tov Z mosirw® ol E,
Z, H &ge étng slow avddoyov v 1@ vov I' mpdg wodv
4 Aéyp. xal énel tov dxd tov A, B uéoov dvdioydv
ote 76 Vo vév A, B, tov 0t E, H 6 Z, éerwv dga
g 70 and tijg A medg 0 Y=o v A, B, odrmg 6
E mgog tov Z. &g 0% 10 vmd tev A, B medg To amd
tijg B, oftwg & Z medg tov H, dAX’ dg 70 amo vig A
weog 0 Vwod tov A, B, oltwg 7 A meds v B. of
A, B &ga ovupcrgol &low: Adpov yag Epoveoiv, Ov
agududg 6 E medg doududv tov Z, vovtéetww ov 6 I
7Qog Tov A ag yag 6 I’ medg tov A, 6 E medg tov Z°
0 yop I' Savrdv udv modlamdaciadag tov E memolnxey,
10v 0% 4 moMdemladidoag vov Z memolnxsv® Eoviv Ego
og 6 I' mgdg tov 4, 6 E mgdg tov Z.

4,
Ad libr. X prop. 10.
Ti &ge mootedelon s0dele i) fqril, 4o’ ng Epausy
ro. uérge Aapfaveadac, olov tij A, mgossvonrar dv-
vduer pdv ovppergog 1 A, Tovréare gnry dvvape udvov

4 Post 7§ E p. 34, 5 PBFb; mg. m. 1 V, add. xedusvoy.

3. c¢oududg] comp. corr. ex comp. meds m. 1 F. 6. Post
B add. pjxee V, m. 2 B. 7. pév] om. b, 6] (prius) 5
corr. ex 6, supra scr. 6 F; 7 b. 10. zéw] corr. ex ¢ B
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E, H numerus quadratus est; est enim E=TI"% H=4%
ergo A4%: B® rationem habet, quam numerus quadratus
ad numerum quadratum; quod erat demonstrandum.

Tam uero 4%:B? rationem habeat, quam numerus
quadratus E ad numerum quadratum H. dico, 4 et B
commensurabiles esse.

sit enim I" latus numeri E, 4 autem numeri H.
et sit I'>< 4 = Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est A*: A><B=A>B:B* et E:Z=12:H,
erit 42: A>XB=EFE:Z. estautem 4><B:B*=Z:H
et 42: A>< B= A:B. ergo 4, B commensurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
[prop. VI], hoc est ': 4. nam I': 4= E: Z; est
enim I'}XI'=E, I'X4=2Z [VII, 17]; quare
':d=E:Z" *

4.
Ad libr. X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [efr. p. 2, 10 not. crit.], uelut 4, in-
uenta est 4 potentia commensurabilis, hoc est ra-
tionalis potentia tantum commensurabilis, irrationalis

1) Hae ambages, og 0¢ lin. 18 — H lin. 14 et ag yoe
lin. 18 — zo» Z lin. 21, a Gregorio in codd. deesse dicuntur;
in meis tamen omnibus leguntur.

11. dout] elow P.  16.2l6t V, comp. Fb. yde] m.2F, 17.
6v] om.F. 18 Z] ecorr. m.1b. 19, Post I' ras. 1 litt. F.

memolyne V. 21, ottwg ¢ E V.  Post Z add. 6meo #0a
dsifae FV. 22. moooredeloy PV. éntii] én- eras., deinde
mg. m. rec. xelpevoy. moocevonvrar p. 34, 3 — 7 Ep. 34, b B
addito Gmee #0s¢ deifas et deleta reliqua parte propositionis.

23. ofovel BVD, yo. olov domiv ) A mg. ¥b.  meosndenren
BFb. 24, péy] povoy B, piv 7 F.
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ovuusrgog, &hoyog 0t 1) E. aldyovg yap xaddiov
xedel Tag xal unxrse xel dvvdus acvupérgovs TR Gy

5.
Uulgo X, 13.
Elg ©0 vy’ Adjupe éx tijg &l dromov ameywyig.
‘Eav 7 0vo pepédn, xal 10 pdv ovppergov 77 6
5 avTd, 10 O Eregov dovuusTgov, davpustoe E6Tor Ta
peped.

"E6tw pag Ovo ueyédn ta A, B, @ido 0% 7o I,
xel 10 ptv A4 1¢ I’ ovppergov éotw, 10 02 B v I
dovpuetoov. Afyw, St xel t0 A vo B ¢ovppscrody

10 éoTuw.

Ei yap éomu ovupergov to A4 ve B, Fore 0% xal
w0 I' 7@ 4, xel 10 I' dga v$9 B ovpustody oriv:
Omeg 0vy Umixeizon.®

6.
Ad libr. X prop. 18.

‘Prvag pag nadel tag vh éexepdvy onvy fvor pajxse

16 xal Ouvduse cvpuéroovs 1 el dvvduse udvov. &lol
0} xal dAder evdeior, o prjxes ptv aevpperol sloe T
éxxeuévny ¢nry, Ovvaps 0% udvov e¥uuergor, xal dux
Tovro madw Aépovrer qral xel ovupergor reds dA-
Mjdag, xoe®’ O ¢nral, ddAe eVpustoor meds dAAjAdag

5. Post deifar p. 38, 6 BFVb, mg. m. 2 P. 6. Post
odppsreos p. 58, 3 PBFVb.

1. ovppereog] om. V m. rec. P. Lyao 2. Post énzjj
eras. odtwg P. 8. el 7o t om. FV els — draywyis]
mg. F, 1y" in ras. B, mg. o Ajppe; in F numerus eras.

4. 30 psyéﬂn 7 F. T edrg) postea add. F m. 1. 5.
6‘ BF 1 (prius) yappe F. 11. dovpusroov F, sed
a- eras. 12 I"] (prius) corr. ex 4 V., 4] corr. ex rv.
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autem E; irrationales enim omnino uocat rectas rationali
incommensurabiles et longitudine et potentia.

5.
Uulgo X, 13.

Ad prop. XIII lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.
T T T sint enim 4, B duae magnitudines,
l J alia autem I', et 4, I' commensurabiles
’ B sint, B, I" autem incommensurabiles. dico,
14 etiam 4, B incommensurabiles esse.

nam si 4, B commensurabiles sunt, et etiam I', 4
commensurabiles sunt, etiam I', B commensurabiles
sunt [prop. XII]; quod contra hypothesin est.

r

6.
Ad libr. X. prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles aut longitudine et potentia aut po-
tentia tantum. sunt autem aliae!) quoque rectae,
quae rationali propositae longitudine incommensura-
" biles sunt, potentia autem tantum commensurabiles;
quare rursus uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
autem inter se aut longitudine et potentia aut po-

1) Hoc quid sibi uelit, non intellego.

B] 4? P.  dovpperoov F, sed corr. 15. xal] (alt.) om. b.
16. elowv dgvppergor F.  slowy B



10

15

384 APPENDIX,

7iror wixer OnAedn xal dvvdus 1) dvvdpel uévov. xal
& udv wixs, Adpoviar xal avral gnral pixe ovp-
peToor €maxovoudvov, Otr xal dvvaue” & 0% dvvaue
udvov mgog aAdjdag &lol ovpusrgor, Aéyovrar xel
avtal oltwg ¢nral Svvaps. udvov GUvupeTor. OTe OF
of ¢gnral ovpuerol &low, dvrevdev Ofjdov: émel pag
énral slow of vy éuxewudvy dnrfj ovupergor, Ta 6% To
avvg ovpperge xal ardijAoig éotl ovpmstoe, af dowo
¢nral avppsrgol &low.

1.
Ad libr. X prop. 20. -
Aijppe.
‘H Odvvauévy cloyov ywelov &Aoyds éotiv.
dvvéodw yag B A &Aopov ywelov, TovréeTi 1o
ano tig A tergdyavov ldov Eotwm dAdye ywele. Adyw,
ote 7 A &hoydg éorwv.
E¢l yap &over $qry n A, dqrov éovar xel To an’
avTijg TETEY@YOY’ oUTwmg pip [éoTiv] év Tolg Bgoug.
ovx ot 08 &Aopog doo éotlv m A° Omep 0 Osifau.

8.
Ad libr. X prop. 23 corollarium.

Eilol 0} midw xal &Ader ev®eiowr, of wijxee udv

7. Post &kiig p. 60, 13 PBFVb. 8. Post ovpuszoo:
p. 68, 22 PV, mg. m 2 B. :

1. xel] (alt) om. b. 2. §nral] om. V. 3. &] om. b.
5. ovrmg] om. BFVb. Post ¢vpucreor del. eloiy m. 1 P,

8tt — 6. eloww] mg. m. 1 P. 6. évredBev] év- in ras. m.
1P.  dfjlov évresdev F. imel] 8v. b, mg. m. 1 yo. émel
youe 0a 7o B’ zod ¢'. 9. eloww] elot b, slov: Gmee #de

defae V. 11, ‘H] om. V, add. num. §’.  éon BV, comp.
Fb. 13. loov fotw] supra scr. m. 2 V; om. BFb.  <1dym
zwoolw] corr. ex dloyoy fotw V, &loyov forw Bb, fotw &loyov F.
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tentia tantum. et si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, subaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles uocantur. rationales autem commen-
surabiles esse, hinc manifestum est: quoniam enim
rationales sunt, quae rationali propositae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XII],
rectae rationales commensurabiles sunt.

1.
Ad libr. X prop. 20.
Lemma.

Recta spatio irrationali aequalis quadrata irratio-
nalis est.

nam 4*® spatio irrationali sit aequale. dico, A ir-
rationalem esse.

Al nam si A4 rationalis est, etiam 4°
B I rationale erit; ita enim in definitio-
r— —i nibus est [def. 4]. at non est. ergo

A4 irrationalis est; quod erat demonstrandum.

8.
Ad libr. X prop. 23 coroll.

Sunt autem rursus aliae!) quoque rectae, quae
1) Sc. praeter rationales, de quibus u. app. nr. 6.

15. fozau] Zome V.  16. éouv] om. BFVb. 17, #omw B.

éoa] m. 2 F. 7 4 dortv BF Vb, 8meo £0ae asiécu]
om. B. 18, elofyv P.  &lol ¢ — p. 886, 7. dvvaper (prius)
punctis del. V (cfr. p. 69 not. ecrit.).

Kuclides, edd. Heiberg et Menge. IIL_ 25
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aevppetgol l6e Tij uéey, dvvause 0% uovov cvuusTgol,
xal Adyovrar madw péoar O TO ovpuergor elver dv-
vdps, vj) péen xal ovupcrgor weog ardfiag, xadd
uéear, adda 6vpusToor MEog aAdiag fjroe prjxsr OnAadn
xal Ovvduer 1 Ovvdpst povov. xal &l pdv wixse, Aé-
yovtew xal avral pécar pixse Gvpustgol Emoudvov Tov,
Ot xal dvvdue & 0% dvvapst pdvov slol cvuusergol,
Adyovraw xal ovtwg péoer OSvvapse pdvov GvuuEeTgoL.

Ori 0} of péoar ovpuereol elow, otrwg dstxréov.
énsl of péoar péey twl ovpuergol slow, re 0% To
avte ovpuctoe xal alljiog éotl ovuperen, ol &oa
uéoar Gvuusrol &G,

9.
Ad libr. X prop. 27.
Adijppe.

dvo aoidudy dodéviov év Adyp dmotpovy xal
&Adov Tvdg Ofov moufjdar dg TOV agLdudv medg TOV
Goududv oftwg tovrov medg GAdov Twd.

"Eotwoav of dodévieg 0vo agudpol of AB, I'd
Adyov Eyovres medg aAdjAovg omotovovw, @idog O€ Tig
0 T'E. 0el mouij6ar ©0 mooxelpsvov.

‘Avaysypoagpde pop vmd rov AI'y, I'E megedinid-
yeopuov Ogdoywviov 10 AE, xal 16 AE loov mage
10v AB mogaPsfiiode magadinidyoauuov 6 BZ
nAdrog motovv iy AZ. émel ovv leov éotl TO AE

9. Post deigar p. 78, 13 V.

1. eloww P. 9. 8z — 12. sloy] etiam in mg. sup. m.
rec. B.  10. eloe BY. 18 ljjupa] m. 2 V,
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, quatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensurabiles uocantur, cum per se sequatur, eas
potentia quoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
uocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicui mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quoque commensurabilia sunt [prop. XIIJ,
mediae sunt commensurabiles.

9.
Ad libr. X prop. 27.
Lemma.

Datis duobus numeris in quauis ratione et alio
quodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hic ad alium quendam.

Sint 4B, I'4 numeri dati rationem quamuis inter
se habentes, alius autem aliquis I'E. oportet efficere,
quod propositum est.

2 describatur enim parallelogram-
4 ‘B mum rectangulum JE=AJI'><IE,
T 4 et spatio 4E aequale rectae 4B

adplicetur parallelogrammum BZ
E

latitudinem efficiens 4 Z. iam
25*
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nwegadinioyeepuov t¢ BZ megalindoyoepuwm, Eote O
avté xal lGoywviov, Tév 0t lowv xal (Goywviov
nagadindoyedupwy avrimenovdaow of nievoal af mepl
vog l6ag yoving, dvddoyov doe é6tlv dg 6 AB meds
10v I'd, ottwg 6 I'E m@dg tov AZ" Omep Eder Ositar.

10.
Ad libr. X prop. 29.
Afjppa elg To %',

Ao dguBudy 00dévrav xal evdslug déov morijoar
©g TOV deududy medg TOV deLdudy, olrws TO Amd Tig
e09elag TeTQdyOVOY WEOG TO Ax’ &AAng TLwdg.

"Eeracay of dodévreg 0vo aguduol of A4, B, svdsic
0t § I’y xal 0éov é6vl moifjoouw TO mooxeluevov. me-
mwou6de pag wg 6 A meog tov B, §) I' ev@ela modg
Gy Twe gy A, xel gijgde tov I, 4 uéey
avddoyov 7 E. émel odv édomw dg 6 A mog Tov B,
n I' eddeia mpog mqv 4, aid’ &g  I' mgog T 4,
70 and g I' mgdg ©0 amd tiig E, dg dga 6 A medg
zov B, ©0 and w5jg I' meds 70 amod tijs E rerodymvov.

11.
Ad libr. X prop. 31.
Afjupa elg 1o Ad'.

‘Edv o6. 0vo evdsiow év Adye twi, iotar g %
evdelo meog Ty evdelaw, oVrwg TO VWO TOY 0V0 MEOS
10 ano v éAayievyg.

"Eetwcay 07 0vo evdelar af AB, BI év idye Twwi:
Aéyw, S detiv @g n AB meds v BI', olrwg 7o

10. Post prop. XXIX p. 88,18 V. 11. Post prop. XXXI
p. 92,24 V.

4 AB] e corr. V.
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quoniam AJE = BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangulorum
latera angulos aequales comprehendentia in contraria
proportione sunt [VI, 14], erit 4AB:I'd =TE: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX.
Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita quadratum rectae

ad quadratum alius alicuius rectae.
Sint duo numeri dati 4, B, recta

At autem I'; et oportet efficere, quod
B———'" propositum est. fiat enim 4:B—=TI:a
T ' [prop. VI coroll], et rectarum I', 4
; :———I—' media proportionalis sumatur E[V],13].

iam quoniam est 4A:B=1I:4,
:d=T?:E® [V def 9], erit 4: B=1T": E%

11
Ad libr. X prop. 31.
Lemma ad prop. XXXIL

Si duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad qua-
dratum minimae.

Duae igitur rectae 4B, BI' in ratione aliqua sint.
dico, esse 4B: BI'= AB > BI': BI"®, describatur



10

16

20

25

390 APPENDIX.

vmo vav AB, BI' medg ©0 and tijg BI. avaysyoapdn
pap awd vijg BI' tergdymvov 10 BAETI, xal ovy-
weXAnewodw ©0 AA mepelinidpeappov. @avegdv 01,
ot dotlv g 7 AB medg v BI', ottwg ©o6 AA
nogudinidygaupov mwedg 16 BE magaddnidyoappov.
xal 6wt 10 pdv AA 6 vmd vov AB, BI loy pag
0 BI' ©j B4* ©6 0% BE 1o énd vijg BI" g &pa %
AB mgog v BI, otrwg 0 vnd tév AB, BI" mgog
76 amwd vijg BI™ Gmep &z dsikac.

12.
Ad libr. X prop. 32.
Afjppe glg to Af'.

'Eqv 6. toels e0dsimn v Adyw i, Eoraw g 7
TewWTY TEOS TNV TElTYY, 0VT@g TO VWY Tiig WEWTNS Kol
uéong medg TO VWO vijg péong xal layloTyg.

"Eotwoay toely evdelar év Adyp wwl of AB, BT,
I'4: iéyw, 6ve éotlv wog ) AB medg vy I'd, ovrag
70 Umd tdv AB, BT mgog vo vmo wov BI, I'A4.

"Hydo pag amwd tov A onuslov tf) AB medg dedag
71 AE, xal xelodo vij BI' lon 0§ AE, xal Ok zob
E enuslov tfj A e0dele mapadinios yde 7 EK,
dwx 0% tév B, I, f onueiov vjfj AE mageiinios #y-
Swoav af ZB, I'O, AK. xoal énsl doviv ag 7 AB°
meog v BT, otrwg v0 AZ mapadinAdyoappov mweodg
70 B@® magadinidygauuov, og 0% 9 BI' medg tiy I'4,
ottwg 70 BO® meog 1t 'K, 8. loov dga &g 1 AB
mwoog v I'd, otrwg ©0 AZ magailnioyoopuov wedg

12. Post prop. XXXII p. 96, 8 V, mg. m. rec. B.

8. Post Ad ins. T'm. 1 V. 4 Ad] Aeras. V. 7. zijg]
inras. V. BI'lIecorr. V.  12. 70 9=d] in ras. V.,
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p enim in BI' quadratum BAJET, et
expleatur parallelogrammum A4 4.
manifestum igitur est, esse

4 E AB:BI'= AA4:BE [V], 1].
et est 44 = AB><BI' (nam BI'= Bd4), BE=BI™.
itaque erit 4B:BI'= 4B > BI': BI'*; quod erat
demonstrandum.

12.
Ad libr. X prop. 32.

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI', I'4 in ratione aliqua sint.
dico, esse

AB:T'd = AB>< BI': BI' <X I'4.

ducatur enim ab 4 puncto ad 4B perpendicularis
AE, et ponatur 4E=BI, et per E punctum rectae
A4 parallela ducatur EK, per
puncta autem B, I', 4 rectae 4E
parallelae ducantur ZB, I'®, 4K.
et quoniam est 4B:BI'—=A4Z:B@
[VL, 1], et BI':'I'4=B6O:I'K [VI], 1], ex aequo erit

A B I'

E Z @



392 APPENDIX.

10 I'K magadinioyoapuov. xel ot ©0 utv AZ o
vmd tov AB, BI" ien yag ) AE =i BI" 6 62 'K
©d vmd vy BI, T'4- iy yag % BI i I'6.

‘Eav Goa toeis dow evdsiaw év Adye wwvi, E6ta

5 ©g 7 WEWTY WO TV TELTNY, 0VTWE TO VWO TS MEWTNS

10

15

20

xel péong meds ©O VmO Tig péons xel voirng' Smee
€& dctkau.
13.
Ad libr. X prop. 32 lemma.

"H xal 8w, v avayoaypousy t6 EI' dpdopaviov
negadinddyoauuov xal cvuminedoousy v AZ, lsov
éotar 10 EI" ©6 AZ" éxdregov peg adredv OuwAdoidv
éote tov ABT touywvov. xel éete ©o ptv EI 1o vmo
vov BI, Ad, ©o 0% AZ ©6 ©m6 vov BA, AL. o
doa vm6 vdv BI', AA ieov Zotl v6 Und vov BA, AT.

14.
Ad libr. X prop. 33.
Afjppe glg To Ay’

Eov e0dsia yoopur tundy &l dviea, éorer og %
eVdele mpodg T svdelav, oVrmg TO VmO Thg GAng xel
7ijs pelfovog medg TO Umd vijg OAng xal vijg éAdrTovog.

Ebd¢ia yap tig 7 AB terprjode &l dvice xora

70 E° Aéyw, On dg 7 AE medg vy EB, ovrmg o

oo trov BA, AE medg 10 vwd rov AB, BE.
‘Avaysyoi@pdo yag amd tvijs AB zevoayovov To
AT'4B, xal dux tov E onueiov omorépe tov AT, BA

13. Inter AT" et émso p. 98, 16 PBFVh. 14, Post
prop. XXXIIT p. 102, 4 V, mg. m. rec. B.

8 I'd] 4inras. V. 5 meos — 7. deibeu] nol £gijc B.
8. 7] om. FV.  xaf] %l natae b. 9. cvpwinedoopsy P,
corr. m. 2. 10. z0] corr. ex. =i V. 11. EI'] e corr. V.
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AB:I'd = AZ:T'K [V, 22]. et AZ=AB><BI (nam
AE=BI"), TK=BI'>XI'4d (nam BI'=1I@). ergo
si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-

strandum.*)
13.

Ad libr. X prop. 32 lemma.

-Uel etiam quod, si rectangulum EI" descripserimus,
et AZ expleuerimus [u. fig. p. 97], erit EI' = AZ;
nam utrumque =2 4BI" [1,41]. et EI'=BI'>< 44,
AZ = BA>< AI. ergo est

BI'>< A4 =B 4> AI.

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
angulum totius ac minoris.

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB=BA> AE: AB>< BE.
describatur enim in 4B quadratum AI'JB, et
per punctum E alterutri rectarum AI', BA paral-

1) In B in pag. seq. figura est nostrae similis, nisi quod
litterae 4, E omissae sunt, et pro B est @; adduntur numeri
quidam et oy7jpe T0v Ajupeatos Tad meoyeagévros, OmNia m. rec.
in textu prop. 32 (ad xzal émsl p. 94, 11) signo quodam ad
hoc lemma reuocamur.

76] té b.  12. t@w] (prius) om. P. z6] (sec.) zd b. 14
. elg o0 ly'] 7weo tod 40" postea add. B.  16. forar] in ras. V.
18, n1g 7] e corr. V m. 2.
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nagdidniog 738w 1 EZ. @avegdv odv, ot g n AE
7o v EB, ottwg 10 AZ megalinidyoaupov meodg
160 ZB magadinidyoapuov. xal éot ©0 piv AZ o
vno veov BA, AE" ion yep % AT 5} AB* ©6 6t ZB
5 ©0 Umwd vev AB, BE" ion yag ) BA ©fj AB. g dga
n AE meos tyv EB, obrtwg 16 vmd vév BA, AE
7og 0 vmd rov AB, BE' Omeg &s deifou.
15.
Ad libr. X prop. 34.
Adijpyue.
‘Eev @61 0vo s0delar dwidol, tundij 0F 4 élayiory
10 avtdy &ls lea, O Umo TdY Ovo &vdamv dimAdeiov
Zotar Tov Tijg pelfovog xal tig nuioelag vig éAayioTng.
"Eerwdav dvo e09sioaw dvicol of AB, BT, av pelfov
éotw % AB, xal revwijodw % BI Oiya xeve ©o A
Aéyw, Ove 1O VO twv AB, BI' dumddeidy éote TOU
16 Umo tov AB, BA.
"Hy®o pap and tov B oquelov vfj BI" mpds dpdag
% BE, xal xelcdw tvj BA ilen 7 BE, xal xave-
yepodpda o oyfjuc. émel ovv dovv dg q AB mog
v AT, otrwg 70 BZ meds 10 AH, cvv@évr &ga
20 g 1) BI" moog v AT, otnwg ©0 BH meog ©v6 AH:*
dumdacloy 0¢ éovwv 1) BI vijg AI™ Oduwhaciov dgo
éotl xal ©0 BH tov AH. =xal d6ve ©d pdv BH 1o
vmo vov AB, BI' lon yag 7 AB 1t BE' ©o o}
AH ©d vwd tv AB, BA" ion pag vf) utv B4 5§ AT,
25 vi] 08 AB 5 AZ' 3msp e Oetiau. '

15. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix
legi potest).

4. ZB] BZ B. 6. tév] om. V.  AB] (prius) e corr. V.
8. jjupa meoyeapduevoy B. ~ 19. mjvlom. V.  21. AT'] I'd B.
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4 g g lela ducatur EZ. manifestum igitur est,
esse AE:EB=AZ:ZB [VI, 1]. et
AZ = BA>< AE (nam AI' = A4B),
ZB=AB><BE (nam 4B=A4B). itaque
erit AE: EB= BA>< AE: AB < BE;
quod erat demonstrandum.

r Z 4

15.
Ad libr. X prop. 34.

Lemma.

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales 4 B,
'.4 Ba I BI', quarum maior sit 4B, et BI'
in duas partes aequales secetur in 4.
dico,esse AB><XBI'=2 AB><BA.
ducatur enim a puncto B ad
Ez H pgp perpendicularis BE, et ponatur
BE — B4, et describatur figura. iam quoniam est
AB: AI'=BZ: 4H [VI, 1], componendo [V, 18]
erit BI': AI'=BH: 4H. uerum BI'=2A4I. itaque
etiam BH — 24H. et BH = AB> BI' (nam
AB=BE), dH= AB>< B4 (nam Bd= 4TI,
AB = A4Z); quod erat demonstrandum.
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16.
Ad libr. X prop. 36.

‘ExdAs6s 02 avrqy éx 0vo dvopdrwv Ok 1O éx
0vo ¢nrdv aveyy cvyxelodar xvgiov Svope xeAdy
70 énTov, xad O Gyrov.

"17.
Ad libr. X prop. 37.
’Exalecs 02 avryy éx 0vo pééov mowrtny O o
5 OnTOoV meguéyewy xal mpovegelv TO nTov.

18.
Ad libr. X prop. 38.

’ExdAzoe 0% avryy éx O0vo péoov dsvrégav die To
uéoov meouéyery T0 Vn’ avtev xal py ¢nTév, dev-
tegevey 02 TO pédov Tov nrod. Ore 0% TO VWO dnrijs
xel adopov megueydusvov adoyov dotwv, djhov. & pao

10 éotar ¢nrov xal wagaféfinrar mwaga gyvijv, &l dv xal
7 évéoa avTov mwAsvee ¢nri. aAAe xal &Aoyog® Omsg
dromov. 1O dga VWO ¢nriig xal dAdyov FAoydv éoTiv.

19.
Ad libr. X prop. 39.
‘Excldecs 0% avrny uesifove dia to ta amd tiv AB,
BI' ¢nve pelfove ever vov dlg vmwd vév AB, BI'
15 péoov, xal 0ov elvar amod ijg TGV $nTdY olxsdTyrog
16. Inter évopdzav et dmee p. 108, 15 PBFb,  17. Inter
moatn et Gmeg p. 110, 8 PBFb.  18. Inter dsvréoa et Szse

. 114, 2 PBFb, pro scholio V m. 1. 19. Inter pelfwv et
omeo p. 114, 22 PBFb, mg. V.

1. éxdlseev PBF. 2. ¢ntév] dvopdrov F.  ovyreioder]
nodsioBor F (sed corr. mg). 4. éxddesey PBF. 5. mow-
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16.
Ad libr. X prop. 36.

Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen uocans.

17.
Ad libr. X prop. 37. |

Uocauit autem eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad libr. X prop. 38.

Uocauit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur. '

Spatium autem rectis rationali et irrationali com-
prehensum irrationale esse, adparet. nam si rationale
est et rectae rationali adplicatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; quod absurdum est. ergo spatinm rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.
Uocauit autem eam maiorem, quia rationalia
AB? 4+ BI'* maiora sunt medio 2 4B > BI', et

regevew F. 6. éudlecey PBF.  16] 70 76 FV. 8. 8]
(prius) om. V. 9. ote BV, comp. Fb. 11. wisvoe adrod F.
18. éxddeoey PBF. 15, péowv PBFD.
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v Svopadiay vdrreodar. Ot 0% pelfovd doTi To damo
tév AB, BI" tov dlg Umd tov AB, BT, oUtwg dsuxtéov.

Davegdv pdv ovv, otw dvieol slow of AB, BI.
&l yog noev loat, l6a dv My xal ta dxd vov AB, BI'
@ 0lg o tév AB, BT, xal 7w &v xel ©6 Owd Tév
AB, BI" ¢nrév 8mep ody vmoxetar” &vidor dga eloly
af AB, BI. vmoxslo®m pelfov % AB, %ol xslcdw
vj BI" lon 7§ BA" va dga axd vév AB, BA loa éorl
1 1 Olg Vmd v AB, BA xal t$ and vig AA.
lon 0% 7 4B vjj BI" e &ga énd tév AB, BI' loa
éovl ©e ve Olg Umo v AB, BI' el vg dmo tijs
A4 &ere T and tov AB, BI' peilfova slvar Tov
dlg vwd tév AB, BI ¢ ano AA.

20.
Ad Dibr. X prop. 40.

‘Prrov 0% xal pésov OSvvapévny xaldsitar avry O
10 dvvaedar 0vo ymele, T pdv gnrov, T OF pidov:
xal O v ToU Jnrov moovmagbw medTov éxdledev.

21.
Ad libr. X prop. 41.

Kaisi 0% avtyy 0vVo péox dvvauévny diax to OU-
vaedar avtiy 0vo uéoa ywele 6 te Guyxslusvov éx
tév and tov AB, BI xal 16 dlg Und vov AB, BI.

20. Inter dvwapévny et omee p. 116, 13 PBFb, mg. V.
21. Inter dvvapévy et Gme p. 118, 17 PBFVD.

1. 8¢} 8t wal P, dmd) corr. ex vmé m. 2 F. 2. oVt
BVb. 3. 0v¥] oty domy 8. @nd] vmo V. Bd] corr.
ex BI' V. 9. d=o] omé F. zij¢] tov B, om. Bb. = 44]
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oportet nomen a proprietate rationalium dari. esse
autem 4B%-4 BI'*>2 AB>< BT, sic demonstrandum est.

—_ ,  iam manifestam est, 4B, BI'
44 B T inaequales esse. nam si aequales
essent, esset etiam A4B® 4 BI” =24B > BT, et
AB >< BI et ipsum rationale esset; quod contra hypo-
thesin est. supponatur 4B > BI, et ponatur B4 =BI.
itaque 4B% 4+ BA?=2A4B>< B4+ 44* [1I, T].
uerum 4 B = BI. itaque

AB® 4 BI?=2A4AB><BI' 4+ 44

ergo AB% 4 BI™® excedit 2 4B >< BI" quadrato 4.4°

.

20.
Ad libr. X prop. 40.

Spatio autem rationali ac medio aequalis quadrata
uocatur haec, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter princi-
patum rationalis primum hoec nominauit.

21.
Ad libr. X prop. 41.
Uocat autem eam duobus spatiis mediis aequalem

quadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B* -} BI" et 2 AB>< BI" [u. fig. p. 119].

A4 P. 10, énd] vmé F. low — 12. Ad]m. 2 V. 11
Gmd] corr.ex w6 m.2F, 12, v¢] w6 F.  elveu] éoze BFVD.

13. a@nd] corr. ex w6 m. 2 F. Ad4] tiig A4 b et corr.
ex tav 44 F. 14. ¢nrov — avrn] xalsizar 8% avzp? V.

dvvapévny BFb, et P, corr. m. 2. nodsitar adTy] adTyy
wodel BFb. 16, 7jv] ©6» V.  Post memrov add. to dnrov
BFb, m. rec. P. éndlecs V. 17. nalei — Svvapdyny]
om. V. 19, dno zéy] om. V. 7] 7ov P.
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22,
Ad libr. X deff. alt.

“EE ovv 0v6GY TOV oUTwg xatalaufavouivav &v-
dady rarre. meaves T vdke toeis, dp’ aw 3 uelfov
tijg éAaaoovog petfov dvwaral T6 and cvuuiroov favri),
devréoag 0% i) tdks Tag Aoumag Toeis, P’ MV TG Amo
acvupirgov, dia TO TQPOTEQELY TO GUUWETPOV TOU GovU-
uérgov' xel Eru mowryy pév, &9’ g to peifov Svoua
ovpueteov dove i Exxeuivy Onry, Osvrégav 04, i’
ns o EAadoov, du 1O mdAw mootegely TO peitov Tov
éhaaoovog te Sumegiéyery to EAadoov, roltny 0%, ép’
oy undéregov tdV Svoudtov GUuusTEdV f0TL TR Ex-
xepévy Onrs.  xal énl tov éEfg Toudv Opolws THY
modTyy Tig slonuévng dsvrépag Tatews TeTagTny oA
xal Ty Osvrépav mwéumrny xal v Toltny ExTnV.

23.
Ad libr. X prop. 90.

"Eote 0% xal ovvrouwrepov Osifow Ty &UQedy THY
slonuévov EE amoroudv. xal 07 Eotw svgelv T
mowrny. éxxelodw 7 éx 0vo Svoudrwv moewty 1) AT,
g peifov dvoua ) AB, xai vij BI' lon xelodw 3 B 4.
af AB, BI' &ga, tovtéetww af AB, Bd, ¢qrel &lo
Ovvapst povov ovpuergor, xel y AB tijg BT, tovr-
ot vijs B4, peifov dvverar tgp ano ovpudroov favry,

22. Post &xzn p. 136, 19 PBFb; mg. V, sed add. xsfuevoy.
23. Post deikar p. 274, 16 PBFVb.

1. 09»] m. 2 F.  o%tw BFb. 3. Ante cvppéreov ras.

1 litt. B. © 4. ] mut. in zé6 m. rec. P, corr. ex 76 F, 76 b
5. dovppéroov] dovpuéreov favti V. dovpuézeov]cvppéreon V.

6. mowTn B, sed corr. m. 1. 7. devzsgov P, corr.m.rec. 8.
flarrov Bb, comp. F. 9. #ldrrovos Bb, comp. F. 7] e corr. V.
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22.
Ad libr. X deff. alt.

Cum igitur rectae ita inuentae sex sint, ordine
primas tres ponit, in quibus maior quadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
- qua maius nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua.neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundam quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quoque inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
— , positum primam inuenire. ponatur 4I
4 4 B T recta ex duobus nominibus prima, cuius
maius nomen sit 4B, et ponatur B4 =BI. itaque
AB, BI', hoc est 4B, Bd, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et 4B%
excedit BI', hoc est B4 quadrato rectae sibi com-
mensurabilis, et 4B rationali propositae commensu-

10. Zome odppergoy BFb.  11. énl] corr. ex émel V. 14.
ga’ BVb. fouv B. edonory FV? 15. €] om. b.
16. 7] (prius) om. PV. 17, dxxelofo V.  18. esloww B,

Euclides, edd. Heiberg et Menge. III. W
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xal 7 AB ovpuergos éote TR xxeaipsvy Onrh wixe
amorouy &po moaty éotiv § AA. Ouolwg O xel Tag
Aoumeg amotopag svgrjdousy éndéuevor Tag (oagLduovs
éx 0vo ovoudrov: omep s dsifar.

24.
Ad libr. X prop. 115.
5 "dAdwg.
"Eotw uéon 1 AI™ Adyw, Ote amd vijg AT &meigor
dhoyor plyvovrou, xal ovdeule 0vdsuid THYV wEdTEQOY
7 avTy].
"Hydo tfj AT modg dpPag 1) AB, xal éotw dyry
10 7 AB, xal cvumeninppodm ©o BI™ &ioyov &pa éorl
70 BT, xal % dvveuévy avro &iopds éerwv. duvvdeda
avtd y I'A" &hopog &oa éotlv ) I'Ad. xal o0vdsuud
Ty molregov 13 avmi To pyag an’ ovdsmidg THY mEO-
TEQov maga Ny magefariousvov wAdtog movst uéeny.
16 wahy Gvumewingwede to EA* dhoyov dga Zotl To
EAd, xal 7 Odvvapévy avto &loyds derww. Odvviede
avtd ) AZ* ahopog dga éotlv § AZ. xel 0Ddsuid THYV
mYOTEQOY- N aVTY’ TO 0@ Am’ 0VOEMLiS TV WYOTEQOY
noge gnry magaPuriduevov mAdrog mowsl Ty I'Ad.
20  Amo péeng doo dmeigpor dAoyor plvovrar, xel od-
dsuio 0V0sued THY mooTegoy 1) avwy dovv' Gmep Fs
dsikor.

24. Post dzior p. 870, 23 PBFVD.

3, éx8éusvor] v e corr. P.  zag] om. V. eloxquiuovs B.
4. Omee é’c;::. deiko] om. BF Vb, comp. P. 7. yvovran V.
ovdepia] om. PFV. 8. 5] douwv 7 B. 10. &loyor] in

ras. . &loyov — 11. Bl mg. m. 1 P. 11, done PBYV,
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rabilis est [deff. alt. 1]. ergo 4.4 apotome est prima.
similiter igitur reliquas quoque apotomas inueniemus
expositis rectis ex duobus nominibus eiusdem numeri;
quod erat demonstrandum.

24,
Ad libr, X prop. 115.
Aliter.

Sit A" media. dico, ab AI irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.

Ducatur 4B ad AI' perpendicularis, et rationalis
sit 4B, et expleatur BI. itaque BI' irrationale est
[prop. XX], et recta ei aequalis quadrata irrationalis
A T 4 z est. sit I'4®*=BI. itaque I'd

' irrationalisest. neculli priorum si-

. milisest. neque exim ullius priorum
B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed. itaque EA irrationale est [prop. XX], et recta
ei aequalis quadrata irrationalis est. sit 4Z%=EA4.
itaque A4Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum quadratum rationali ad-
plicatom latitudinem efficit I'4.

Ergo a media irrationales numero infinitae oriuntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. otiv] comp. Fb, dozs PBV.  20. dnwo zijs
Bb, zijs add. m. 2 F. ~ ylyvovreu B.  0vdeple] om. PFVDh,
21. ovdeplay 9.  domw* Gmee #0s deifor] om. BFD,

W
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25.

‘H 7ij éAdccov. cvupsrgos éAladcmy éoTiv.

"Eotw é\a6oav % A, xal vij A euuergog [éoTwm)]
% B* Aéyw, Or. v B éiacowv ZeTiv.

Keiodao ¢nry 1§ I'd xal 16 and vijs A loov maga
v I'd magefefliodw 0 I'E mAartog mototv Tow
I'Z- émorouy éoa éotl veragrn ) I'Z. 6 0% amod vijs
B l6ov noga iy ZE mapafefiiedo ©o ZH mAdros
mowody ™y Z@. énel odv evpucredg éovw 1 A t§ B,
evuusrgov dga éotl xal td dmd tig A Td ano vijs B.
adde t6 udv amd tig A leov éorl v0 I'E, v 0%
and tis B icov éotl ©60 ZH' ovuuergov ago éorl
70 T'E ©¢ ZH. g 0% ©o 'E mdg ©0 ZH, ovrag
éotlv n I'Z mpog tyy ZO° ovupergog dga Eotlv
7 T'Z v ZO wins. amovoun 0¢ éor vevdgrn 1) I'Z:
dmorouy doa ébtl xal 1 ZO vevdgry: 10 HZ épa
neQuéysran VO $nrijs vijs ZE xal dmorouijs terdoTng
tiis ZO. éov 0t ywolov meguéynrar vmO i xel
amoroudjs TeraQTng, T TO yw@lov Ovvaudvy éAdecwv
dovlv. Ovvarew 0% tvo ZH 7 B éiacomv &oa Eotiv
% B. Omep &0a Osikou.

25. Alia demonstr. prop. 105, post nr. 24 PFV, mg. m.
1 b, m 2B, inV etiam ad prop. 106 mg. m. 1 (V,).

1. #log 70 e5" V,, ot b, e’ B; e’ F, ot m, 2.
fldrroy F. 2. fldrrov F.  foto] om. PV. = 3. oul P,
comp. V, et postea ins. 9. 4. éxxelobo BDLY,. n
Td) yag %, I'd énvif BV,, 7y T'a gnm b, 7T4dF. Al dg.

6. v¢] z6 PB. 7. Post ZE add. I'd P, et V, sed del. 8.

zjj B] corr. ex BHBm. 1 V. 9. dox{] om. BFbV,. z¢
corr. ex z6 B, mut. in z6 V,.  10. dezf» P, om. V:. zo’]
76 V, et B, sed corr. 11. 467{] om. BFbV,. 4] corr.
ex o V,. ZH] in ras, m. 1 P. 13. éozlv] om. FV,.

I'Z]in ras. m. 1 P.  Zoz&y] om. V,. 14, %) I'Z] postea
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25.

Recta minori commensurabilis minor est.

Sit minor 4, et rectae 4 commensurabilis B. dico,
B minorem esse.

ponatur I'4 rationalis, et quadrato 4% aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
r z o itaque I'Z apotome est quarta
1 [prop. C]. et quadrato B® aequale
rectae ZE adplicetur Z H latitudinem
L efficiens Z®. iam quoniam 4, B
4 E H commensurabiles sunt, etiam 4%, B?
commensurabilia sunt. est autem I'E = 4%, ZH = B?,
itaque I'E, ZH commensurabilia sunt. est autem
I'E:ZH=TZ7:Z6. itaque I'Z, Z® longitudine com-
mensurabiles sunt [prop.. XI]. I'Z autem apotome
est quarta. itaque etiam Z® apotome est quarta
[prop. CIII]. itaque HZ rationali ZE et apotome
quarta Z® comprehenditur. sin spatium recta rationali
et apotome quarta comprehenditur, recta spatio ae-
qualis quadrata minor est [prop. XCIV]. et B*=ZH.

ergo B minor est; quod erat demonstrandum.

4| 3

add. V,.  1b. o] dotlv P. ZO) OZ P. 6 HZ — 16.
ZE] mg. m. 2 B, ¢y 0t 7§ ZE Bb, §nry) dnry ot % ZE F.

18. élarrov B. 19. d0ef PVV,, comp. BFb. #ldcoww
— 20. dsifar] om. F. 19, doa] om. P.  20. 8mse £der deifen]
comp. P, om. BbV,. Inb add. lozéow, Gt 7 rovzov 709 Beco-
ofjuatog mebracis 1) avry fore ) Tov es’, 08y nal v Tois
fow magoléleiwrar, 1) 0% xezayoag) nal o oyijue oY o adra
elowy - yéyoumron 8% Zv &l nal @ut’, 010 xal NuEls TodTo Mre-
redelnapcy.
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26.

‘H ©y) pera ¢nrod puédov ©d SAov morovoy
6VuueTQog pweTa gnrov wécov to GAov morovod
éativ.

"Eote pete ¢nrod uésov to OAov moiovoa 7 A,

b ovuuctgog 0t avri) n B Aéyw, Ot ) B peve dmrov
péoov to 6lov mowovod deTLv.

‘Exxeloda ¢y 7 I'd, xal 16 utv dnd vijg A igov
moge vy I'd magafefiiodo ©o I'E midrog moLovw
wqv I'Z amovour &oo éovl méumen ) I'Z. v 0% amd

10 t7jg B i6ov mapa tijv Z E magefsPiicde vd Z H wiarog
mowovy Ty ZO. Imel odv e¥uuerds éovv ) A tij B,
ovuueTeoY oL xal to dmd tis A T dwo tiig B. @i
t udv ano vijg A leov ©6 I'E, ©p 0% dmod vijg B
loov 0 ZH* evpucrgov &ga éotl vo I'E ¢ ZH-

16 6vpuergog dga xal 1 I'Z t) ZO wixer. dmorous OF
néumwrn n I'Z° dmorouy dgo fetl méumry xel 4 ZO.
gnry 0t v ZE- éav 0% yoplov megiéynrar VmO ¢qrijs
xal amovoufls méumrng, 7 TO ywelov dvveudvy mera
¢nrov uéoov ©o SAov moroved foviv. dvvarar 8% T

20 ZH 7 B 7 B épa % pera ¢nrov pécov td 8Aov moi-
ovea fotiv' Omep £0s delfou.

26. Alia demonstr. prop. 106, post nr. 26 PFV, mg. m.
1 b, m 2B, in V etiam ad prop. 106 mg. m. 1 (V).

1. &llwg 7o ¢¢" V,, ep’ Fb, @’ B. 17 — 8. domuv]
om. V,. 2. Ante pere add. xal avrj m. 2 F, xal adzy % b,
7 F, 4 #ro 5) BFbV,. 5. nal zfj 4 cdpuergos 3 B V,.

iéyo — 6. dotev] mg. V,. 6. % B] supra scr. m. 1 F.
9. dotlv P.  méumry éoriv F. 12. B] B4 ¢. 18. T'E]
corr. ex ZE V, ZE b, 15, nal] dorl nal V,. Z@il corr. ex
re v, re P. 16. zéumry] (prius) om. b. ~ 7] deziv 5 bV,.
17. gnuov P §nea) 8% % ZE] om. V,. 19. Zome VbV:,

i —— e R —
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum medium effi-
ciens est.

Sit A4 recta cum rationali totum medium efficiens,
ei autem commensurabilis B. dico, B rectam esse cum
rationali totum medium efficientem.

ponatur rationalis I'd, et quadrato 4% aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
itaque I'Z apotome est quinta

- r z
- [prop. CI]. quadrato autem B2
aequale rectae ZE adplicetur ZH
4B E latitudinem efficiens Z ®. iam

quoniam 4, B commensurabiles
sunt, etiam 4%, B? commensurabilia sunt. est autem
I'E = 4% ZH= B’ itaque I'E, ZH commensura-
bilia sunt. quare etiam I'Z, Z® longitudine commen-
surabiles sunt [VI, 1; prop. XI]. I'Z autem apotome
est quinta. itaque etiam Z® apotome est quinta
[prop. CIII]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B® — ZH.
ergo B recta est cum rationali totum medium efficiens;
quod erat demonstrandum.

comp. BF. dé] om. V, 20. 7] (tert.) PVV,, om. BFb.

21. éomiy] supra scr. V,. 8meg €02 deita:] comp. P, om.
BFbV, Inb add. m. 1: acevres xel tovzov t0b Bemerfuarog
7 modtaas 1) avey dote T Tob @, oY wiv 7 xerayeegy nel
70 oyijpe éxslyp ta avid elow. ot 0% &y Erdgm wmal euy’, 310
nal %pi’r noQuyéyqomrar. elve 70 Evdov uf’ &v duelve dotl ouf’
nal EEfje Ta Aoumd, }
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21.

Mooxel68m fnuiv deifar, 6v1 énl TV TETQU-
YOVOV GENUETOV A6VUUETels é6Tiv % diaus-
100G T WAEVQE prxEL.

"Ectw tetodyovov t0 ABI'A, didustgog 0% evrov
N A" Aéyo, 8v ) I'A dovpuergds éote v AB unxer.

E¢l yag dvvardv, &6tm ovuuergog Adyw, 0Tt Guy-
BrioeTon 1oV avToV agLdudy dotiov slvar xal meQLOGY.
Qavegdv utv ovw, 0t 10 dmd g AL dimAdeiov Tov
amd tijg AB. xol émel ovpuergds éovwv 3 I'd vy AB,
% I'd dga modg tiy AB Adyov &yer, Ov dpududs wedg
agududy. égfvw, ov 6 EZ meds H, xal éerwcav of
EZ, H édyietor Tdv T0v avtov Adyov éyovrav adrois:
ovx doa poveg éotlv 0 EZ. & yop éovow poveg 6
EZ, &g 0 Adyov meog tov H, ov &su v AT meog
v AB, xal pellov 5 AT vig AB, pelfov dga xal
% EZ vov H aouduov" Omep dromov. ovx dge povdg
dotww 6 EZ° aQududs dgo. xol émsl dotwv dg vy I'd
ngog Ty AB, ottwg 6 EZ moig tov H, xal dg doa
70 amd tijg I'A medg 16 dmd vijg AB, ovrtwmg 6 dmd
tov EZ mgog tov amé rov H. dumAdeiov 0% ©0 dmd
tii¢ I'd 1ov and vijg AB* dimheciov doo xal 6 dmd
tov EZ tov axé vov H* dgriog dga éotlv 6 dmo rov
EZ: dore nal avvog 6 EZ &oridg dorev. & pag nv
TEQLOGOG, %l O AT «UTOV TETQEY@VOg WEQLOGOG v,

Post. nr. 26 PBFVb.

et b, ox” B; ous’ corr. in @ud’ m. 2 F. 1. 6w] m. 2 B.

2. ovpuergos F, corr. m. 2. 5. I'd] AT FV.  cvpueroog
F, corr. m. 2. 7. meguzvéy V. 8. éoze zot Bb, dori add.
m. 2 F. 9. zijig] corr. ex. zov m. 1 b. I'4d] AT F. 1o0.
I'4]in ras. V, AT F.  é&ga] om. V.  11. 6] in ras. B.
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21.

Propositum sit nobis demonstrare, in figuris qua-
dratis diametrum latusque longitudine incommensura-
bilia esse.

Sit 4BI'4 quadratum, diametrus autem eius AT
dico, I'4, AB longitudine incommensurabiles esse.

nam si fieri potest, commensurabiles sint. dico,
fore, ut idem numerus et par et impar sit. manifestum
igitur, esse A" = 2 4B® [I, 47]. et quoniam I'4,
AB commensurabiles sunt, I'4 : 4B rationem habet,

4 B Z- quam numerus ad numerum
I [prop. VI]. sit
6 H—— I'd: AB = EZ: H,
EI et EZ, H minimi sint eorum,
4 r qui eandem rationem habent

[efr. VII, 33]. itaque EZ unitas non est. si enim
est unitas, et EZ: H = AI': AB, et A"’ > AB, erit
etiam EZ > H, unitas numero [V, 14]; quod absurdum
“est. quare EZ unitas non est. ergo numerus est.
et quoniam est I'd: 4B = EZ:H, erit etiam
I'4®: AB® = EZ%®: H? [VI, 20 coroll.; VIII, 11].
uerum I'4® =2 A B®. itaque etiam EZ%*=2 H® quare
EZ® par est. itaque etiam ipse EZ par est. nam
si impar esset, etiam quadratum eius impar esset,

EZ] E in ras. m. 1 P. zov H BFb. 12. H] om. b.

14, &yer 04] mol #yee BFb.  medg] (prius) comp. corr. ex
comp. xaf m. 1 F. 16. Post EZ add. poveg Bb, m. rec. V.

17. éomv] (prius) m. 2 F. T'4] AT B. 18. z¢v] o in
ras. B. 19, I'd] I'inras. V. 4B] Binras. m.1 P. 21,
ziig) oo PFV. ano 7ijg] m. rec. V. ziis] Tov P. dt-
nlecioy F, dumldeiog V. 6] 76 Fb. 22. 7od] (primum)
tig F.  23. @ore] -eecorr. V. 2. 9] dvqy V.
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éneidnjmeg, éuv mepLGGol aguipol 6mocolovY ovvTEdGaLY,
70 0} wATjPog VTGV WEQLEGOV 7, O OA0g TEQLEOOG EoTLV”
6 EZ koo &ouidg dotiv. teTuiodw Olye xate to 6.
xal énel of EZ, H é\dyiorol £l6L Tév Tov avrdv Adyov
érovrav [avrolg], medror meog aAjAovs slolv. xal
0 EZ é&griog® meguecog Gga éotlv 6 H. & pog 3
dotiog, tovg EZ, H dvag uévgs® mig yog &Qriog
éyeL wégog NuLey” mewTovg dvrag mEdg addjlovs: Omeg
dotly advvarov. ovx dee &eridg éotiv 6 H* meguoaog
doo. xal émel dumAdoiog 6 EZ vod EO, tergamiaciog
&pa 6 and EZ tov and EG. diumideiog 0% 6 awd Tov
EZ 7ov and vov H' dimddeiog &oe 6 amd vov H zov
and EO@° &griog dga Zotlv & amo vot H. dgriog dea
dix o elonuéva 6 H* arhe xal megueedg” Omep éotlv
advvatov. ovx dga GUpuergds oty v I'd ;] AB
unxer: omeo Ed0e Oeiou.
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[dexréov ol érépmg, 0ve dovuuerpds éoTiv 3 Tov
TeTgaywvov OudusTog T wAEVEE].

"Eetw avtl pdv tijg Owauérgov § A, dvrl 0% mig
ndevgds 1 B Adyw, St dovuucteds éotww § A < B
urjxer. &l pag dvvardv, E6tm [vpueroog” xel yeyovitm)
widw Bg n A mog Ty B, ovrwg 6 EZ agududs moog
tov H, xal éotweay éAdyieror tdv Tov avtov Adyov
é6vrav advrols of EZ, H' of EZ, H &ga meaTor mQdg
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BFb. 7. pereei F, corr. m. 2; dv éuérger benme edd.  10.
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quoniam, si numeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eorum, qui eandem ra-
tionem habent, inter se primi sunt [VII, 21]. et EZ
par est. itaque H impar est. *nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E@, erit
[VII, 11] EZ® =4 EG% est autem EZ® = 2 H®
itaque H*=2 E@%. quare H? par est. itaque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'4, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.
Sit pro diametro 4, pro latere autem B. dico,
A et B longitudine incommensurabiles esse. nam si
fieri potest, sit rursus ut 4:B, ita numerus EZ ad H
[efr. prop. VI], et EZ, H minimi sint eorum, qui
eandem rationem habent [cfr. VII, 33]. itaque EZ, H
primi sunt inter se [VIL, 2]1]. primum dico, H unitatem

m. 2 F. EZ] 709 EZ Bb, m. 2 F. E®] 109 EO Bbg.

12. H] (prius) H 7 b. 1s. E®)] OFE in ras. V, zov EO
BFb. 14. éotiv] om. V. 15. I'4] in ras. V, supra scr.
4b. 16. Post p xer add. dovpuergos [ (éec m. 2 F) BFb.

meq &deu deifon] comp. P, om. b, ofj :~ B. 17. dlwg)
om. BFVb, if’ mg. F. 18, daixvéov — 19. wleved] om. P,
mg. V. 20. fotro yap BFb.  22. cupperoos: nal yeyovérw
om. PV, m. 2 F+ 25. avrois] om. Fb, m. 2 B.  of] (prius
e corr. V.  medror] supra scr. m. 1 F
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GAMjhove elaty. Adpw modrov, St & H odx Eor povds.
& yag dvvardy, &6tm povdg. xal émel dotiv dg n A
mog Ty B, olrwg 6 EZ medg tov H, xal ag &oo
70 dmd Tijg A medg TO amd tijg B, oVrwg 6 amd Tov
EZ mgog tov amd tov H. dumdaeiov 0% 0 amd g
A 100 amd g B dumAterog &oo xel 6 amd tov EZ
T00 amd tov H. =al éoti woveg 6 H' dvag dga 6
ano EZ tvergdymvog® Omsp dotlv advvarov. ovx &oa
povdg demv 6 H' agududs doa. =al énwel dotiv g
©0 amd vijg A medg 0 amd tijg B, ovrwg 6 dmo EZ
weog TOV amd vov H, xel avdmediv dg 10 ¢md Tig
B mpds 6 dmd tijg A, oVrwg 6 ¢nd vov H medg Tov
dnd 1oV EZ, pergel 0 t0 amo tijg B vo amd vig A,
ueroel age xal 6 amwd tov H rergdymvog Tov amo tod
EZ' dove nal 1) mhevga avry 6 H tov EZ pergsi.
pevoel 0t xal favzov 60 H' 0 H éoe tovg EZ, H
uetgel modrovs Bvtag medg AdAAjAovg: Smep fotiw
advvarov. odx dpa 6Vuuergds doviw n A vy B wixe
aevpuergog oo oviv: Omsp £0e dsifau.

28.
Zyodiow.

Edonuéveov 0n tév uijxer dovpuéteav e0deadv,
og tov A, B, svolonctar xal dAde mAslove wepédn éx
0v0 diaaraceay, Adyw 01 énimede, acvupcrpe didjloig.
dov pap tév A, B eddadv péony dvdioyov Adfousy

25 v I, éoraw @g 1 A medg tyv B, ovrwg 10 amd Tijg

28. Post. nr. 27 PBFVb.

1. &lo{ PVb, comp. F. dr” memdzov b. 3.0] 7 F.
7ov] wijy Fb. 4. 78] 6 P.  d] zev P.  zo¥] zijg PV.
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- 1 E; non esse. nam si fieri potest, sit
B HT unitas. et quoniam est 4:B=EZ:H,
4 zl erit etiam 4%:B%*= EZ*®:H* [VI, 20

1 coroll; VIII, 11]. uerum A% = 2 B?

[1, 47]. itaque etiam EZ?=2 H% et

H unitas est. itaque numerus qua-

dratus EZ® binas est; quod fieri non potest. quare

H unitas non est; ergo numerus est. et quoniam est

:B*=EZ?: H?, et e contrario [V, 7 coroll]

B2 : A= H?: EZ% et B® metitur 42, etiam H? metitur

EZ?. quare etiam latus ipsum H numerum EZ me-

titur. uerum H etiam se ipsum metitur. itaque H

numeros EZ, H metitur inter se primos; quod fieri

non potest. quare 4, B longitudine commensurabiles

non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

28.
Scholium.

Inuentis igitur rectis longitudine incommensura-
bilibus, uelut 4, B, etiam plurimae alize magnitudines
duarum dimensionum, scilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas 4, B
mediam proportionalem sumpserimus I, erit ut 4:B,
ita figura plana in 4 descripta ad figuram in I' si-

6. Gmlamor P. 7.6 ano] éorww 6 Fb, dorv 6 axo zov B.

10. 6] (prius) supra m. 1 dxd] (tert.) om. BFb. 11
ano jov] om. BFb. 13 4] (a.lt) corr. ex tm m 1F. 14
6] =0 F. 15. avtijg B. 18. % 4] e corr. V. 19, dotiy
om. BFb. Gzse #deu Osifou] comp , om. BFb.  20. oydlov
om, FVb (in fig. (mz F),, exa’ B. 22 svoltmowa; B (corr.
m. 2) Fb. 28, §7] 0y 6u F.  émimedov F.  ovpperon B,
sed corr. 24 sv&emw] om. BF.
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A éningdov medg 10 amd tijg I' ©6 Omorov xal dpolmg
avepeagousvoy, clve tergdyove &l To dvaygapiousve
slve Erege evBVppapua Guoie elve xvxAor mepl Oue-
uérgovs tag A, I'y émeimsp of uvxhor mpog @Adrjdovg
sloly g Ta amd THY dleudromv Terpdymve. sUENVTHL
doa xoal énmimede yoole acvuustoe cAdjhoig’ Omeg
&0 Octbou. ]

Adsdeyuévov 0 xal rév & 0vo diadrdocoy Oia-
@ogwY devpuitoav ywelov dslfousy Tolg dxd Tig TGy
orsgedy Dewplag, g E6TL xal 6TEQse: GVpueTd TE Kol
aolpperoe addjiowg. éav yag éml tov dmd tdv A, B
reTgaydvav 1 tov l6wv avrols evdvyoduuoy dveorrj-
cousy loovyy otepex magaAdnAeminsde 1 mvoouides
7 molouare, éotow te avecradévre meds dAinde og of
Boceig. xal &l pdv evppsrool slow of Pdeeg, Gvu-
uerge E6Ton xal to oreged, & OF doUvpuergor, AGUu-
pevge. Omep £0er detEou.

"AAde uny xel 0vo xUxiwv Sviav tev A, B dav
an’ avTiY (60vels xMvovg 1 xvAlvdgovs avaygdpousy,
doovrar mweog dAAjdovs @g of Pdeeg, TovréeTiv dg of
A, B xvxdor. xal & piv 6Vuucrool eloww of xvxior,
ovpuctgor Egovrar xal of Te xBvor medg dAAjAovg xel

1. énlnedov] eidog BFb. tiig] om. P.  xnal] ze nel V.
2. dvayeyoappusvoy BF, mg. b,  dvayeyooupéva BFD.  3.si%e]
(prius) size xalP. 4. émel yo, supra scr. we m. 1 F. Mg. uadijoy
zovro év 16 B’ tob 1f’ év roig orsesols m. rec. B. 6. Gmse
£0se Bstgacj :~ BFD, et P, sed supra scr. m. 1 comp. 8.
oxp’ B. 9. ywolov acvppéreov B.  roig] v zois Vb. 11.
ano tédv] om. F.  12. advasrico V, deinde supra ser. adrois
m. 1. 13. loovysj] ¢- in ras. m. 1 B.  loovyi] orepec mapaid-
Anlemineda] mg. V, in textu del. loovyi) yoapuas 7 megalini-
enineda. mogadinloemineda F, magaiinia émimeda b. 7] e
corr. F; olov, supra scr. 4 m. 1 b. 14, o¢] postea ins. m.
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milem et similiter descriptam [VI, 19 coroll], siue
quadrata sunt figurae descriptae siue aliae rectilineae
4 r B Similes siue circuli circum diametros 4, I
TT7 quoniam circuli eam inter se rationem habent,

[ quam quadrata diametrorum [XII, 2]. ergo
etiam plana spatia inter se incommensu-
rabilia inuenta sunt; quod erat demon-
strandum.

Inuentis jam  spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
surabilia. si enim in quadratis rectarum 4, B uel
figuris rectilineis iis aequalibus solida construxerimus
eiusdem altitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia. [prop.
XI]; quod erat demonstrandum.

praeterea si 4, B duo circuli sunt, si in iis conos
uel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc est quam
circuli 4, B [XII, 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V. 16. aovm&ecgot elowy of ﬂao‘ug V. 17. 3neo &0as (?stéou]

om. BFb. 18. oxy’ B. uvulmv] in ras. V. 20. g
om. P, m. 2 V. Post alt og ras. 3 litt. V. 21. eloww
elev V., 22. %el] om. z¢] om. b. moog dAlsjlovs

a@iljlorg BFb.
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ol xvAwdgoL, &l 0t qovuuergol sloww of xvxiol, aevu~

peror Egovrar xel of xdvor xel of xvAwdgol. xal

pavegdy nuiv yéyovev, 8ti oV udvov éml yoauudv

xel émpavedy éot. ovupuerola te xel dovuusrole,
5 cdde xal éml TV oregsdv oynudTew.

1. 0] & F.  elow)] elev b. 3. yéyove V.  &m] & &

PV. énl] énl te P. 4, wal] 7 P. dotiy ovpusrea P.
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erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euclides, edd. Heiberg et Menge. IIL. aq
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