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PRAEFATIO.

In iis Elementorum libris, qui hoc continentur

uolumine, emendandis pro fundamento liabui codices

PBFV, de quibus uideatur breuis^ quam dedi uol. I

p. VIII—IXj notitia; codicem Bodleianum B in libris

VIII—IX^) contulit H. Menge. Parisino 2466 (p)

in solo libro VII uti potui, neque magni est momenti.

sed cum omnium Theoninorum optimus codex Lau-

rentianus F inde a Vll, 12 p. 216, 20 ad IX, 15

p. 378, 6 deficeret — nam eam codicis partem, quam
littera fp significaui, prorsus inutilem esse, adparet,

de qua re in prolegomenis uoluminis IV uberius

agam — , et cum cod. Bononiensis b (u. uol. I p. IX)

a Florentino in hac quidem parte non longe distaret,

eum a VII, 13 ad IX, 15 hoc anno Bononiae contuli

et hoc loco scripturae discrepantiam notabo. ad sup-

plendum adparatum criticum in libris VIII—IX etiam

cod. Parisin. Gr. 2344 (q) membran. saec. XII contuli,

qui ut Hauniam transmitteretur, intercedente prae-

fecto bibliothecae regiae Hauniensis a liberali-

tate bibliothecarii Parisiensis Leopoldi Delisle facile

4

1) In his duobus libris ab VIII, 17 de v littera, quam
icpelyivozLTiov uocant, uel omiBsa uel addita in B nihil in

coUatione adnotatum erat.



VI PRAEFATIO.

impetraui. huius codicis scripturas inde a p. 372, 15

suis locis in adparatum recepi, reliquas ab initio

libri Vni hic dabo.

p. 216, 24: Gi6L b.

p. 218, 9: za ccvxcc] om. b.

18: iv] Kal iv b.

27: iatlv] om. b.

p. 220, 1: Tov Z] Z b.

11: 17] uidetur eras. b.

26: earai] eaziv b.

p. 222, 2: rjyovfjiEvoi-] yovfievot b.

7: 7}] corr. ex 6 m. 1 b.

14: A] corr. ex ^ m. 1 b.

p. 224, 1: Tcov] tov b.

24: TtoXXaitlaOLdaaaL b.

p. 226, 5: KaC] om. b.

6: TteTtoCrjTie b.

17: aQLd^fiol] aQa aQLd^fiOL b.

25: TteitOLriyie b.

p. 228, 2: fJa' «g] «? 8e b.

6: 7te7t0L7}7ie b.

21: sequitur p. 428, 23—430, 17 b (x').

p. 430, 11: iatlv] om. b.

13: vTto] ia h})

16: 07r€(> edeL Sef^aL] om. b.

p. 230, 16: &Z] supra scr. m. 1 b.

LaoL elalv] punctis del. m. 2 b.

CCQLd^flOL] LaOL b.

dXXi^XoLg] dXXi^XoLg eiaiv b.

p. 232, 2: iativ] om. b.

4: EZ] EZ aQa b.

7: sequitur p. 430, 19—432, 8 b. {%§').

p. 432, 7: iati] om. b.

8: xy' b (jc' edit. = xa' cod.).

1) Recipiendum est.



PRAEFATIO. VII

p. 232, 9: cckXrjlovg] noklovg b.

11: aXkriXovg] TtoXXovg b.

14: (it]] pj eloiv ot A^ B iXa%L(}T0L rwv tov ccv-

Tov Xoyov i%6vt(av avzoLg b.

18: fisTQOvaL] syll. fie- in ras. m. 1 b.

20: zov 17-] in ras. m. 1 b.

p. 234, 8: Totg] Tm b.

11: Tid' b et sic deinceps.

17: elaL] elaiv 01 A,B b.

18: avTovg] Tovg A^ B h.

21: eGTcoGav] litt. (5t corr. ex r^ m. 1 b.

p. 236, 1: 7te7toL7}'jie b.

12: aGLv] elGLv comp. b.

p. 238, 3: oiGL b.

12: ante Tig est — in b. post A^ E uacat linea iu b.

13: drj] 6e b.

22: A, E TtQcoTOL, ol 6e] om. b, in extrema pag.

26: Tov] TtQog tov b.

p. 240, 1: Tov] TtQog tov b.

2: post E est — in b.

JB, r] r, B b.

24: u}6l b.

p. 242, 4: Tov] ro b.

8: 8n] 6i b.

E, zT] z/, E b.^)

16: (ocyt b.

p. 244, 3: £] in ras. m. 1 b.

22: ca<?t b.

p. 246, 9: FA] AF b.

p. 248, 1: firi] supra scr. m. rec. b.

14: (jieTQy] ^eTQeL b.

p. 250, 1: B] To B b.

6: rjyovfievov] corr. ex riyoviievog m. 1 b.

9: sequitur p. 432, 10—20 b.

p. 432, 10: aXXcog to X^' to I^% b.

1) Hoc ergo ex P recipiendum erat.



Vm PRAEFATIO.

p. 432, 13: I'(Jtco] eOTCo o b.

19: B] corr. ex T m. 1 b.

20: £(JTt] comp. b.

OTtEQ edeL det^ai,] comp. b.

p. 250, 10: Ay' b et sic deinceps.

1 7 : yeyovog av sir} to emxccid-iv] 6riXov av sltj to

^riTov(jiSvov b; item lin. 21.

24: sv\ Tov TtQO savzov, og Kal tov A fiszQ^Gsi. si b.

p. 252, 1: hsQOv] xov sxsqov b.

13: snixai^sv'] ^rixovfisvov b, mg. m. 1: yQ, xb

snayyslfia.

19: xovg avxovg Xoyovg b; item lin. 22— 23.

p. 256, 21: (jisxQovaL b.

25: 6] Kal 6 b.

p. 258, 8: post STtofjksvog reliqua pars lineae quasi orna'

mentis quibusdam expleta est in b.

9: xovg] xov b.

13: Toi; F] xov F, oxav ot A, B tcqcoxol TtQog

akXriXovg aatv b.

20: (isxQOvac b.

24: saxcoaav] saovxaL b.

26: H] e corr. m. 1 b.

p. 260, 4: aQa] aQa cog b.^)

16: fisxQmaLv] (isxQ^^aoyaL b.

25: fisxQrjaovaL b.

p. 262, 11: 6rj] ds b.

13: (jLSXQOvaL b.

14: (isxQiqaovaL b.

16: (jisxQovaL b; item lin. 17.

23: (isxQOvaiv] (isxQriaovaL b.

24: r] in ras. m. 1 b.

p. 264, 3: (isxQovaL b; item lin. 4, 7, 8.

13: Tov Z — 14: (jLSXQov(isvog] om. b.

p. 266, 10: To avxo— 11: aQL&(iov] om. b.

p. 268, 9: vTto] 6 vno b.

1

1) P. 260, 14 errore typograpliico legitur snsL pro eSsi.



PRAEFATIO. IX

p. 268, 11: 6 H aQa] iitu 6 H vtco lav z/, £, Z ^s-

tQetraiy o H h.

14: (11]] (iri b H iXaxLGTog (ov exsL xa A^ B, F
(ligr] b.

17: (liQeOL b.

19: Tcov] om. b.

VIII,

p. 270, 13: Tc5v — 14: 7tXi]&eL] orn. bq.

18: (let^cov— 19: o rg] om. bq.

p. 272, 12: Tiaaageg] A b.

20: eaxLv] aQL%(xog drj 6 A 6vo Tovg A, B ttoX-

XanXaaiaaag xovg JT, A TceTtoirjKev' eaxLV bq.

20: aQu] om. b.

21: (liv] om. bq.

p. 274, 2: 6 r] ovTcog 6 F bq.

3: 6 A] ovTcog o A bq.

4: TtoXXaaLaaag b.

8: 6 Z] ovrcog 6 Z bq.

10: 6 H] ovTcoj 6 if bq.

11: 6 A] ovxvig 6 ^ bq.

15: aXyJ] e6eL%%ri 81 KaC bq.

23: £tcr/ q.

of A, B — 24: eiaLv] supra scr. m. 1 q (aW).
26: de tc5v] df tov bq.

p. 276, 3: xoLg] corr. ex avxotg m. 1 q.

9: xiaaaQeg] 6 q.

11: idv] supra scr. m. 1 b.

p. 278, 1: xoft eTtel — 3: iavxov (liv] ol aQa cckqol av-

xcSv OL A, S TtQCJxoL nQog dXX^Xovg elaiv.

inel yaQ ol E, Z tcqcoxol, eTidxeQog 6e av-

Tc5v eavTov bq.

6: Kal] om. bq.

Tial OL— 7 : elaLv] TtQmoL %al ot A^ S bq.

p. 278, 14: eiaLv] inei bq.

dXXriXovg] dXXriXovg elaiv^ faog de 6 (lev A
Tc5 Aj de S x^ A bq.



X PRAEFATIO,

p. 278, 18: ccvaXoyov] om. b.

22: Z] in ras. m. 1 b.

23: ccvuXoyov] om. bq.

p. 280, 1: Kdl] om. bq.

6: 0] e corr. m. 1 b.

10: 0, H] H, e b.

ccvccXoyov] om. bq.

11: Kccl iv] Kccl ev re bq.

13: e, H] H, e bq.

14: araAoyov] om. b.

15: iv td5] Irt bq.

16: XoyoLg] XoyoLg, ecovxai nveg tcov H^ 0, X, A
iXdaaoveg ccQiS-(iol ev re Toig rov A nqog

xov B %al xov r TtQog xov A xcvi exi xov

E TtQog xov Z Xoyoig q.

17: ovxcog] om. bq.

20: iXaa6ci)v] iXaxxcav b.

iXaaaova] iXaxxova bq.

21: xe] om. bq.

p. 282, 1: B, r] r, B bq.

2: |u,£T9oi;(yt bq.

TCOV] TOV q,

4: 6 H] (prius) supra scr. m. 1 b.

6: 0, H] H, bq.

8: Tov Z] Z q.

9: vTto] 6 vTCo bq.

12: 0, H] H, bq.

14: iitel] y,al iitei bq.

20: iaccKLg] oaccKLg q.

22: avaXoyov] om. bq.

£v] IV xe b.

Tf] om. b.

23: iTt] om. bq.

24: iv] ei yccQ ^iq eiaLv ot N, S", M, e^ijg

iXccxLCxoL bq.

p. 284, 1: ei yccQ fii}] om. bq.

2: aWAoyov] om. bq.

1



PRAEFATIO. XI

p. 284, 5: ovKog] bis q.

7: xe] om. bq.

10: (lETQovaL bq.; item liu. 15.

20: ccvccXoyov] om. bq.

21: tov] om. bq.

22: tov] (bis) om. bq.

23: ciQo] om. b.

avaXoyov] om. bq.

p. 286, 10: r, £, zi] in ras. m. 1 b.

15: kcxl] om. bq.^)

16: TCSTtoLrjoiev] (prius) 7tS7Col't]K£ q.

17: A] e corr. m. rec. b.

18: A] e corr. m. rec. b.

ag Ss — tov &] om. b.

p. 288, 7: fi^stQrj] ^stQsl q.

13: ^istQovGLv] (jLstQrjaovaL bq.

14: SL— 15: tov F] Xsy(o yccQ otL ov fjLStQst o A
tbv r bq.

15: Kal oaoL] oaoL yccQ bq

p. 288, 17: totg A] in ras. m. 1 b.

p. 290, 1: rj] si q.

yaQ] yaQ Z q.

6: (istQiqasL] (istQSL bq.

9: (jiStQrj] (istQst q.

14: ov] (ir( q.

ov8s] ovd^ q.

15: (istQ^asL] (istQriasL' oitSQ iatlv atonov' vito-

TiSLtUL yccQ A tov J (istQstv q.

16: 6] To q.

20: (ista'^v— avaXoyov] om. bq.

p. 292, 8: r, ^, B] B, T, A bq.

10: slal q.

11: slal q.

14: Kat— 15: tov Z] om. q.

1) Itaque quoniam bq p. 286, 13 sq. cum P consentiunt,
nomen Theonis in adnotatione ad locum illum toUendum est.



XII PKAEFATIO.

p. 292, 18: e%ovtag] £%ovxag avxolg bq.

22: xat] xat 6 q.

p. 294, 1: ei<si q.

Koi oi— 2: eiciv^ om. b.

3: ojoa] om. b.

10: aGL bq.

14: ^iixa^v} e^riq ^exa^v bq.

19: ^iexa^v^ supra scr. m. 1 b.

20: ifiTteTtxw^aatv] k^ninxovGiv b.

21: xrig] xijg E bq.

p. 29i6, 1: 7te7toir}%e bq; item lin. 2, 3, 4. ,

6: Z, Jf] Hj Z bq; item lin. 7.

p. 296, 10: xav] om. b.

iaxlv 6] f(>Ti xofl 6 bq.

12: aga xov] aqa x6 q.

(jLexQei] om. b.

p. 298, 2: rao?— 3: A] o de M x^ A iaxiv laog bq.

6: H] K, ut uidetur, q.

8: xoaovxot] ovxojg b.

12: i'] om. q.

IxaTf^ov] om. bq; yQ. eKaxeQOv mg. m. rec. b.

16: (lexa^v] e^ijg (ieza'^v bq.

21: oi' xe] corr. ex ot£ q.^)

p. 300, 8: aQa] om. b.

10: TteTtoirjiie bq.

11: E] e corr. m. rec. b.

13: Se] om. q.

15: E] corr. ex m. rec. b.

16: TtenoiriKe bq; deinde add. b mg. m. rec: tov

de Z TroAAaTtA-aaiaaag rov & nenoirjKe.

(lev] om. b.

17: nenoir^Ke bq; item lin. 18, 19.

19: (heV] om. bq.

23: xal (og — 24: xbv H] supra scr. m. 1 q.

25: T(5v] Tov q.

1

1) P. 298, 21 in adnot. addatur: ts] om. BVqp.



PRAEFATIO. XIII

p. 300, 27: aXl^ ag b E TtQog rov] in ras. m. 1 q.

p. 302, 2: rcov] tov q.

3: K] in ras. q.

A] in ras. q.

10: B] e corr. m. 1 b.

12: nal (og — 13: xov A\ om. bq.

p. 304, 1 : r yaq] yag F bq.

4: TtSTtoLTiKS bq.

8: dm ta avrcc drj aal] naliv insl 6 F rov A
TtoXlanlaaidaag rov E TtSTtoLrjKev , o Ss J
iavrov TtoXlaTtXaaidcag rov B TCSTTOLriKS^ Svo

drj aQLd^fiol OL jT, z/ sva %aL rov avrov rov

(om. b) J nokXaTtXaaidaavrEg rovg JE, B
nsnoLtjKaaiv' sarLV apa bq.

9: B] B. dXX^ wg 6 F ngog rbv J^ ovrcog 6

A ngbg rbv E bq.

10: aQa] om. q.

11: dqiQ^^og] dQLd-fibg b E bq.

p. 306, 2: savrov] savrbv fisv bq.

4: Tt5v] corr. ex rov m. 1 q.

6: Kal b F savrbv noXXanXaaidaag rbv E ns-

nolrjKSv] om. bq.

7: (isv] om. bq.^)

nsnolrjKS bq; item lin. 8.

10: nsnolr}KS q; item lin. 11.

27: J] J, ovrmg re (om. q) b K n^bg rbv B'

iSsLx&r) 6s Kal d)g b F n^bg rbv A bq.

rs] rs b bq.

p. 310, 4: rov] om. q.

8: T«] om. q.

10: ^sv b] (JLSV bq.

14: rsrQdyavog n^bg rsrQdytovov] rsrQdycovog aQLxl--

(ibg nQog rsxQdycovov aQLd^fiov bq.

22: slaLv] comp. iarLv corr. ex comp. slaLv b.

1) P. 306, 6 in adnot. scribatur: „6. xal 6 — nsnoLrj^nsv]

P; om. Theon {BY(p). 7. [isv] om. BVg?."



XIV PRAEFATIO.

p. 310, 23: 5] e corr. m. 1 b.

p. 312, 1: elGLv^ ELGt bq.

4: tcccXlv — ^ETQetTco] ccXlci drj (.lerQeCxco o I tov

A bq.

7: 5] in ras. m. 1 b.

10: A^ £] in ras. m. 1 b.

15: oiteq edeL SeL^ai^ om. bq.

18: Kttl eciv— 20: ^eTQiqcieL^ om. b.

25: 6 8e A — 26: tov J] xat exL b F tov A
TtoXXaTtXaOLccGag tov Z TtoieLTCo^ o 8e A eav-

Tov bq.

26: Z] H bq.

p. 314, 5: elGL q.

10: dri] om. bq.

11: of] Kal ot bq.

12: Ttqog tov] nqog bq.^)

13: wg] supra scr. m. 1 b.

22: aQL&^oi] om. bq.

24: ^eTQel] {lexQr^GeL b.

25: el yaQ fierQeL o F tov A^ \jLeTQy\6eL] mg. m.

rec. b; ei yaQ o F tov A (lexQeL^ (leTQraeL q.

26: ovde] ovd' bq.

p. 316, 3: yccQ] yccQ (irj b, sed (i^ eras,

aai] e corr. m. rec. b.

5: OTteQ sdei deL^ai] om. bq.

21: oTteQ edeL Sei^aL] om. bq.

p. 318, 1 : o(iolol] om. q.

13: TtoXvTtXaOLaaag b, sed syll. Xv in ras. m. 1;

item lin. 15, 17, 18.^)

14: ns7toir}Ke bq; item lin. 17, 23.

17: A] corr. ex H m. rec. q.

22: TtoXvTtXaaiaGag b; item lin. 23.

28: elaL q.

p. 320, 4: £^%] i^ aQxrjg q.

1) Ergo Tov cum P omittendum.

2) Itaque fortasse haec forma uocabuli in hac prop. cum
P seruanda est.

1



PRAEFATIO. XV

p. 320, 8: 6 r] sic bq.^)

9: f]] Tial b.

16: ot] ccQLd-^oi ot bq.

17: e\ E ccQLd^fiOL q.

18: (jtsqsol] axeQSOL aQL&fiol b.

19: fisv o] sic bq.^)

24: aal] ij bq.

2 5 : yaQ] 6^ q.

tbv J] sic bq.^)

p. 322, 1: SLOL q.

6: xat] S6ZLV aQa (ag b K TtQog rbv M, 6 M
nQog Tov A^ yml q.

7: nsnoLYi%s bq; item lin. 23, 25.

10: M, ^] A, M bq.

14: (^ior ra avra ^17 xat] TraAtv insl sGvlv mg

A TtQog Tov E, ovTcog H TtQbg xbv 0,

ivalXa^ aQa sOtlv bq.

16: M, A] A, M bq.

SLGLv] om. b.

19: JV] corr. ex H m. rec. b.

21: r, 4 E] 4 £ q.

24: A] con*. ex ^ m. rec. b.

Tov] Tov iK Twv Z, U Tov bq.

27: N] corr. ex H m. rec. b.

28: Tov] om. bq.

Tov] om. b.

N] corr. ex H m. rec. b.

30: H] e corr. m. rec. b.

y.al G}g] (ag bq.

p. 324, 1: Z] in ras. m. 1 b.

5: JV] corr. ex H m. rec. b.

6: H] H %al E TtQog vbv & q.

9: N] corr. ex H m. rec. b.

1) In adn. p. 320, 8 delendum „corr. ed. Basil.".

2) In adn. p. 320, 19 deleatur „6 fisv Vgj"; habent fisv 6.

3) In adn. p. 320, 25 addatur: „25. rbv J]xbv fisv zlBY cp.''



XVI PRAEFATIO. 7

I

p. 324, 11: Tov] bis b.

12: 3*] E q. B] & q.

13: %al] aal cog b.

26: a^r cag] co? di b.

28: aocc] om. bq.

p. 326, 7: o/:] om. bq.

10: ccQL&fiog b F] 6 F aQLd^(i6g bq.

13: A, r] A, JB, r mntat. in ^, T, B m. rec. b;

A,r,Bq.^^
E] seq. I'()riv a()a mg o A nqog xov E, o A

TtQog rov r. alX^ mg o A TtQcg tov F,

ovxcog o r (corr. ex A b) nQog rov B.

xal cog ccQa o A TtQog rov E^ o F TtQog

rov B q et mg. m. rec. b.

laaKLg] mut. in oCamg m. rec. b.

ccQa] mutat. in 6i m. rec. b.

14: Kal E — 15: fisrQEL] om. b.

S^] ii q.')

16: TtSTtotrjKS q. Seq. rov de E nolXaTtkaGidGag

rov r neTtolrjKev q et mg. m. rec. b.

17: iari q. ot] al q.

19: r, B] B, r bq.

p. 328, 3: 6 Z— rov A] iKccreQog rcov Z, H rov E
7tokXa7tka6LccGag iKarEQOv rmv F^ B bq.

5: J] Z bq. Tov E] H bq.

6: A — 6] om. bq.

Tov] om. bq.

ndhv — 9: tov B] om. bq.

9: Tov] om. bq.

10: ToV] (prius) om. bq.

11: Tov] om. b.

KaL— 12: Tov H] om. bq.

13: aQLd-fiOL eIglv] elOiv aQLd^fiOL bq.^)

17: o(iolol] om. b.

1) In adn. p. 326, 14 addatur: „14. drj] corr. ex di B'%

in adn. ad p. .^26, 20 deleatur „et B (corr. m. 1)".

2) Ergo hic ordo uerborum cnm P praeferendus erat
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p. 328, 23: J] ^, B bq. H] H, & b, sed corr.

26: SL6L q.

26: 6 Z — ciQLd-^iol] om. bq.

p. 330, 2: Tov tvqo] om. bq.

4: Tov] om. bq.

5: Tov] om. bq.

Kccl] supra scr. m. rec. b.

6: rotg] xoi b.

xat— 7: A^ r^ ^\ om. bq.

12: Tf] 0T£ 6 q.

17: iV] corr. ex H m. rec. b.

18: nenoLrjKe bq.

20: iV] corr. ex H m. rec. bq.

22: St^] 6s bq.

E] H bq.i)

p. 332, 1: r] 5 bqO
6: nenoLYi^Ke q.

6: i()TtV] om. b. fttftv] om. bq.

7: ftJi q.

8: Tov] corr. ex to m. rec. b.

12: Tov M] M q.

15: B] post ras. 1 litt. b.

16: o^olol] ot q, om. b.

19: xQLXoq] y b.

22: Xey(o] Xsya) dtj b.

24: r] e corr. m. rec. b.

25: elCL q.

26: -xQccycovog de o A xe-] mg. m. rec. b.

r] B bq.

p. 334, 7: ItJTtV] l'c»Ta;t bq.

12: Tid'] om. q.

14: ov] corr. ex -^' m. rec. b.

15: xsxQccyoDvog rj] ij xexQclycovog bq.

17: post B ins. Xoyov m. rec. b.

Xoyov] om. bq.

l) In adn. p. 330, 22 addatur: „6 E tov F] o H zov B
Theon (BV<p)'*.

EuclideB, edd. Heibcrg ct Mcnge. II. b



XVIII PRAEFATIO.

p. 334, 19: k'6x(o] eGxkl q.

22: el(3i q.

23: r] in ras. m. 1 b.

x6v\ om. bq.

24: xov] om. bq.

p. 336, 8: z/] e corr. m. rec. b.

dij] Si b; om. q.^)

10: yciQ ot] yciQ 6 b.

oftotot] «(>« o^iOLOt bq.

11: £t(?t q.

12: fistcc^v] in hoc uocabulo desinit q fol. 165'

XeLTt, cpvXka Ij mg.; rursus incipit p. 372, 15|
u. u. adn. (ivrccv^&a XelitovGL (pvkla ^ mgj
fol. 1660-

p. 338, 5: xsxQaycovoL] xexaQayfiivoL b.

22: E] e corr. m. rec. b.

25: oTteQ edsL Sei^aL] om. b.

IX.

p. 340, 9: ^] e corr. m. rec. b.

10: TceTtoLtjKe b.

14: 6i] om. b.

17: Tc5v] corr. ex xov m. rec. b.

19: OTteQ edei Sel^ai] om. b.

p. 342, 4: aQi^^ioi] om. b.

5 : ecxcoCav— 6 : noLelxco] 6vo yccQ aQLd^fiol ot

A, B nQog (mutat. in noXXaTclacSLaGavxeg

m. rec.) aXXriXovg xexQaycovov xov F itOLet-

xcodav b.

1 1 : eGXLv aQa] om. b.

12: xov] bis om. b.

14: ifiTtLTtxeL] ifiTtlitxeL aQLd-fiog b.

1 7 : iav — ifjLTtLTtxrj] om. b ; cav de aQLd^^mv elg

(liaog avdXoyov ifiTtlmeL mg. m. rec.

18: ot aQa] ccQa ol b.

1) Itaque 8ri cum P delendum, nt suspicatus eram.



PEAEFATIO. XIX

p. 344, 1: 7tE7tol7]7iE b.

6: TtQog t6v\ nqog b.

12: xov J] J h.

13: Tov A] om. b; post agid^fjiov ins. m. rec.

19: Tov] om. b.

22: ifiTCLTttcodLv] i^mitzezuiaciv b.

23: dfi;T£(>og] xixaQxog b.

24: fffTtV] om. b.

p. 346, 4: oTi] om. b.

6: yaQ A] A yaQ b.

11: ol Aj B] ante ras. 2 litt. b.

IX 348, 4: A] corr. ex J m. 1 b.

Kvpog aQa 86x1] e(SXLV aQa b.

10: A] TtQaxog b.

11: nsTtOLrjKE b.

13: lavTOv] iavxov (liv b.

14: 6 ^ — 22: rov B] xov dh B 7tolXanXa6Laaag

XOV r TtSTtOLrjKEV b.

23: Kal atg] ag b.

p. 350, 1: 6 A] ovxmg 6 A h, A e corr. m. rec.

3: icxL oiv§og] iaxL o Kv^og b, sed 6 deletum.

11: vno] corr. ex vTtEQ m. rec. b.

14: iTtel— 15: fiovadag] om. b.

15: TtETtoCriKe b.

17: 6 ix] i% b.

24: ECxaL] iaxL b.

6] navxeg, 6 b.

p. 352, 1: Ttdvxsg] om. b.

2: post diaXECTtovxEg add. TcdvxEg b.

4: oTi] om. b.

6: Ttdvxeg] om. b.

8: afia] aQa b.

Ante xexQdycovog eras. o b.

9: Tcdvxeg] artavxeg b.

10: Post ri ras. 1 litt. b.

12: fiovdg] rj (lovdg b.

aQLd-fiov] om. b.



XX PRAEFATIO.

p. 352, 14: To5 A] ama b.

15: 7C£7tolri7i£ b.

17: aai b A a^a] aqa xaJ h A \i,

20: Ttavteg] om. b.

T£Ta^TOg] z/ b.

23: ^] ^ ciQLd^fjiov b.

OVTO)?— 24 : aQi^fiov] mg. m. rec. b.

p. 354, 3: TtSTCoCriKE b; item lin. 4.

7: 6] m. rec. b.

8 : fiovadog] (lovadog 6 Z b.^)

12: (lovadog] rrjg fiovadog b.

HvS— 13- «^^^'^iiiofc] aQid-iiol i^rjg b.

17: |LioWdog] trjg (lovddog b.

p. 356, 10: T£Ta^Tog] J b.

15: B] B (lEtQst b.

21: Elai, b.

p. 358, 8: (jLovddog] trjg (lovdSog b.

6(?ot(yr^7roTo{iv] onoSoL8r\Tiotovv b.

22: 6(jLoUog— 23: iati,] om. b.

25: drj] om. b.

l()Ta} 6 ^] corr. ex ECtmCav m. rec. b.

ovd^] ovdi b.

p. 360, 5: T()v] bis om. b.

16: TfTc^^Tov] J b.

19: (jiovddog] trjg (lovddog b.

20: iXdaacov b.

23: |M,ovcf'^o^] trjg (lovddog b.

25: lAc<%t0Tog] iXdaacov b.

p. 362, 8: 7c6Qi6(ia — 11: avtov] ora. b.

17: 6:n;o^ot(yt^7TOTOt;v] baoLSriTtotovv b.

22: (jLrj ydQ] (iLr\ yaQ (lEtQELtco 6 E tbv A b.

p. 364) 1: E] corr. ex ^ m. 1 b.

3: |Ll£T(>£tTC0] (lEtQELt(0 6e b.

4: TCETtolrjKE b.

1) In adnotatione p. 364, 8 aclt^atiir: „(Lovd8og] (lovddos

6 Z Tiieon (BVg?)".



PRAEFATIO. XXI

p. 364, 29 : Exovrag^ eiovrag avzotg b.

p. 366, 2: rjyovfievov] rov rjyovfjisvov b.

6: vTto] ccQLd-fiol vno b.

7: ot;] "om. b.

14: £^%] om. b.

p. 368, 5: nag^ arcag b.

6

:

6 Ei — 7 : ^iexQEhaL] om. b.

22: 6 Z ovjc l'(yu] ovx l'(yrtv 6 Z b.

23: ei yaq] el yaq iatt TtQmtog b.

p. 370, 2: aTtag — 3: (letQeLTat] om. b.

3: 6 Z aQa vno 7CQ(otov] vtco tcqcoxov aQa b.

21: avaXoyov] aXoyov b,

p. 372, 1: VTto] eK xav b.

6: ^] e corr. m. rec. b.

7: oneQ edec Sel^aL] om. b.

20: TteitOLrjiie b.

22: 7roAi;7rAofC)£a(?avrfg b.

23: rov] corr. ex airov b.

25: fierQi]6ovGL b.

p. 374, 2: ft£T()oi5(?tv] |ii£T^'»J(;oi;(>iv b.

14: onoLOLOvv] onoLovv b.^)

20: nenoLTiKe b; item lin. 21, 22,

22: elai b. 24: mCL b.

p. 376, 2: iarL b.

3

:

forv de— 5 : a6re] xal b.

5: Z^] ^Z b, sed Z e corr. m. 1.

6: JE] JE HcQa b.

caare— 7 : ianv] om. b.

8: yc?()] di b. ix] (Jttc) b.

10: iarLv] iarLv. coare 6 i% rcov ZA^ AE %al

nQog rov ano rov EZ nQmog iarLv b.

13; iarLv] iart, b.

17: elaL b.

19: Kat] caare naL b. iy,] vno b.

21: ix] sic b.2)

1) In adn. p. 374, 13 scribatur „ixovtcav Xoyov V".
2) Ergo in adn. p. 376, 21 nomen Theonis deleatur.



XXII PRAEFATIO. 1p. 376, 22: ot] mutat. in 6 b.

23: VTto] iy, b. vno tcov] -u^to b.

TtQcoTOL eIgl] TiQcorog £GZIV b.

24: ofc] t eras. b.

p. 378, 1: TCQ^xoi u6lv\ nQmxog ^gxlv b.

2: Irt] om. b; kccI ext supra scr. m. rec.

ot] L eras. b.

3: nQmol slGlv] TtQcSxog iaxLv b.

Praeter errores supra suis locis in adnotationibus

correctos, qui in collationibus codicum enotandis irrepse-

runt, unum deprehendi; nam p. 392 in adnotatione addett

dum est: „10. tcqv] Hqcx rcSv BFVq."

I
Quoniam collatio codicis Bodleiani in libro decimo,

quam alius conficiendam suscepit, nondum finita esdl

quartum Elementorum uolumen libros stereometricos

continens ante tertium prodibit et id ipsum fortasse

paullo tardius, quia hoc quoque anno, Ministerio

cultui scbolisque praesidenti rursus liberalissime adiu-

uante, interuenit iter Italicum trium mensium, in quo

codices scholiorum et operum minorum maxime Uati-

canos perscrutatus sum. quem laborem ut tam breui

tempore ad finem perducere possem, efi^ecerunt summi

uiri Mons. Ciccolini et P. Bollig S. J., bibliothecarii

Uaticani, quorum humanitatem beneuolentiamque grato

ac libenti animo agnosco.

Scr. Hauniae mense Decembri MDCCCLXXXIII.



STOIXEIA.

Eaclides, edd. Heiberg et Menge. II.



"Oqol,

a . M^Qog iarl ^iye^os fisyed-ovg ro sXaeaov tov

^sC^ovog, otav Kata^stQrj tb ^el^ov.

p\ IJokkajtXd^tov ds t6 ^stt^ov tov iXdttovog^

5 otav xata^stQrjtaL vtio tov iXdttovog.

y'
. Aoyog i(5t\ dvo ^sys^^v o^oysvmv ri xata

Tcrihxotrjtd Ttoia 6xi<5Lg.

d\ Aoyov s%siv JtQog aHrjla ^syid-rj Xiystai^

a dvvatai JtoXXanXaOLa^ofisva dXXrikov vTtsgixsLv.

10 s'. 'Ev Tc5 avta koya iisysd^r^ XiystUL slvai

TtQmtov JtQog dsvtSQOv xal tQttov TtQog titaQtov,

otav td tov TtQcatov xal tQLtov ladxLg TtoXXaTtXdeta

t(Bv tov dsvtiQov xal tstdQtov icdxLg 7toXXa7tXa6LCOv

xad'' OTtOLOvovv 7toXXa7tXa6La6^6v sxdtsQov sxatiQov

15 rj d^a vTtsQixri ^' a^ta t6a rj 7] afia iXXsLTtri Xrjipd^ivta

xatdXXrjXa.

?'. Td ds tov avtov sxovta Xoyov ^syid^rj dvd-

Xoyov xaXsL6d-G).

I

I

Def. 1. Hero def. 120, 1. Barlaam logist. I def. 1. 2.

Hero def. 121. Barlaam I def. 2. 3. Hero def. 127. Psellus

p. 8. 4. Hero def. 123, 1. 5. Hero def. 124. 6. Hero
def. 124.

1. oqol] om. PBFp. numeros om. codd. omnes. 2. ^Xar-

xov Hero. 4. kXdGaovoq V, ut lin. 5. 7. noia] P, Hero;
7CQ0Q dXXriXd noiu Theon (BFV p), Campanus. Post Gxiotg

add. dvaXoyia 6s 7] rmv Xoycav tavtoTrjg Bp, Campanus; mg.
m. 2 P V; mg. bis m. 1 et m. 2 F; om. Hero. 8. i'xsvv]



Liber V.

Definitiones.

1. Pars est minor magnitudo maioris, si maiorem

metitur.

2. Multiplex autem maior est minoris, si minor

eam metitur.

3. Ratio est duarum eiusdem generis magnitudinum

secundum quantitatem quaelibet habitudo.

4. Rationem inter se habere magnitudines dicun-

tur, quae multiplicatae altera alteram superare possunt.

5. In eadem ratione magnitudines esse dicuntui

prima ad secundam et tertia ad quartam, si primae

et tertiae aeque multiplices secundae et quartae aeque

multiplices aut simul superant aut simul aequales

sunt aut simul minores sunt suo ordine^) sumptae.

6. Magnitudines autem eandem rationem habentes

])roportionales uocentur.

1) Hoc est: ita ut coniungantur prima secundae, tertia quar-

tae et respondeat loco et ordine prima tertiae^ secunda quartae.

itaque si Ma "^Nh et simul Mc ^ Nd^ erit a : b = c : d.

cfr. Hankel: Zur Gesch. der Mathemat. p. 390.

V supra m. 1 P. 9. vnsQsxsLv] -eiv in ras. V. 14. noXXu-
TtXuGiaotitov P, corr. m. 1. 15. vnsQSxsL B. 17] supra m.
1 F. hXiinsi B. Xr]cp&svxtt.] -r]- e corr. m. 2 V. Deff.

6—7 permutauit P; ut nos BFVp, Campanus; ex Herone nihil

concludi potest, cum etiam def. 8—9 ante def. 7 habeat.

17. ^xovxa, Xoyov fiSYsd"!^] Xoyov k'xovtci (isys&rj F; ^'xovtcc

fxsytd-ri Xoyov V. dvccXoYOv'] Xoyov avaXoyov post ras. 7 litt.

in mg. tranait m. 2 F.

1*



4 STOIXEISiN s'.-

5'. '^'Otav de tmv taazig TtoXkaTtla^Cav to ^^ev rot»

TCQcatov TtoXlaTtld^iov vTteQSxtj tov tov devtaQov

7toXXa7tXa6LOv, tb de tov tQitov TtolXaTtld^LOv ^ri

v7teQe%ri tov tov tetdQtov 7tolla7tXa6Lov, tot£ to

5 7tQ(Dtov TtQog tb devteQov ^eC^ova Xoyov ex^iv

Xeyetat, i]7teQ tb tQCtov 7tQbg tb tetaQtov,

rj\ ^AvaXoyla de ev tQiolv OQOig eXaxC(3tr] e6tCv,

'&•'. "Otav de tQCa ^eyed^i] dvdXoyov ?}, to 7tQmtov

7tQbg tb tQCtov dL7tXaisCova Xoyov e^eLV Xeyetat

10 7]7CeQ 7tQbg t6 SevteQov.

L , "Otav b\ te<56aQa fieyed^r] dvdXoyov rj, tb 7tQco-

tov TtQbg tb tetaQtov tQLTtXaaCova Xoyov e^SLV

XeyetaL rjTteQ 7tQbg tb devteQOV, xal del i^rjg o^oCag, K
(og dv rj dvaXoyCa v7tdQ%ri,

15 La' , 'O^oXoya [leyed^ri Xeyetat td }iev rjyovfieva

totg riyovfievoLg td de e^tofieva totg eTto^evoLg.

L^'. ^EvaXXd^ Xoyog eOtl Xrjxl^Lg tov rjyov^evov

7CQbg tb rjyovfievov xal tov e7tonevov TCQbg tb ejto^evov.

ty'. ^Avd^taXtv Xoyog i6tl XrjijjLg tov iTto^evov

20 cog r^yov^evov 7tQbg tb rjyov^evov (xtg iTto^evov.

lS', 2Jvvd-e6Lg Xoyov i0tl Xrjtl^Lg Tot^ rjyov^evov

^etd tov iito^evov (og ivbg 7tQbg avtb tb iito^evov.

«

7. Hero def. 125, 5. 8. Hero def. 124. 9. Hero
def. 125, 1. 11. Hero def. 126. 12. flero def. 127, 6.

13. Hero def. 127, 2. 14. Hero def. 127, 3.

2. vTiBQSxsL P, sed corr. m. 1. 4. ro] supra m. 1 V.
Post def. 7 seq, dvaXoyCa ds boxlv t] rcav X6y(ov ofioiozrjg Fp
et V (del. punctis, sed puncta erasa); om. PB, Hero, Cam-
panus. 7. xQiaiv] -lg- in ras. m. 2 V. ilaxCGvois V.
Def. 10 om. Heron. 12. to] om. P. xQLnXaGtova] xql- in

ras. p. 13. dsC\ ahiYY. v.alasL — 14: vnaQxj}] om. Cam-
panus. 13. oaoCag] P; svi nXsCovg Theon (BFVp). 14. mg]



ELEMENTORUM LIBER V. 5

7. Sin ex aeque multiplicibus ^) primae multiplex

multiplicem secundae superat, tertiae autem multiplex

multiplicem quartae non superat, tum prima ad secun-

dam maiorem rationem habere dicitur quam tertia

ad quartam.

8. Proportio 'autem in tribus terminis consistens

minima est.

9. Si tres magnitudines proportionales^) sunt, prima

ad tertiam duplicatam rationem quam ad secundam

habere dicitur.

10. Sin quattuor magnitudines proportionales ^)

sunt, prima ad quartam triplicatam rationem quam

ad secundam habere dicitur, et eodem modo semper

deinceps, qualiscunque data est proportio.

11. Respondentes magnitudines dicuntur praece-

dentes praecedentibus, sequentes sequentibus.

12. Permutata ratio est, ubi sumitur praecedens

ad praecedentem et sequens ad sequentem.

13. Inuersa ratio est, ubi sumitur sequens praece-

dentis loco ad praecedentem sequentis loco.

14. Compositio rationis est, ubi sumitur praece-

dens cum sequenti pro una ad solam sequentem.

1) Non omnes aeque mnltiplices esse debeiat, sed pri-

mae et tertiae aeque multiplices, secundae et quartae, ut

in def. 5.

2) Sc, deinceps (xaTa t6 avvexh), h. e. si a : h = b : c,

erit a : c = a^ : b^.

3) Sc. deinceps {aata t6 cvvsxh)] cfr. SI, 33. h. e. si

a : b = b : c = c : d, erit a : d = a^ : b^.

tag FV, p m. rec. 16. fjyovfisva] 7}- e corr. m. 2 V. 16.

Tu dt tnouEvu rotg] m. 2 in ras. V. 19. iazLv F. 21.

iaziv B. Tov] insert. m. 2 F.



6 STOIXEISiN £'.

Ls\ ^LaLQS^Lg Xoyov iczl lrjtf;Ls Trjg vTCSQOxrjs^

fj
vTtBQixBL tb Tiyovfievov xov STto^evov, JCQog ecvto

to aTtOflEVOV.

L?\ ^Ava6tQ0(pri koyov e6tl Xijil^Lg tov riyov^dvov

5 TtQog trjv vTtSQOxriv, fi
v7tSQi%£L t6 rjyov^svov tov

STtofiivov.

Lt,\ Al l<5ov Xoyog sdtl TtXsLOvcav ovtciv ^sysd^mv

xal alkciv avtotg l'6c}v tb ickri^og 6vvdvo la^^a-

vo^ivcov xal iv ta avta Xoyo), otav rj mg iv tolg

10 TtQcotOLg iLsyi^sCL t6 7tQ(atov TtQbg tb i6%atov^ ovtog

iv tolg dsvtiQOLg ^syidsOL tb TtQatov TtQog tb s(5ya-

tov rj akkcog' ArjipLg tmv aXQCov xad-' v7ts^aLQs6LV

ttnv ^i6c3v,

Lrj\ TstaQay^ivrj ds avakoyCa i^tCvy otav

15 tQLmv bvtcav ^sysd^av xal akkcnv avtotg 1'6g}v tb

TtXrjd^og yCvr]taL (og filv iv totg TtQcotoig ^syi^s6LV

rjyov^svov TtQbg STto^svov, ovtog iv totg dsvtiQOLg

^syid-s6LV rjyovfisvov JtQbg STto^svoVy og 6s iv totg

TtQootOLg ^isyid^s^Lv sito^svov JtQbg akko Tt, ovtag iv

20 totg dsvtiQOLg akko ti itQbg rjyovfisvov.

a .

^Eav 1] oTto6aovv ^syid-rj oTto^cavovv ^s-

ysd^civ l'6ov t6 TtXrjd-og sxa6tov sxcc6tov i6(xxLg

7toXXa7tXcc6LOV, b6a7tX(x6L6v i6tLV ^v tov (is-

25 ysd^ov svog^ to6avta7tkcc6La i6taL xal ta Ttccvta

- T(OV 7tCCVtOV.

.1

15. Hero def. 127, 4. 16. Hero def. 127, 5. 17. Hero
def. 127, 7. 18. Hero def. 127, 7?

1. ds Xoyov FVp. iaTiv B. 4. iativ BF. 7. iaTiv

PF. 10. iisyi&eGiv PB. 11. fiEye&saiv PB. Post def. 17
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15. Subtractio rationis est, ubi sumitur excessus,

quo praecedens sequentem excedit, ad solam sequentem.

16. Conuersio rationis est, ubi sumitur praece-

dens ad excessum, quo praecedens sequentem excedit.

17. Datis compluribus magnitudinibus et aliis iis

numero aequalibus, ita ut bini coniuncti in eadem

ratione sint, ex aequo ratio est, ubi erit, ut in

prioribus magnitudinibus prima ad extremam, ita in

alteris magnitudinibus prima ad extremam. uel aliter:

ubi termini exteriores sumuntur omissis mediis.^)

18. Perturbata autem ratio est, ubi datis tribus

magnitudinibus et aliis numero iis aequalibus est ut

in prioribus magnitudinibus praecedens terminus ad

sequentem, ita in alteris magnitudinibus praecedens

ad sequentem, et ut in prioribus magnitudinibus

sequens ad aliudy ita in alteris aliud ad praecedentem.^)

L
Si datae sunt quotlibet magnitudines quotlibet

magnitudinum numero aequalium singulae singularum

aeque multiplices, quoties multiplex est una magnitudo

unius, toties etiam onines omnium erunt multiplices.

1) Sia:6:c = a:/3:y, ratio ex aequo erit a : c == a : y.
cfr. prop. 22.

2) H. e. si datie a,l),c,a^§^y est a:b = ^:y et b : c = cc: §.

cfr. prop. 23.

seq.^ tstayfihr} {Ss add. F et V m. 2) ccvccXop'a iativ, otav
Tj (og Tjyoviisvov tiqos (to add. V) anofisvov ovtcog rjyovfisvov
(Tjyovfisvos cp) TtQos (ro add. V) snofisvov, tj ds jtal ms sno-
fisvov TtQos ccXXo ti ovtoag snofisvov nQog aXlo ti FVp, B m.
2, P m. rec; om. PB m. 1, et cum sequenti Campanus; de
Herone^ dubium est (def 127, 7). nusquam usurpatur. 15.
LGiov uvtots V.

^
rcTcoj»] Uov <p (uou F). 16. ysvrjtaL FV.

25. tooavtanXdaiOt, cp (non F).
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"E0to oTtoCaovv ^eyi^ri xa AB^r^ otco^covovv

fisyed^cjv TC3V E, Z l'6(av xo jtXrjd^og iKaetov exd6tov

LOdxLg TtolkanXd^LOV keya^ ort o^ajiXd^Lov e6tL tb

AB Toi; E, toOavtanXdoLa e6taL xal td AB, F^
6 t^v Ej Z.

^Enel yaQ todxLg e0tl 7tokka7tkd<3LOV tb AB rov

E xal To r^ tov Z, o6a dqa e(5t\v iv ta AB he-

ye&rj i'6a ta E, toCavta Tcal ev tc5 F^ tca tco Z.

dLf]QYi0d^co tb ^ev AB eig td tc5 E fieyed^r} i'aa tdW
10 AH.HB, tb de FJ eig td ta Z i'6a td F©, 0z/.

eOtaL drj lOov t6 nkrjd-og tmv AHy HB t<p Ttkijd-eL

tdov F0, 0z/. xal inel i'6ov i6tl tb ^iev AH tS

E, tb 6e r& Tc5 Z, i'6ov dga t6 AH ta E^ xal td

AH^ r@ totg E, Z. dLd td avtd drj i'6ov i6tl tb

15 HB Tc5 E, xal td HB^ 0A totg E, Z' o6a dga i6tlv

iv Tc5 AB i'6a tc5 E, to6avta xal iv totg AB, F^
i'6a totg E^ Z' 66a7tkd6L0v dga i6tl t6 AB tov E,

to6avta7tkd6La e6taL xa\ td AB^ FA tc5v E^ Z.

^Edv dga ^ OTto^aovv ^eyid-rj o7to6cjvovv fieye-

20 d^cov i'6c3v tb Ttkrjd^og exa6tov exd6tov t^dxig nokXa-

7tkd6L0v, b6a7tXd6L6v i6tLV ^v tmv ^eye&av evog, to-

6avta7tkd6ia e6taL xal td 7tdvta tcov Ttdvtav 07teQ

edet det^at.

?'

25 'Edv 7tQcotov devteQOv i^dxLg
fj

7tokka7tkd-

6. •noXanXuGLOv P. tov] in ras. V. 7. hziv] fisys&r}

sativ V. (isys&T}] om. V. 9. to5] corr. ex x(ov m. 1 B.

laa'] corr. ex ovaa m. 1 V. 10. sig] sl p. tw] corr.

ex Twv m. 1 B. 11. taov] m. 2 V. AH, HB] Pgj; F©,
&zl BVp. 12. r@, &J] Pgj; AH, HB BVp. laov] m.
2 V. 14. To] in ras. p. Emendatio ed. Basil. lin. 13: laa

uQa yial xu AH, FG totq £, Z et lin. 15: %ai xb @J tco Z,
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Sint quotlibet magnitudines AB, FJ quotlibet

magnitudinum E^ Z nu-

j
^ ^ n z/ mero aequalium singu-

lae singularum aeque

multiplices. dico, quoties

multiplex sit AB magnitudinis E^ toties multiplicem

esse AB -{- FA magnitudinis E -{- Z.

nam quoniam AB magnitudinis E et Pz/ magni-

tudinis Z aeque multiplices sunt, quot sunt in AB
magnitudines magnitudini E aequales,. totidem etiam

in r^ sunt magnitudini Z aequales. diuidatur AB
in magnitudines magnitudini E aequales AH, HB et JTz/

in magnitudines magnitudini Z aequales JT©, 0z/.

itaque numerus magnitudinum AH, HB numero

magnitudinum FS^ @A aequalis erit. et quoniam

AH = E et r& == Z, erit AH = E ei AH + F©
= E + Z. eadem de causa HB = E et HB + 0^
= E -\- Z. itaque quot sunt inAB ^iagnitudines ma-

gnitudini E aequales, totidem etiam sunt in AB -\- FAI

magnitudini E -\- Z aequales. itaque quoties multi-

plex est AB magnitudinis E^ toties multiplex erit

etiam AB -\- FA magnitudinis E -\- Z.

Ergo si datae sunt quotlibet magnitudines quotlibet

magnitudinuiti numero aequalium singulae singularum

aeque multiplices, quoties multiplex est una magnitudo

unius, toties etiam omnes omnium erunt multiplices;

quod erat demonstrandum.

11.

Si prima secundae et tertia quartae aeque multi-

ica ccga xal tcc HB, @J necessaria non est. 21. ioTi V. 25.

diVTtQOv cp (non F).

L
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6lov Kal XQitov tstccQrov,
fj

de xal Tts^TCtov

dsvtBQOv L^ccKLg TJCoXXaTtXdOiov xal sxtov te~

taQtoVy xal ^vvtad^sv JtQ(otov xal TCE^Jttov

dsvtsQOv i^dKLg E6taL TtolkaTtkdcLOv xal tQL-

5 tov xal sxtov tstdQtov.

IlQatov yccQ tb AB dsvtsQOv tov F iodmg seto

nollankd^Lov xal tQLtov to ^E tstdQtov tov Z,

i6tG} ds xal jts^Tttov to BH dsvtsQOv tov F icdmg

TtolkankdaLOv xal sxtov tb E@ tstdQtov tov Z* kiyio^

10 otL xal avvtsd-sv JtQatov xal jts^jttov t6 AH dsvts-

Qov Tor r LGdxLg sCtaL TtokkaTtXddLov xal tQLtov xal

SKtOV t6 z/0 tstdQtov tov Z.

"'Ensl yccQ iadxLg iatl TtoXkanXdaLOV tb AB TOt»

r xal tb ^E Tov Z, oaa aQa iatlv iv tc5 AB taa

15 Tra P, toaavta xal iv ta ^E laa ta Z. dLa td

avtd drj xal oaa iatlv iv tc5 BH laa tc5 F, toaavta

xal iv ta E0 l'aa tc5 Z- oaa aQa iatlv iv olcj ta

AH laa Tc5 r, xoaavta xal iv 6'Aco tc5 z/0 taa ta Z-

baanXdaiov ccQa iatl tb AH tov F, toaavtanXdaiov

20 ^OraL xal t6 z/0 toiJ Z. xal avvtsd^lv ccQa nQcotov

xal ns^ntov tb AH dsvtSQOv tov F iadxLg satat

nokkankdaiov xal tQLtov xal sxtov t6 z/0 tstdQtovtov Z.

^Edv ccQa nQ(Dtov dsvtSQOv iadxcg tj nokkankdaLOv

xal tQLtov tstdQtoVj y ds xal ni^ntov dsvtiQov

25 iadxLg nokkankdaLOv xal sxtov tstdQtov, xal avvtsd^sv

nQcjtov xal ni^ntov dsvtiQov iadxLg iatai nokkankd-

aLOv xal tQLtov xal sxtov tstdQtov onsQ sdsL dstl^aL.

6. dsvTSQOv] corr. ex Ssvzsqov V. 13. iatLv P. 16. F]
corr. ex ^ m. 2 F. 17. E0] EBcp. 18. z/0] corr. ex
AH m. 1 P. Z] corr. ex T m. 1 P. 19. sativ P. 20.

t6 TtQcatov P. 21. sGtai'] sgtco B, sati p.
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plices sunt, et quinta secundae sextaque quartae

aeque multiplices, etiam prima quintaque compositae

secundae et tertia sextaque compositae quartae aeque

multiplices erunt.

nam prima j4B secundae F et tertia ^E quartae

Z aeque multiplices sint, et quinta BH secundae F
_B H sextaque E& quartae Z

^^
'

'

' aeque multiplices sint.

r—

1

dico, etiam primam quin-

£ tamque compositas AHsq-
'

'

' cundae F et tertiam sex-

^'
' tamque compositas J®

quartae Z aeque multiplices esse.

nam quoniam AB magnitudinis F ei ^E magni-

tudinis Z aeque multiplices sunt, quot sunt m AB
magnitudini F aequales, tot etiam in ^E sunt magni-

tudini Z aequales. eadem de causa etiam, quot sunt

in tota BH magnitudini F aequales, tot etiam in

E@ sunt magnitudini Z aequales. quare quot sunt

in tota AH magnitudini F aequales, totidem etiam

in tota z/0 sunt magnitudini Z aequales. itaque

quoties multiplex est ^i/magnitudinis JT, toties multi-

plex eiit etiam z/0 magnitudinis Z. itaque etiam

prima et quinta compositae AH secundae F aeque

multiplices erunt ac tertia sextaque z/0 quartae Z.

Ergo si prima secundae et tertia quartae aeque

multiplices sunt, et quinta secundae sextaque quartae

aeque multiplices, etiam prima quintaque compositae

secundae et tertia sextaque compositae quartae aeque

multiplices erunt; quod erat demonstrandum.
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'Eccv TtQcotov devt£QOV L6ccxLg

fi
TioXkaTtkd

6L0V Tcal tQLtov tstaQtov^ Xrjcpd^TJ ds LadxLg

%okka7tkd6La Tov ta jtQcotov xal tQLtov, xal

5 Sl^ toov tCDV Xrjcpd^avtcov ixdtsQOv ixatsQov
LodxLg 86taL 7CoXkanXd0LOV to }i£v Tot» dsvte-

Qov t6 da tov tetaQtov.

JlQCQtov yccQ t6 A devtsQOv tov B iadxLg eOtco

TtoXXanXdaLOv xal tQLtov tb F tetdQtov tov z/, xal

10 elXi^cpd-o tav Ay F ladxLg TtoXXajtXdeLa td EZ, H0'
Xeyca^ otL ladxig eGtl TtokkaTcXdCLOV tb EZ tov B xal

t6 H& tov z/.

'ETtel yaQ tadxtg i6tl noXXaTtkd^Lov tb EZ tov

A xal tb H& Tov P, oCa aQa iotlv iv ta EZ l'6a

15 ta A, to6avta xal iv ta H& ['6a tc5 F. dLrjQT^ed-o}

t6 ^ev EZ elg td ta A fieyed-rj l'0a td EK, KZ, tc

dl H® elg td ta F i'aa td HA, A&' iataL drj i'6ov

tb TtXrjd-og t^v EK, KZ t(p TtXri^eL tav HA, A@.
xal iitel lodxLg iotl TtoXXanXdCLOv tb A tov B xal

20 t6 r tov A, loov de tb ^lv EK ta A, tb dh HA
Tc5 r, iadxig uQa ictl jtoXXaitXdOLOv t6 EK tov B
xal tb HA To{> ^. dtd td avtd dr^ iodxig iotl

TtoXXaTtXdOLOv tb KZ tov B xal tb A@ tov z/. inel

ovv TtQcotov t6 EK devteQov tov B iodxLg i6tl TtoXXa-

25 TtXdOLov xal tQLtov tb HA tetdQtov tov A, £6tL de

xal Tte^Tttov tb KZ devtSQOv tov B i^dxLg itoXXa-

7tXd6L0v xal extov tb A® tetdQtov tov z/, xal 6vv-

4. Tf] om. BVp. 10. eiXi^cpd^ooaccv p. 11. iodxLs iarl

noXXanXccGLOv'] oGttnXaaiov P. B] in ras F. 14. bcxlv]

supra F. Taa] m. 2 P. 15. v,aC] Sij xai' V. 16. to] m. 2 V.
sig ra] in ras. m. 2 V. 20. Ss] (prius) supra m. 2 comp. V.

22. sGtiv P. 23. Tov J] postea add. F. 25. iarLv P.
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III.

Si prima secundae et tertia quartae aeque multipli-

ces sunt, et primae tertiaeque aeque multiplices sumun-

tur, etiam ex aequo^) magnitudinum sumptarum altera

secundae altera quartae aeque multiplices erunt sin-

gulae singularum.

A I
Nam prima A secundae B

_g
et tertia F quartae ^ aeque

X zsint multiplices, et sumantur
£

, uiagjiitudinum A, F aeque

r !— multiplices EZ, H&. dico,

^, EZ magnitudinis B et H®
A magnitudinis z/ aeque multi-

^ '® plices esse.

nam quoniam EZ magnitudinis A et H® magni-

tudinis F aeque multiplices sunt, quot sunt in EZ
magnitudines magnitudini A aequales, totidem etiam

in H@ sunt magnitudini F aequales. diuidatur EZ
in magnitudines magnitudini A aequales EK, KZ, et

H@ in magnitudines magnitudini F aequales HA,
A&. erit igitur numerus magnitudinum EK, KZ
numero magnitudinum HA,A@ aequalis. et quoniam

A magnitudinis B et F magnitudinis z/ aeque multi-

plices sunt, et EK = A, HA = F, erunt EK magni-

tudinis B et HA magnitudinis ^d aeque multiplices.

eadem de causa KZ magnitudinis B et A& magni-

tudinis z/ aeque multiplices sunt. iam quoniam pri-

ma EK secundae B et tertia HA quartae A aeque

1) Hic non proprie ad definitionem rationis Sl' l'aov (17)
respicitnr.
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ted^lv aQa TtQStov xal TCsnTttov t6 EZ devtsQOv toi»

JB L(5amg ietl TtoXXanlaGLOv xal tQLtov xal extov to

H@ tetaQtov tov z/.

^Eav aQa TCQcotov devteQOv L6dxLg
fj

TtolkaitldaLOv

5 nal tQLtov tetdQtov, ^W^V ^^ ^ot; jtQCJtov xal tQLtov

tadKig TtoXXaTtXdata, xal dL^ i'6ov tcav Xr]q)d-evtcjv

ixdtCQOv ixateQov iadxLg e6taL noXXanXdGLOV tb [lev

Tov devteQOv t6 de Tot) tetdQtov ojteQ edsL dei^aL.

,, . ,

*'•,
, ,, ;«

10 Eav TtQatov TtQog devteQOv tov avtov ex^]

Xoyov Tcal tQLtov TtQog tetaQtov, xal td ladxLg

TtoXkanXdoLa tov te JtQcotov xal tQLtov JtQog

Ttt LOdxLg TtolXaTtXddLa tov devteQOv xal te-

tUQtov xad"' oTtoLOvovv Tto XXa7tXa6 La6^ov t6v
15 avtbv e^eL Xoyov Xrjq^d^evta xatdXXrjXa.

IlQcjtov yaQ t6 A TtQog devreQOv t6 B t6v av-

t6v ixetcD Xoyov xaX tQLtov to F JtQog tetaQtov t6

^, xal eiXi^tpd^cs tmv ^ev A^ F iadxLg 7toXXajtXd6La

td Ey Z, tmv dl B, ^ dXXa^ d itvyev^ ladxLg TtoXXa-

20 TtXdaia td Hj0' Xeycj, otL iotlv d)g t6 E TtQog t6

Hy ovttog to Z TtQog t6 &.

ElXrifp^G) yaQ tc5v iiev E, Z iadxLg JcoXXanXdaLa

td K, A, tcov dh H, S dXXa, d etvxev, iadxLg jtoXXa-

7tXd6La td ik/, N.

25 [Kal] inel iadxLg ietl noXXanXdcLOv to [lev E

5. 8b iaditLs noXXcniXoL6i.u tov nqtoTOv «al xqlxov V; cfr.

p. 12, 3—4. 8. dftlai] noifiGai V. 18. TJ corr. ex B F. 19.

Ttt] postea add. m. 2^F. ^ «] m. 2 F. 20. scxiv] om. V. 21.

H iaxLv V. 23. dXXa, a sxvx^v'] mg. m. 2 V. d] supra F.

24. N] in ras. m. 1 p. 25. xat] m. 2 P. saxiv P.



ELEMENTORUM LIBER V. 15

multiplices sunt, et quinta KZ secundae B sextaque

A® quartae z/ aeque multiplices sunt, etiam prima

quintaque compositae EZ secundae B et tertia sex-

taque compositae H® quartae z/ aeque multiplices

erunt [prop. II].

Ergo si prima secundae et tertia quartae aeque

multiplices sunt, et primae tertiaeque aeque multiplices

sumuntur, etiam ex aequo magnitudinum sumptarum

altera secundae altera quartae aeque multiplices erunt

singulae singularum-, quod erat demonstrandum.

IV.

Si prima ad secundam eandem rationem habet

ac tertia ad quartam, etiam primae tertiaeque aeque

multiplices ad secundae quartaeque aeque multiplices

qualibet multiplicatione productas eandem rationem

babebunt suo ordine sumptae.

A Sit enim A : B =
B JTiz/, et sumantur

E. :
1 magnitudinum A, F

H.— 1——
'. aeque multiplices E,

K i 1 Z et magnitudinum

M 1 By A aliae quaeuis

r 1 aeque multiplices H,

j— I @. dico, esse E : H
Z =Z:0.
S—i— !

—

I
sumantur enim

At 7—1 1
magnitudinum E, Z

jV"; ;

!

—

1 aeque multiplices K,

A et magnitudinum H, & aliae quaeuis aeque mul-

tiplices M, N. iam quoniam E magnitudinis A, et Z
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irov A^ to deZ rov P, Tial slXrjTcrca tcov E, Z lod'

ocig TtolkaTtld^ia td K, A, iedxig d^a ictl JtoXXaTtXd-

6lov to K rov A xal to A tov T. did td avtd

drj iadxig iatl itolXaTtldaiov to M tov B xal tb N
5 rov A. Tcal ijteC ictiv dyg t6 A TtQog t6 5, ovtog

Tc r TtQog tb z/, %al ellrjTttai, tcdv fiev A, F iaaTag

TtolXaitldcLa td K, A, tav ds B, A dkla^ d hvx^v,

L^dxLg TtokXaitXd^La td M, iV, el aQa vTteQEXEL t6 K
tov M, vTtaQExsL xal tb A Toi5 iV, nal el i'6ov, l'6ov,

10 xal ei eXattov, eXattov. xai i6tL td ^ev K, A tSv

E, Z i6dmg TtoXkaitXd^La, td d\ M, N tmv H, & dXka,

d etv^ev, i6dxLg noXka7tkd6La' e6tLv aQa chg tb E
TtQbg t6 H, ovtmg t6 Z itQog tb 0. w

'Edv aQa itQ^tov TtQbg devtSQOv tbv avtbv exrj

15 koyov xal tQLtov TtQbg tetaQtov, xal td i^dmg jtokXa-

7tXd6La tov te TtQcotov xal tQLtov itQbg td i6dxLg

7toXXa7tXd6ia tov dsvteQOv xal tetdQtov tbv avtbv

ei^eL Xoyov xad'^ bitOLOvovv 7toXXa7tXa6La6^bv Xrjtpd^evta

xatdXXrjXa' oTteQ edet dst^aL.

20 s\

^Edv ^eyed-og ^sysd-ovg i6dxLg ?} 7toXXa-

7tXd6L0V, 07tSQ dcpaLQsd-sv dcpaLQsd-svtog, xal

t6 XoLTtbv tov XoLTtov i^dxLg ^6taL TtoXXaTtXd-

6L0V, o^aTtXd^Lov i6tL tb oXov tov oXov.

1. Tcov] to F; corr. m. rec. 2. TtoXXaTiXdGiov] jroHa-
nXdaia V, corr. m. 1. 5. ovtoo F. 6. (isv] om. Bp.

7. d] supra F. 10. Post iXartov in P repetantur: Kal
snel vnsQsx^i- tb K tov M huI to A tov N v.al sl i'aov laov

v.al sl sXattov ^Xattov. sativ P. A] e corr. m. 2 F. 12.

d] supra m. 2 P. 16. ts 7iQ(otov] tstdgtov cp (non F).

17. v.a%'' onoiovovv noXXanXaaiaafiov tov avtov s^si Xoyov Bp;
cfr. p. 14 lin. 14— 15. 19. 8st^ai] corr. ex noiriaai V. Deinde add.

Theon: snsl ovv idsix^Vj o^'> ^^ vnsgsx^i tb K tov M, vnsqsx^i
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magnitudinis F aeque multiplices sunt, et sumptae

sunt magnitudinum E, Z aeque multiplices K, A, erit

K magnitudinis ^^ et ^ magnitudinis F aeque multiplex

[prop. III]. eadem de causa M magnitudinis B et N
magnitudinis z/ aeque multiplex est. et quoniam est

A : B = r : ^, et sumptae sunt magnitudinum A, T
aeque multiplices K^ A et magnitudinum 5, z/ aliae

quaeuis aeque multiplices M, iV, si K magnitudinem

M superat, etiam A magnitudinem N superat, et si

aequalis, aequalis est, et si minor, minor [def. 5]. et

K, A magnitudinum E^ Z aeque multiplices sunt, ik/, N
autem magnitudinum if, aliae quaeuis aeque multi-

plices. itaque E : H= Z : ® [def. 5].

Ergo si prima ad secundam eandem rationem

habet ac tertia ad quartam, etiam primae tertiaeque

aeque multiplices ad secundae quartaeque aeque multi-

plices qualibet multiplicatione productas eandem ratio-

nem habebunt suo ordine sumptae; quod erat demon-

strandum.

V.

Si magnitudo magnitudinis aeque multiplex est

atque ablata ablatae, etiam reliqua reliquae aeque

multiplex erit ac tota totius.

nal to A xov N, kuI st l'<sov 1'aov^ >tal sl '^Xatxov slattov^
dfjXov oxL xal bI vnsQixsv to M tov K, vnsQBXBi xat t6 N tov
A, y.ai sl lgov l'aov, %al sl sXatxov k'laxxov, xat dia xovto
iatai %al mg to H nQog to E, ovtoag to @ nQog x6 Z. TIoQiafia,
iv. drj xovxov (pavsQov , oxi iav tsaaaQa ^sysd^rj dvdXoyov 17,

y.al dvdnaXLV dvdXoyov k'ataL (FBV; primum on om. B;
ovtoy pro ovtcog F; semper iXaaaov V; in p non exstant nisi

ultima inde a noQiafia)', idem in P. mg. m. rec. (om. priore
OTt); om. P m. 1, Campanus; cfr. ad prop. VII. 24. x6]
corr, ex xov m. 1 F. x6 oXov] supra p.

Euclides, edd. Heiberg et Menge. II. 2
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Msysd-og yccQ xo AB ^syad^ovg xov F/i iadxLg

£6tcj itoklwjtXdaiov , OTtEQ cccpaLQsd^sv to AE a(paLQE-

d^Bvtog rov FZ' keycj , oti aal Xoltcov to EB Xoltcov

Toi) Zz/ tadxLg £0taL 7ioXka7tkd6LOv, oCajtXdOLOV i6xiv

5 oAov to AB okov Toi> Fz/.

O6a%Xd6L0v ydg £0tL tb AE tov FZ^ tocav-

taTtXd^LOv yeyovitcD xal tb EB tov m.
Kal STtsl lcdKLg £6tl 7toXXa7tXd6LOV ro AE tov

jTZ xal to EB Tov HF, L6dxLg aQa i6tl 7toXXa7tXd-

10 6L0V tb AE tov TZ xal tb AB tov HZ. K£ttaL ^^M
l6dmg 7tolXa7tXd6Lov tb AE tov FZ xal tb AB tov

r^. L6dxLg ccQa i6tl 7tokka7tkd6LOv tb AB ixatsQov

tmv HZ^ r^' l6ov aQtt t6 HZ ttp Fz/. xotvbv d(pij4U

QT^^d^co t6 rZ' loL7tbv aQa t6 HF XoLTta tw Zz/

15 l6ov i6tLV. xal i7t£l l6dxLg i6tl 7tolla7tkd6LOv t6

AE tov rZ xal tb EB tov HF, l'6ov dl t6 HF t6

z/Z, L6dxLg aQa i6tl 7toXka7tkd6LOv tb AE tov TZ
xal t6 EB tov Z^. L6dxLg dl v7t6x£LtaL 7tokka7tkd-

6L0V tb AE Tor TZ xal tb AB toi) T^' l6dxLg aQa

20 i6tl 7tokka7tkd6LOV tb EB tov Zz/ xal tb AB tov

T^. xal koL7tbv ccQa tb EB koL7tov tot) Zz/ l6dxLg

£6tai 7tokka7tkd6LOv, o6a7tkd6L6v i6tLV okov tb AB
okov TOV T^,

^Edv ccQa ^iy^d^og ^^yid^ovg l6dxLg rj 7tokka7tkd6Lov,

25 67t£Q d(paLQ£d^£v d(paLQ£%-ivtog, xal tb koi7tbv tov

koL7tov L6dxLg £6taL 7tokka7tkd6LOv, b6a7tkd6L6v i6tL

xal tb okov tov okov OTtsQ id£L d£i^ai.

4. Zz/] z/Z Bp; Zz/, seq. ras. 1 litt. et Z in ps. V; EZ
in ras. F. iati.v] iati x6 F. 6. iati] iativ oXov, deleto

riXov V. 8. xat inBi — 9 : HF'] om. p; mg. m. 2 B. 9.

EJB] B in ras. F. HF^ corr. m. 1 ex FH V; TH B; rk F.
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Sit enim magnitudo y4B magnitudinis Fz/ aeque

E multiplex atque ablata AE
'

' ' ' ' ablatae FZ. dico, etiam reli-
r z

^i

—

I 1
—1^ quam EB reliquae Zz/ aeque

multiplicem esse ac totam AB totius jTz/.

nam quoties multiplex est AE magnitudinis FZ,

toties multiplex fiat EB magnitudinis FH. et quo-

niam y/£. magnitudinis FZetEB magnitudinis HF
aeque multiplex est^ etiam AE magnitudinis jTZ ei AB
magnitudinis HZ aeque multiplex erit [prop. I]. et

posuimus AE magnitudinis FZ etAB magnitudinis

Fzi aeque multiplices. itaque AB utriusque HZ, Fz/

aeque multiplex est. quare HZ = jTz/. subtrabatur,

quae communis est, FZ. itaque HF— Zz/. et quo-

niam AE magnitudinis FZ et EB magnitudinis HF
aeque multiplex est, et Hr=ziZ, erit AE magni-

tudinis FZ et EB magnitudinis Zz/ aeque multiplex.

supposuimus autem, esse AE magnitudinis FZ et JIB

magnitudinis Fz/ aeque multiplicem. itaque EB magni-

tudinis Zz/ et AB magnitudinis Fz/ aeque multiplex

est. itaque etiam reliqua EB reliquae ZJ aeque mul-

tiplex est ac tota AB totius Fz/.

Ergo si magnitudo magnitudinis aeque multiplex

est atque ablata ablatae, etiam reliqua reliquae aeque

multiplex erit ac tota totius; quod erat demon-

strandum.

UtCv P. 10. AB] B in ras. F. HZ] in ras. BFV. 12.

tarCv P F. 14. Zz^] P, F m. 1; z/Z BVp, Fm. 2. 15.

ItfttV] P; comp. p; hxC BFV. noXlanXaaCoiv cp. 16. HF]
(prius) seq. ras. 1 litt., H in ras. V. 17. z/Z] Z^ P. 20.

iaxCv P. Zz/] (p, z^Z F. 26. iaxiv P.

2*
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'Eav dvo ^eyed-j] dvo ^eys^Sv iadxLg

fi

jtoXlaTCkd^La, xal dg^aLQed^evra tLvd tmv avroav

L6dKLg
fj
TtolXaTcXdaLay ical xd koLTtd toig avxolg

5 rixoL l'6a eotlv rj ladxLg avtcov TtokkaTCkdOLa,

^vo yaQ ^eyed^rj td AB, F^ dvo ^eyed^av tcov

E, Z iadxLg eata TtokkanldaLa^ xal dfpaLQed^evta td

AH^ r® tdov avtiov tav E, Z ledxLg e6tco Ttokkajtld-

6La' XeycOj otL xal koLitd td HB, 0z/ totg E, Z TjtoL

10 l'6a iatlv 1] iadxLg avtcov TtokkaitkdCLa.

"Eoto yaQ TtQoteQOv to HB tfp E l'6ov' keyc},

ott xal to 0z/ Tc5 Z l'0ov iotiv.

KeCc^G} yaQ ta Z l6ov to FK. inel ladxtg

iatl TCokkaTtkdOLOv to AH tov E xal tb F® rov Z,

16 taov 8e to fiev HB tS E, tb de KF ta Z, iadxtg

aQa iatl Ttokkankdatov tb AB rov E xal tb K@
tov Z. ladxLg 8e vnoxeLtaL nokkankdatov tb AB
tov E xal tb Fz/ rov Z* ladxLg aQa iatl nokka-

nkdaLov tb K& tov Z xal tb FA tov Z. inel

20 ovv exdteQOv toov K@, F^ tov Z iadxLg iatl nokka-

nkdaLOv, laov ccQa iatl tb KS ta Fz/. xoLvbv

dgjrjQi^ad-co tb F®' koLnbv ccQa tb KF koLnco ta @A
laov iatCv. dkkd tb Z ta KF iatLv laov xal tb

SA aQa TOJ Z laov iatCv. Sate ei tb HB ta E
25 laov iatCv, xal tb S^ laov ^ataL ta Z.

^O^oCcog drj deC^o^ev, otL, xav nokkankdaLOv
fi

2, 'Edv] seq. ras. 3 litt. F. 5. ^toi] sustulit resarcinatio

in F. 7. iatcaauv p. 8. tcov] (alt.) t6 V, sed corr. 9. td.

Xomd td F. HB'\ in ras. F. 11. HB'] in ras. m. 2 V.

12. @J]J@F. t(a Z] om. P; post l'aov add. m. 2. iati

BV. 13. Tc5] corr. ex to m. 1 p. FK] corr. ex KF m.
2 P. xal insi V. 14. iativ PF. 15. Kr] FK V. 16.
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VI.

Si duae magnitudmes duarum magnitudinum aeque

multiplices sunt, et ablatae quaeuis magnitudines

earundem aeque multiplices sunt, etiam reliquae iisdem

aut aequales sunt aut aeque earum multiplices.

Nam daae magnitudines AB, jTz/ duarum magni-

tudinum E, Z aeque sint multiplices, et ablatae magni-

tudines j4Hj FS earundem E^ Z aeque multiplices

sint. dicp, reliquas HB^ 0z/ aut aequales esse E^ Z
aut aeque earum multiplices.

nam prius sit HB = E. dico, esse etiam @^ = Z.

H ponatur enim FK = Z. quoniam AH
_ '

' ' magnitudinis £J et F magnitudinis Z
aeque multiplex est, et HB == E,

^i-t-i-f—1—1^ Kr=Zy erit AB magnitudinis ^ et

Zi-i j^@ magnitudinis Z aeque multiplex

[prop. IT]. et supposuimus, esse AB magnitudinis

E et Fz/ magnitudinis Z aeque multiplicem. itaque

K0 magnitudinis Z et F^ magnitudinis Z aeque

multiplex est. iam quoniam utraque magnitudo K0,
r^ magnitudinis Z aeque multiplex est, erit K®= F^.
subtrabatur, quae communis est, r@. itaque Kr= @z/.

sed Z= Kr. quare etiam &J= Z. itaque si HB = Ej

erit etiam (d^ = Z.

similiter demonstrabimus, si HB magnitudinis E
hzCv P. 18. t6] tov V, corr. m. 1; om. cp (non F).

iaxCv P. 23. xo\ P m. 1, F m. 1, Bp; tw P m. 2, F m. 2,

V in ras. m. 2. Z] KF V. xm\ P m. 1, F m. 1, Bp; to
Pm. 2, Fm. 2, V in ras. m. 2. ' KT] Z V. to'] xm Bp.

24. 0d\ je P. Tw] t6 Bp. ifaov iaxCv] FB-/ iaxLv
tcov FVp. Bt] P; 0T« Theon (Bg) Vp). 25. kaxCv\ -iv

in ras. P; laxC BV; comp. p. %ai x6 &J laov taxai] mg. P.

&^] corr. ex &A m. 2 P; in ras. m. 2 V; z^0 B.
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tb HB xov E, to0avra7C?.cc6tov eGtai xal to ® /1

tov Z.

'Eav aga dvo ^eyed-r} dvo jieysd^Sv LadxLg ^ rcokka-

7cXa6La, xal acpacQed^Evta tLva tcov avtcjv lodmg ?}

5 TCoXXaTtldaLa, xal td loLitd totg avtotg ijtOL l'aa eatlv

rj iadxLg avtmv TCokXanXdGLa' oiceQ eSec det^aL.

V.

Ta L6a TCQog to avto tbv avtov e^et Ao-

yov xal to avto TCQog td L6a.

10 "Ectco laa ^eye&rj td J, B, dkXo de tc, o etvxev,

^eyed-og tb F' Xsyco, otc exdteQOv tSv A, B iCQbg tb

r tbv avtbv exeL Xoyov , xal tb F iCQog sxdteQOV

TCOl/ A, B.

ECki^q)d-c3 yaQ tmv ^ev A, B iadxLg TCoXlajcldaLa

15 td A, E, tov d^ r dXXOy o hv%sv, nokkaicXdatov tb Z.

^Enel ovv laaxtg iatl TCoXXankdaLOv tb A rov A
xal tb E rov B, laov de tb A ta B, laov aQa xal

tb A rra E. dXXo de, o etvxev, rb Z. Ei aQa

vTceQexet tb A tov Z, vJCeQexet xal tb E tov Z, xal

20 si faov, i'aov, xal ei eXattov, ^Xattov. xat eatt td

^ev A, E tcQV A, B iadxtg jcoXXajcXdata , ro dh Z tov

r dXXo, etvx^v^ TCoXXanXdatov' eattv aQa (og tb A
TCQbg ro F, ovtog tb B iCQbg tb F.

Aeya [(^ijj, ori xal tb E TCQog exdteQOv tcjv A, B
25 rov avtbv exet Xoyov.

5. V.CU ra] td in ras. P. htCv] corr. ex «fftat p. 10.

o] supra m. 2 F. hvxB Vp. 14. ^iv] PF; om. BVp.
15. o] supra m. 2 F. hv^s Vp. 16. ro'] tov m. 2 P.

rov] corr. ex to P. 18. o] m, 2 F. hvxs Vp, ct seq.

ras. 1 litt. F. 20. xat] comp. F, dein add. v.ciC tp. tu\ e
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multiplex sit, aeque multiplicem esse 0^ magni-

tudinis Z.

Ergo si duae magnitudines duarum magnitudinum

aeque multiplices sunt, et ablatae quaeuis magnitu-

dines earundem aeque multiplices sunt, etiam reliquae

iisdem aut aequales sunt aut aeque earum multi-

plices; quod erat demonstrandum.

VIL

Aequalia ad idem eandem habent rationem et

idem ad aequalia.

Sint aequales maguitudines A, B .et alia quae-

A \ z/i 1

1
1

! uis magnitudo F. dico,

B E

:

1
1

1
1 utramque magnitudi-

r Z I 1
:

1 nem y^, 5 ad F eandem

rationem habere, et F ad utramque A^ B.

sumantur enim magnitudinum ^, B aeque multi-

plices ^, -E, et magnitudinis F alia quaeuis multi-

plex Z. iam quoniam z/ magnitudinis A et E magni-

tudinis B aeque multiplex est, et A — B, erit etiam

A = E. et alia quaeuis magnitudo est Z. itaque si

A magnitudinem Z superat, etiam E magnitudinem Z
superat, et si aequalis, aequalis est, et si minor

minor. et magnitudinum y/, B aeque multiplices sunt

z/, E^ et Z magnitudinis T alia quaeuis est multi-

plex. erit igitur

A'.r=B'.r [def. 5J.

dico, etiam E ad utramque magnitudinem A^ B
eandem rationem habere.

corr. p. 21. Z] EZ F. 22. o] om. F; add. m. 2 euan.
Uvi^ Vp. Uxiv\ bis P. 24. 8t\\ om. P.
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Tav yccQ avrcDv xaTaGxevaad^evtcov ofiotrog dst-

lE,o^sv, oti l'6ov sCtl to z/ ta E' aXXo ds tc to Z*

£1 a^a v7t£QB%Ei t6 Z roi5 z/, v7CEQi%ei Tcal ror £J, xal

£^ i6ov^ l'6ov, xal Ei eXattov, eXattov. xai icti to

5 Ijl\v Z tov r TtoXkaTCkdCiov , ta 6\ z/, E tmv A^ B
aXka, a etvxev, i6dxig nolkaTikdaia' £6tiv aga dog tb

r TtQog TO A, ovtog tb F TtQog t6 B.

Td l'6a ccQa jtQog t6 avtb tbv avtbv '£%ei Xoyov

xal t6 at^TO TtQog td t6a.

10 noQi^na.

^Ex 8rj tovtov (pavEQOv, on idv ^Eyid-rj Xivd dvd-

Xoyov
fj,

xal dvditaXiv dvdXoyov £6tai. 07t£Q idEi dst^ai.

V •

Tav dvi6(ov iiEyEd^mv tb ^Ei^ov TtQog xb

15 avtb ^Ei^ova Xoyov £X£i r\7t£Q xb iXaxxov.

xal xb avxb TtQbg t6 ^'AarTov ^ec^ova Xoyov

£X£i 7J7t£Q TtQbg t6 ^£i^OV.

*'E6tco dvi6a iiEyid^rj td AB, F, xal £6tco ^eI^ov

t6 AB, dXXo di, o hvxev, tb z/* XiycD, oti tb AB
20 7iQbg tb z/ iiEi^ova Xoyov £%£i r\7t£Q tb T 7tQbg tb /1,

xal xb z/ 7tQbg xb F /nftjora Xoyov £%£i 7]7t£Q 7tQbg

xb AB.
'E7t£i yaQ ^£i^6v i6xi xb AB xov T, x£C6d^co xip

r l'6ov xb BE' xb dri £Xa66ov xciv AE, EB 7toXXa-

I

Yin. Hero def. 125, 6. Schol. in Pappum UI p. 1175, 21.

1. b(ioi(os dri P. 3. xat] (prius) xo Z xat P; xai t6 Z F.

4. ^XccGGOv iXacaov V. xat iari] xat iariv P; ian ds F.

6. aUa a] cp. hvxBv] ir- supra cp. 7. ovrcos] corr.

ex ovroa m. 2 F. 9. ta i'ca] rd i'aa orc- tp. 10. noQiana — 12

:

^Gzai] P; om. Theon (BFVp); cfr. ad prop. IV.
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nam iisdem comparatis similiter demonstrabimus^

esse z/ = K et alia quaenis magnitudo est Z. itaque

si Z magnitudinem /i superat, etiam magnitudinem

E superat, et si aequalis, aequalis est, et si minor

minor. et Z magnitudinis T multiplex est, et ^, E
magnitudinum A^ B aliae quaeuis aeque multiplices.

quare F : A = F : B [def. 5].

Ergo aequalia ad idem eandem habent rationem

et idem ad aequalia.

Corollarium.

Hinc manifestum est, si magnitudines proportio-

nales sint, easdem e contrario proportionales esse.^) —
quod erat demonstrandum.

VIII.

Ex inaequalibus magnitudinibus maior ad idem

maiorem rationem habet quam minor; et idem ad

minorem maiorem rationem babet quam ad maiorem.

Sint inaequales magnitudines AB, T, et maior sit

AB, alia autem quaeuis magnitudo sit z/. dico, esse

AB: zJ> T: z/ et z/ : r> z/ : ^5.
Nam quoniam AB> F, ponatur BE = F. itaque

minor magnitudinum AE, EB multiplicata aliquando

1) Quia et A : r = B : r et r : A = r : B. ceterum hoc
corollaririm recte hic coUocatur in P; nam si post prop. IV
fuisset, ubi Theon id posuit, alteram partem demonstrationis

p. 22, 24 sq. superuacuam futuram fuisse, acute obseruauit
Augustus n p. 331. om. Campanus.

18. fiBitov] ro (ji^iiov P. 19. AB] P, Fm. 1, V m. 1;

AB zov r Bp, F m. 2, V m. 2. hvxs Vp. 20. x6 J] (prius)

To in spatio 4 litt. cp. 23. AB] B in ras. p. tw] to cp

(non F). 24. to] (prius) tw cp (non F).
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Tclaaialo^evov £6xai noxe xov A ^st^ov. £6x03 jtQO-

X6QOV xb AE eXaxxov xov EB, Kal TteTCoXkaTtkaa10.6^0

xo j4E, xal e6XG) avxov 7to?.XajtXd6LOv x6 ZH ^et^ov

ov xov z/, xal bca^XddLov e6xL xb ZH xov AE, xo6av-

5 xaTtXd^LOv yeyovexo) xal xb ^ev H& xov EB xb de

K xov jT* Tcal eLlrjcpd^c) xov ^ dtTtkdeLov ^ev xb A,

xQLTtldOLOv de xb M, xal e^ijg evl jtXetov^ ecog av xb

Xa^pavo^evov itollanXdaLOv ^ev yevrixaL xov z/, 7tQ(o-

xcog de ^et^ov xov K. eLXrjcpd^G), xal edxcj xb iW|

10 xexQajtXd^LOv ^ev xov z/, TtQdxag de ^et^ov xov K.

'Enel ovv xb K xov N nQcoxcog eGxlv eXaxxov, xb

K aQa xov M ovx iaxLV eXaxxov. xal enel lodxLg

eaxl itoXXanXdaLOV xb ZH xov AE xal xb H® xov

EB, iadxLg aQa iaxl TtoXXanXdaLOv xb ZH xov AE
15 xal xb Z@ xov AB. ladxLg de iaxL itoXXanXdaLOv

xb ZH xov AE xal xb K xov F' ladxLg aQa iaxl

TtoXXaTtXdaLOv xb Z® xov AB xal xb K xov F. xd

Z@, K ccQa xcov AB, F iadxLg iaxl noXXaitXdaLa.

TtdXtv, iitel tadxig iaxl TtoXXaitXdaLov xb H@ xov

20 EB xal xb K xov T, laov de xb EB xa T, taov

ccQa xal xb H® rc5 K. xb d% K xov M ovx iaxLv

eXaxxov ovd^ ccQa xb HS xov M eXaxxov iaxLv.

fiet^ov de xb ZH xov z/' oXov aQa xb Z® avvafi-

cpoxeQov x(ov z/, M iiei^ov iaxLv. dXXa avva^cpoxeQa

25 xd z/, M Tc5 N iaxLv laa, ijteLdi^TteQ xb M xov z/

1. itoxs\ mg. F. S. AE] F; AE acag ov z6 ysvofisvov

(iSL^ov ysvrixui xov d Theon (BFVp; in F ov corr. ex clv\

yiv6[isvov V, F m. 2). 5. x6 ds] xat x6 Bp. 6. xov] (alt.)

x6v n (non P); to F, corr. m. 2. 7. nXstov] V m. 1; nXsiovq

BFpw, V m. 2. uv] ov V. 13. H@] @H Bp et FV in

ras. m. 2. xov] postea insert. F. 14. Ante Zif ras. 1

litt. F. 15. Z@] Z in ras. m. 2 V. AB] A in ras. m. 2 V.

19.s6XLvF. 20. EB] ^B F. to] (alt.) corr. ex tw m. 2 P.
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maior erit magnitudine A [def. 4]. sit prius AE<,EB,
„ et multiplicetur AE, et sit mul-

^i— i 1^ tiplex eius Zif maior magnitu-
' dine z/, et quoties multiplex est

2,
, ^ I

^0 ZH magnitudinis AE, toties

X , ,
,

multiplex fiat H@ magnitudinis

EBetK magnitudinis F, et su-

matur ^ = 2 z/, ikf= 3 z/, et

deinceps multiplices per unum
crescentes, donec sumpta mag-

I I

nitudo multiplex fiat magnitu-

dinis z/ et prima maior magnitudine K. sumatur, et

sit N, quadruplex magnitudinis z/ et prima maior

magnitudine K.

iam quoniam K magnitudine N prima minor est,

K magnitudine M minor non est. et quoniam ZH
magnitudinis JE et H® magnitudinis EB aeque multi-

plex est, erit ZH magnitudinis AE et Z® magni-

tudinis AB aeque multiplex [prop. I]. uerum ZH
magnitudinis AE et K magnitudinis F aeque multiplex

est. itaque Z& magnitudinis AB et K magnitudinis

r aeque multiplex est. quare Z@, K magnitudinum

AB, r aeque multiplices sunt. rursus quoniam HS
magnitudinis EB et K magnitudinis F aeque multiplex

est, et EB = F, erit etiam H0 = K. uerum K
magnitudine M minor non est. itaque ne H& qui-

dem magnitudine M minor est. sed ZH^A. ergo

Z@> A -\- M. sed^ + M= N, quoniam M= 3 z/

22. ovSi comp. p. iatt, PVp. 23. to] (prius) om. V.
25. N] in ras. V. loa ioTLV F.
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T^LTcXdaiov iaxLv, 6vva^g)6t£Qa ds xa M, ^ xov ^
£0X1, xexQa7iXd6ia, e6XL ds xal xb N xov z/ xsxQa-

JtXdaLOV 6vva^q)6x£Qa aQa xa M, z/ tw JV l'0a £<5xlv.

dXXd xo Z® xcov M, z/ y^et^ov £6xlv' x6 Z® aQa

5 xov N v7C€Q£X£i' xo d£ K xov N ovx V7C£Q£X£L. xaC

£6XL xd ii£v Z&, K x(ov AB, F ladxLg jtoXXaTtXdOLa,

x6 d£ N xov z/ dXXo, £xv%£v, TCoXlanXdaiov' xo

AB aQa JtQog x6 A \i£it,ova Xoyov £%£i ^TteQ x6

TCQog xo z/.

10 Aiyco drj, oxi xal x6 /i 7CQ6g x6 T ^£i^ova Xoyov

£X£L 7J7C£Q x6 Z/ TCQ^g x6 A B.

Tciv yaQ avxmv xaxa6x£va6^£vx(ov o^OLog d£L-

io^£Vy oxL x6 nhv N rou K v7C£qsx£l, x6 d^ N xov

Z@ ovx V7C£Q£X£L. xaC £6XL x6 ^£v N xov A TtoXXa-

15 7cXd6L0v, xd 6£ Z@, K xcjv AB, F dkla, d £xvx£v,

iedxLg 7toXXa7tXd6ia' x6 A aQa 7tQ6g x6 F fi^C^ova

XoyOV £X£L 7]7t£Q x6 A TCQ^g x6 AB.
'AXXd dr} x6 AE xov EB ^^l^ov £6xco. x6 drj

eXaxxov x6 EB 7CoXXa7cXa6Lat,6iL£vov £6xaL 7C0X£ xov

20 z/ ^£L^ov. 7C£7CoXXa7cXa6Ld6d-cj , xal £6tco x6 H&
7toXXa7tXd6LOv ^£v xov EB, ii£l^ov d£ xov /1' xal

66a7cXd6L6v £6xL x6 H@ xov EB, xo6avxa7cXd6LOV

y£yov£xco xal x6 fiev ZH xov AE, x6 dl K xov F.

o^oCcog dr] d£C^o^£v, oxl xd Z@, K xcov AB, F L6dxLg

25 £6x1 7CoXXa7cXd6La' xal £iXi^cpd^co o^oCcog x6 N 7CoXXa-

7cXd6Lov ^£v xov z/, TCQcoxcog dh ^et^ov xov ZH'

1. ifftiv] B, comp. p; om. F; iazL PV. dt'] om. Fp;
m. rec. B. M, J] J, M P. 2. t6] corr. ex tov m. 1 V.

3. ictiv i'Ga FV. 4. t(ov'] tm K V. M, z/] z/, M P.

icti BV. Z0] ZE qp. 7. hvxs (p (non F) Vp. 8. apa]
m. 2 F. 12. $7j SsCiofisv P. 13. ^sv] m. 2 F. 14. ovx]
corr. ex ov-n m. 2 P. 15. tcc] to Fp. Z0, K] litt. (9, K in



ELEMENTORUM LIBER V. 29

etiVf+z/ = 4z/etiV=4z^: itaque M -{- Zl = N.

sed Z0>M+ ^. itaque Z& magnitudinem iVsuperat.

K autem magnitudinem N non superat. et Z®.K
magnitudinum AB^ F aeque multiplices sunt, JV autem

magnitudinis z/ alia quaeuis multiplex. itaque AB
:z/>r:z/[def. 7].

dico igitur, esse etiam ^ : F > ^ : AB. nam

iisdem comparatis similiter demonstrabimus, N magni-

tudinem K superare, Z® autem magnitudinem non

superare. et N magnitudinis z/ multiplex est, Z®, K
autem magnitudinum AB, F aliae quaeuis aeque mul-

tiplices. itaque J :r> J: AB [def. 7].

E iam uero ^ii AE^ EB. ita-

^

'

' '-^ que minor magnitudo EB multi-

^ '

„ plicata aliquando magnitudine

Z !
1
—!—10 A maior erit [def. 4]. multipli-

K — I
—

1

cetur^ et sit H0 magnitudinis

^i 1 EB multiplex et magnitudine

A\ 1
1 A maior. et quoties multiplex

jjf, ,
, est H® magnitudinis EB^ toties

jV"! 1
—

1

1-

—

\ multiplex fiat ZH magnitudinis

^^etiir magnitudinis F. iam similiter demonstrabimus,

Z@j K magnitudinum AB, jTaeque multiplices esse. et

similiter sumatur N magnitudinis z/ multiplex et

prima maior magnitudine ZH. quare rursus ZH

ras. m. 2 V. «J m. 2 F. 18. xov EB iLii^ov Uttii] P;
(lii^ov ^Gt(o tov EB BVp; tov EB m. 1 F, seq. (isi^^ov i'at(o

tov EB cp. to drj i'laTtov tb EB] noXXanltt cp. 20,

ntnoXXaTiXaGLda^ai] post ns- ras. 2 litt. F. 23. iibiv~\ qp iii

spatio plurium litt. to\ in ras m. 1 p. 24. ra] to cp

(non F).
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u^^C36ts Ttdkiv tb ZH Tov M ovx iativ sXaeaov. ^i

t,ov ds to H@ tov z/' olov aga to Z® tmv z/, A/,

tOVtB6tL tOV N, VTtSQSXSL. TO ds K tOV N OVX VTtSQSXSlj

s7Cstd7]7tSQ Tcal to ZH lisllov ov tov if0, tOVtS6ti

5 Tou K^ tov N ov% vTtSQSxsi. Tcal (O0avtcog Kata-

TioXov^ovvtsq totg STtdvo) TtsQatvo^sv trjv dTtodsi^cv.

Tav ccQa dviCav iisysdSv to ^st^ov JtQog tb avtb

^isiiova koyov sxst 7]7tsQ tb sXattov xal tb avtb

TtQog To fAaTTOv ^si^ova koyov s^si rinsQ JCQbg tb

10 fist^ov OTtsQ sdsi dst^ai.

4
Td TtQbg t6 avtb tbv avtbv sxovxa koyov

l'0a «AAr/Aoig s0tiV xal TtQbg d t6 avtb tbv

avtbv sxsi XoyoVy ixstva l'6a iotCv.

15 'Exstco yaQ ST^dtsQov tcov A., B TtQbg t6 F tbv

avtbv koyov Isyco^ oti l'0ov ictl tb A tc5 B.

Ei yaQ fii], ovx dv sxdtSQOv tcov A, B JtQbg tb F
tbv avtbv slxs Xoyov sxsi ds' i'0ov aQa iotl tb A
Tc5 -8v

20 ^Exstco drj Ttdkiv tb F JtQbg sxdtSQOv tcov A, B
tbv avtbv Xoyov Xsyo, oti l'6ov iatl tb A ta B.

Ei yaQ /Lt?J, ovx dv tb F TtQbg ixdtsQOv tcov A, B
tbv avtbv slxs Xoyov sxsi 6s' l'6ov aQa i0tl t6 A
tco B.

25 Td aQa TtQbg tb avtb tbv avtbv s^ovta Xoyov

tea dXXriXoig i0tiv xal itQbg d tb avtb tbv avtbv

sxsi Xoyovy ixstva l6a iativ otceq ^dsc dst^ai.-

1. ov-K satLv iXciGOov] iirj eXacGov stvaL P, iXaxTOv Fp.
2. Tfflv] Tov Bp. 3. TOVTeOTiv P. ovx vnsQSxsi] vnsQS-

XSi ovdafimg V. 4. insid^nsQ — b-.vnsQSx^i] mg. m. 1 F.
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magnitudine M minor non est. et H® > z/. itaque

Z& > J + M, h, e. Z& > N, K autem magni-

tudinem N non superat, quoniam ZH, quae maior

est magnitudine H&, h. e. maior magnitudine K,

magnitudinem N non superat. et eodem modo

superiora sequentes demonstrationem conficimus.

Ergo ex inaequalibus magnitudinibus maior ad

idem maiorem rationem habet quam minor-, et idem

ad minorem maiorem rationem habet quam ad maiorem;

quod erat demonstrandum.

IX.

Quae ad idem eandem habent rationem, inter se

aequalia sunt; et ad quae idem eandem habet rationem,

ea aequalia sunt.

A B Sit enim ^ : r= 5 : r. dico,

r esse A = B.

nam si minus, non esset A : F= B : F [prop. VIII].

at est. itaque A = B.

iam rursus sit F: A = F: B. dico, esse A = B.

nam si minus, non esset F : A = F :B [prop. VIII].

at est. itaque A = B.

Ergo quae ad idem eandem habent rationem,

inter se aequalia sunt; et ad quae idem eandem habet

rationem, ea aequalia sunt; quod erat demonstrandum.

4. or] corr. ex mv m. 2 P. 5. tov'] (prius) P; rd BFVp.
xatayioXov^ovvTEg] bis P; corr. m. 2. 6. dnoSsLl.iv] post

dno- spatium 1 litt., in quo m. 2 inser. Ss F. 8. ro ^Xattov
— 9: rinBQ] mg. m. 1 P. 1.3. htCv] F; comp. p; lcTt PBV,

«] euan. F. 14. '/.dyisiva V. 17. ju-r;] jLtftJov tp. 18.

illt\ in ras. Pg), slxsv B. ^x^l] ^ri cp. 23. 81x8] in ras. P;

ix^L B; ixv F. iatLv F. 26. iattv] comp. Fp; iatt PBV.
27. y.dKSiva V.
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i .

Tmv TtQog xb avxb loyov ixovxav xb fisi-

^ova koyov sxov ixetvo ^et^ov iCxiV TtQog o

ds xb avxb (isi^ova Xoyov sxsi^ ixstvo ikaxxov

5 i6XiV.

^E%ixa yccQ xb A TtQbg xb T ^sC^ova Xoyov ^tzsq

xb B TtQbg xb T' Xsyco^ oxi ftarfov icxl xb A xov B.

El yccQ fii], TJxoi t6ov i6xl xb A rc5. B ij ^Xa6-

Cov. t6ov ^sv ovv ovx iaxL xb A xa B' sxdxsQOV

10 yccQ av xSv A, B JtQbg xb T xbv avxbv slxs koyov.

0V7C sxsi ds' ovx ccQa t6ov i6xl xb A rc5 JB. ovds

^r^v sla666v i6xi xb A xov B' xb A yccQ av TtQbg

xb T ikd66ova koyov slxsv i]7tSQ xb B nQog xb T.

ovx ^xsi di' ovx aQa ila666v i6xi xb A xov B.

15 idsix^T^ d^ ovds t6ov' fist^ov ccQa i6xl xb A xov B.

'Exixo drj Ttdliv xb T TtQbg xb B ^si^ova X6yov

i]7tsQ xb T TtQbg xb A' Xiyco, bxi iXa666v i6Xi xb

B xov A.

El yccQ iirj, ijxoi t6ov i6xlv rj fist^ov. t6ov ^lv

20 ovv ovx i6xi xb B xa A' xb T yccQ dv TtQbg sxdxs-

Qov xcov A, B xbv avxbv slx^ X6yov. ovx ix^i 8s'

ovx ccQa t6ov i6xL xb A xa B. ovds ^rjv ^st^bv

i6XL xb B xov A' xb T yuQ dv TtQbg xb B iXd66ova

kbyov SLX£v rJTtsQ TtQbg xb A. ovx ix^L ds' ovx aQa

25 fist^bv i6XL xb B xov A. idsCx^ri ds, oxl ovds t6ov'

skaxxov ccQa i6xl xb B xov A.

Tcov ccQa TtQbg xb avxb X6yov ixovxoov xb fisCiova

2. ro zov (isi^ovu V. 3. iaxiv] P, comp. p; iatL BFV.
7. to A (isitov soti Bp. to] tov V, sed corr. tov]

corr. ex to V. B] in ras. m. 2 P. 8. iotL] cp, iatCv F.

Tc5] tov P. ilattov F. 9. ovv] PV; om. BFp. iotiv B.
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X.

Eorum, quae ad idem rationem habent, quod

maiorem habet rationem, id maius est; et ad quod

idem maiorem habet rationem, id minus est.

A\ ! Bi 1 Sit enimA:r> BxT, dico,

Pi , esse A^ B.

nam si minus, aut A = B, aut A < B, uerum

non est A = B-^ tum enim esset A : F = B : F
[prop. YII]. at non est. quare non est A = B.

neque uero A <. B\ tum enim esset A : F <. B : F
[prop. VIII]. at non est. quare non est A < B.

sed demonstratum est, idem ne aequale quidem esse.

itaque A> B.

sit rursus F: B> F: A. dico, esse B < A.

nam si minus, aut B = A aut B > A. uerum

non est B = A-^ tum enim esset F : A = F : B
[prop. VII]. at non est. itaque non est A = B.

neque uero B> A] tum enim esset F : B < F: A
[prop. VIII]. at non est. quare non est B> A. sed

demonstratum est, idem ne aequale quidem esse.

itaque B < A.

Ergo eorum, quae ad idem rationem habent, quod

10. elxs] h^i B; F, corr. m. 2.
^

12. Uatxov F. 13. rov

ildooova V; ilccTrova F. stxs Xoyov P. 14. sXccrrov F.

sorL] m. 2 F. 15. Ss on V. Post B repetuntur in F :

idELX^V Ss ov8e loov [lEt^ov ccqu ro A rov B. 17. sXarrov

F. 20. A] in ras. m. 1 B. ydg] insuper comp. add. m.
2 V; ccQa B. 21. slxs] g); stxsv PB; sxsl F. 22. sori"]

iorCv P; comp, F addito iori cp. ro] rtp Y.. ra] ro V.
23. ionv P. To] (prius) rov V, corr. m. 1. iXccrrova F.

25. ov8' qp (non F), -s in ras. m. 1 B. 26. sXarrov] cp, seq.

ov m. 1; sXaooov P. 27. ro] (alt.) om. qp. (isitova] qo,

seq. ova m, 1, eras.

Euclides, edd. Heiberg et Menge. II. 8
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koyov sxov ^st^ov iatLv' xal JiQog o xo avro ^SL^ova

Xoyov ex^L, ixetvo skattov ictiv' otcsq edsL det^ai,

r

la .

OC Tc5 avta k6y(p ou avtol xal dXXi]loLg

5 eLslv ot avtoL
*'E6tco6av yaQ cog ^ev to A TiQog to B, ovtog

To r TtQog to z/, a)g 6e tb F nQog tb z/, ovtcog tb

E TCQbg t6 Z' key(X), otv i0tlv (hg tb A nQbg tb By

ovtog t6 E TtQbg tb Z.

10 ElXrjcpd-o yccQ tcoi/ A, F, E L^dxLg 7tokkanXd6La

ta H, @, K, rcov de B, ^ ^ Z akka, a etvxsv, Mmg
nokkankd6La xa A, M, N. l

Kal ineC i6tLv og tb A n^bg tb B, ovtog tb

r nQbg tb ^, xal eikrjntaL tcov ^ev A, F i^dxLg

IB nokkankd6La td H^ @, t(Bv de B, ^ dkka, d hvxev,

L6dxLg nokkankd6La td A, M, el aQa vneQexsL tb

H tov A, vneQexBL xal tb @ tov iVf, xal el i'6ov

i6tLV^ tCov^ xal el ikkeCneL^ ikkeCneL. ndkLv, ineC

i6tLV (hg t6 r nQbg t6 A, oyTog t6 E n^bg t6 Z,

20 xal eikrintaL tov jT, E l6dxLg nokkankd^ia td 0, K^

Tcov de z/, Z «AAa, d hvxsvy l6dxLg nokkankd6La

td M, N, el aQa vneQexsL tb @ tov M, vneQexsi

xal tb K Toti N, xal el i'6ov, l'6ov, xal et ekattov,

ekattov. dkkd el vneQet^e tb tov M, vneQetxe

25 xal t6 H tov A, xal el C6ov, i'6ov, xal el ikattov,

«

1. icTivlB, comp. p; iozL PFV. 2. iXaaaov PBVp.
4. X6yco'\ P m. 1, F, Vm. 1; Xoyov Bp, Pm. 2, cp, Vm. 2.

6. ovta P. 11. z/, Z] Z, ^ F. aj e corr. F. 12. za]

xd H, 0, K rd P, corr. m. 1. 14. (liv] m. 2FV. . T] in

ras. m. 2 P. 15. H] in ras. m. 1 p. ^
5f] pm. cp. -B, J']

H, J (p (non F). dXXa lodnLs noXXanXdaia d hvxs V. d]
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maiorem habet rationem, id maius est; et ad quod

idem maiorem liabet rationem, id minus est; quod

erat demonstrandum.

XI.

Quae eidem rationi aequales sunt rationes, etiam

inter se aequales sunt.

Sit enim A : B = T : ^ et T : J = E : Z. dico,

A\ 1 r\ 1 Ei— 1 esse ^ : -B= ^: Z.

B\ 1 J\ 1 Zi-i sumantur enim

H\ 1 1 01 1 1 K\—\—\ magnitudinum J,

A\ 1 1 \M\ 1
1 1 JYi—I—1— I JT, £Jaeque multi-

plices H, 0, K et magnitudinum B^ z/, Z aliae quaeuis

aeque multiplices A^ M, N.

et quoniam A : B = F : ^, et sumptae sunt magni-

tudinum ^, F aeque multiplices H, @ et magnitudinum

B, z/ aliae quaeuis aeque multiplices A, M, si H
magnitudinem A superat, etiam & magnitudinem M
superat, et si aequalis, aequalis est, et si minor,

minor [def. 5]. rursus quoniam r:^ = E:Z, et

sumptae sunt magnitudinum F, E aeque multiplices

0, K et magnitudinum A, Z aliae quaeuis aeque multi-

plices M, N, si magnitudinem M superat, etiam K
magnitudinem N superat, et si aequalis, aequalis est,

et si minor, minor [def. 5]. sed si magnitudinem

M superabat, etiam H magnitudinem A superabat^),

1) Imperfectum recte se habet; refertur enim ad ea, quae
iam lin. 16 sq. dicta sunt; cfr. p. 50, 13.

m. 2 F. 17. H] in ras m. 2 V. 20. tcov fisv P. K, jp.

21. J] K, zj F, sed corr. «] m. 2 F. 22. tov] m. 2 V.

^
24. ccXXccbI — 25: sXuttov (alt.y mg. m. 2 FV {dXX'). 24.

vnBQBix^] vTCiQELX^v corr. ex vtcsqsxsl m. 1 P; vnsQSXft BF Vp.
vnsQstxsj p; vnsQStx^v PB; vnsQSXBi' FV.

3*
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eXccttov' Sots xal el vTteQexei to H tov A, vneQe%eL

Tcccl tb K tov iV, nal el laov^ l'0ov, xal ei ekattov,

elattov. %ai e<5ti ta \iev H, K tcjv A^ E Ladxcg

TtoXlanldOia^ ta 8e A, N tcov B, Z alla^ a etvxev,

5 L^dxLg TioXXajtXdCLa' eOtLv a^a dig tb A TtQog to B,

ovtcog tb E Ttgbg tb Z.

Ol aQa ta avtcj XoycD ot avtol xal dXXriloLg etclv

OL avtoL' oTteQ edet det^aL. ^m

10 'Edv ri OTtoaaovv ^eyed-ri dvdXoyov, eOtaL

mg ev tmv rjyov^evcov TtQog ev tmv eTto^evov,

ovtag ccTtavta td rjyov^eva Ttgbg dnavta ^JII

enofieva.
^"

"E6tG)6av bno6aovv ^eyed-rj dvdXoyov td A, B, F,

15 ^, E, Z, cog tb A n^bg tb B, ovtag tb F n^bg tb /1,

Tcal tb E n^bg tb Z' Xeyco, ott e6tLV cSg tb A n^bg

tb B, ovtog td A, F, E n^bg td B, A, Z.

ElXi^cpd^cj yuQ tav iihv A, F, E ladxLg noXXanXd-

6La td H, @, K, tmv de B, ^, Z dXXa, d etv%ev,

20 iadmg noXXanXdCLa td A, M, N.

Kal enei idtLV d>g tb A n^bg tb B, ovtog tb

r n^bg tb /1, xal tb E n^bg tb Z, xal eiXrjntaL

toov ^ev A, r, E Ledxtg noXXanXd6La td H, @, K
toov de B, A, Z dXXa, d etv^ev, icdxLg noXXanXd6La

^h td A, M, N, ei aQa vneQe%eL tb H tov A, vneQexsL

xal tb tov M, xal tb K tov N, xal ei l'6ov, l'6ov,

XII, Eutocius in Archim. III p. 136, 25.

2. sXaoaov, tXaaaovY. 4. Z]z/P. d] supraF. 7. Xoym']

P; Xoyoi BFVp, 16. icriv] om. F. 17. rcc] xo F. ra]
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et si aequalis, aequalis est, et si minor, minor.

quare, si H magnitudinem A superat, etiam K mag-

nitudinem N superat, et si aequalis, aequalis est,

et si minor, minor. et H^ K magnitudinum A, E
aeque multiplices sunt, et ^, iV magnitudinum 5, Z
aliae quaeuis aeque multiplices; erit igitur Ai B = E: Z
[def. 5].

Ergo quae eidem rationi aequales sunt rationes,

etiam inter se aequales sunt; quod erat demonstrandum.

XII.

Si quotlibet magnitudines proportionales sunt, erit

ut una praecedentium ad unam sequentium, ita omnes

praecedentes ad omnes sequentes.

Sint quotlibet magnitudines proportionales A^ B^

r, A^ E, Z, iia. nt sitA :B = r:^= E: Z. dico, esse

A:B = A + r+E:B + ^ + Z.

sumantur enim magnitudinum A, F, E aeque multi-

A\ 1 Fi 1 E\ 1

B\ 1 d\ 1 Zi

—

I

H\ 1 A 1-
1

01 1 M\ 1

K\ 1 N\ 1

plices i/, @, K et magnitudinum B^ z/, Z aliae quaeuis

aeque multiplices A^ M, N. et quoniam est A : B
= F: A= E:Z, et sumptae sunt magnitudinum A^ F,

E aeque multiplices H, 0, K et magnitudinum B, A, Z
aliae quaeuis aeque multiplices A, ikf, iV, si H magni-

tudinem A superat, etiam magnitudinem M superat

To F, sed corr. B] postea insert. F. 19. a] m. 2 F. 23.

fitv] om. Bp. 24. a] m. 2 F. 25. H] in ras. F.
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"

Kal £i slattov, ekattov. Sots xal et vjteQExsL tb

H tov A^ v7C£Qsx£i ^al ra H, 0, K tcov A, M, N,

xal sl i'0ov, l'6a, xal sl slattov, sXattova. xaC sGtu

to iisv H Tcal ta H, 0, K tou A xal tcov A, F, E
5 ladms TCollaTtldaLa, STCsidi^TtsQ idv ij oTCoaaovv ^sysd^t}

OTCo^covovv fisysd^oov i'6c3v ro Tclrj^og sxactov sxdctov

iodmg JcoXXaTtXd^LOv, oOaTcld^Lov sCtiv ^v tcjv ^sys-

d-(ov svog, toOavtaTcldGia sOtat xal td jcdvta tcov

Tcdvtcov. dcd td avtd drj Tcal to A xal td A, M, iVll

10 tov B xal twv B, ^, Z iadxig i^tl TCollanldoia'

s6tLv aQa cog to A TCQog tb B, ovtcog td A, F, E „
TCQog td B, ^, Z. fl

'Edv ccQa ri ojcoCaovv fisysd^rj dvdXoyov, ^atac

Sg sv tmv rjyov^svov TCQog ^v tcov STCOfisvcov, ovtcog

15 dnavta td rjyovfisva TCQog dnavta td STCo^sva' otcsq

sdsL dsL^aL.

'Edv TCQcotov TCQog dsvtSQov tov avtov ixV
loyov xal tQctov TCQog tstaQtov, tQitov dh

20 TCQog tstaQtov ^SL^ova koyov sxi] ^ ns^TCtov

TCQog sxtov, xal TCQmtov TCQog dsvtSQov ^si^ova

Xoyov s^SL ri jcs^ntov TCQog sxtov.

HQcotov yaQ tb A TCQog dsvtsQov tb B tbv avtbv

ixstco Xoyov xal tQLtov tb F jCQbg tstaQtov tb z/,

25 tQLtov ds tb r TCQbg tstaQtov tb A \isit,ova loyov

ixstco rj jcs^TCtov to E TCQbg sxtov tb Z. Isyco, oti

xal nQcotov ro A n^bg dsvtsQov tb B ^si^ova Xoyov

s^SL rinsQ ns^ntov tb E nQog sxtov tb Z.

1. ^Xaaaov ^laaaov V. 2. ra] xo P. tcov] tov P.

3. laoi] i'aov PBp. B7.aaaov fXuaaov P; ^'XazTOv iXaztov Bp.
5. iav] dv P. 6. lacav'] laov BF. 7. noXXanXdaia V.
10. Tov B] litt. B e corr. F. iati] tatai p. 11. tu] t6
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et K magDitudiuem iV", et si aequalis, aequalis est,

et si minor, minor [def. 5]. quare, si H magni-

tudinem A superat, etiam H -{- ® -\- K magnitudines

A-^ M-\- N superant, et si aequalis, aequales sunt, et si

minor, minores. iam H magnitudinis AQiH-{-& -\- K
magnitudinum A -\- F -\- E aeque multiplices sunt,

quoniam si datae sunt quotuis magnitudines quotuis

magnitudinum numero aequalium singulae singularum

aeque multiplices, quoties multiplex est una magni-

tudo unius, toties etiam omnes omnium erunt multi-

plices [prop. I]. eadem de causa etiam A magnitudinis

B ei A -\- M -\- N magnitudinum B -\- /d -\- Z aeque

multiplices sunt. itaque

^:5 = ^ + r-|-^:5 + z/ + Z [def. 5].

Ergo si quotlibet magnitudines proportionales

sunt, erit ut una praecedentium ad unam sequentium,

ita omnes praecedentes ad omnes sequentes; quod

erat demonstrandum.

XIII.

Si prima ad secundam et tertia ad quartam eandem

rationem liabet, tertia autem ad quartam maiorem ra-

tionem habet quam quinta ad sextam, etiam prima

ad secundam maiorem rationem habebit quam quinta

ad sextam.

^!
1 r\ 1 M\ !

1 H\ 1
1

B —

!

^\ 1 N\—I
—

I

—
I K\ 1 1 1

Sit enim A : B = T : ^ et T: J > E : Z. dico, esse

etiam A : B > E : Z.

FV. 12. To] TO F. 15. anavxa] (alt.) nccvta P. 20.

fj] P; T]7CBg BFVp. 22. fl P; ^nsg BFVp. 23. fisv yaQ
P. zov BF. 26. 7]] P, Fm. 1; 7]nsQ BVp, Fm. 2. 28. fc'|«]

^Xft P- rinsQ xb E nQog x6 Z P,
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'Ensl yccQ s6tL tivcc tc5v ^sv jT, E iadxLg TtoXXa-

nkd^ia, tSv ds^^Z aXXa, a stvxsv, tadxLg nokka-

7tkd6ia, xal to fisv tov F TtokkaTCkd^Lov tov tov ^
3tokka7tka6iov VTtSQSxsL^ tb ds rov E Ttokkankdalov

5 tOV TOV Z 7tokka7tka0LOV OVX VTtSQSX^i, SikrjCpd^G),

xal s6ta) toov ^sv F, E tadxLg TtokkankdCLa tcc Hj 0,

tcov ds ^, Z dkka^ d stvxsv, l^dxLg TtokkaTtkd^ia

td K, A, S6ts tb n&v H tov K vjtSQSxstVy tb ds &
tov A iiYi vTtSQSxstV xal b6a7tkd6L0v fisv s6tL tb

10 H tov f, to6avta7tkd6LOv s^tca xal tl M tov A,

06a7ckd6L0v ds tb K TOt) z/, to6avta7tkd6LOv s6tco

xal tb N tov B.

Kal iTtsL i6tLv cog tb A TtQog tb 5, ovtcag tb T
TtQbg tb z/, xal stkri^ttaL tc5v ^sv A, F i6dxLg 7tokka-

15 7tkd6La td M, H, tcov ds B, z/ dkka, d stvxsv, l6d-

XLg 7tokka7tkd6La td N, K^ sl aQa v7tSQSX£i tb M
tov iV, v7tSQSX£i' iccil tb H tov K, xal sl l'6ov, l'6ov,

xal sl skattov, skattov. vTCSQSx^t ds tb H rov K*

v7tSQSx£i' dQa xal tb M rov N. tb dh ® tov A ovx

20 v7tSQSX£i'' ^ccL i6tL td fisv M, tav A, E i6dxLg

7tokka7tkd6La, td ds iV, A tciv 5, Z dkka, d stvxsv,

i6dxLg 7tokka7tkd6La' tb aQa A 7tQbg tb B (iSL^ova

koyov ^x^i ij^tSQ t6 E 7tQbg tb Z.

^Edv aQa TtQcotov 7tQbg dsvtSQOv tbv avtbv ixV

1, Post yccQ add. Theon: t6 F nQog tb z/ (isl^ovu Xoyov

^XEL rinsQ xo E nQoq xb Z (BFVp); om. P. 2. xmv 8e z/, Z
— noXXcin\(x6ia\ mg. m. 1 F. 3. xo] corr. ex xd. m. 1 V.

Tov] (alt.) postea insert. m. 2 F. 7. a] supra F. 8.

Ante vn£Qi%Biv ras, 2 litt. V. 9. j^tJ] P; ov it*7J F; ovx
BVp. 15. u] supra m. 2 F. 20. xa] corr. ex xo m. 1 V.

^T in ras. P. 21. xd ds — 22: noXXanXdaia] om. F. 22.

xb aQa A nQog to B] in ras. m. 2 F, seq. uestig. 12 litt.

24. sxsL V.
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uam quoniam sunt quaedam^) magnitudinum F, E
p, aeque multiplices, magnitudi-

num autem z/, Z aliae quaeuis

aeque multiplices, et multiplex

maffuitudinis F multiplicem

magnitudmis z/ superat, mul-

tiplex autem magnitudinis E multiplicem magnitudinis

Z non superat [def. 7], sumantur, et sint magnitudinum

F, E aeque multiplices if, 0, magnitudinum autem z/, Z
aliae quaeuis aeque multiplices K^ A^ ita ut H magnitu-

dinem K superet, autem magnitudinem A non superet.

et quoties multiplex est H magnitudinis J", toties

multiplex sit M magnitudinis A^ quoties autem multi-

plex est K magnitudinis z/, toties multiplex sit N
magnitudinis B. et quoniam est ^ : 5 =^ T: z/, et

sumptae sunt magnitudinum A^ F aeque multiplices

M, H, magnitudinum autem 5, z/ aliae quaeuis aeque

multiplices Ny iC, si M magnitudinem N superat,

etiam H magnitudinem K superat, et si aequalis,

aequalis est, et si minor, minor [def. 5]. uerum H
magnitudinem K superat; quare etiam M magnitu-

dinem N superat. autem magnitudinem A non

superat. et M, ® magnitudinum A, E aeque multi-

plices sunt, N, A autem magnitudinum 5, Z aliae

quaeuis aeque multiplices.^) itaque

A:B> E:Z.
Ergo si prima ad secundam et tertia ad quar-

tam eandem rationem habet, tertia autem ad quar-

1) niv et <Jg lin. 1— 2 inusitate quidem posita sunt,

neque tamen ita, ut ferri nequeant.

2) Cfr. lin. 6—8 cum lin. 9 sq.
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Xoyov Kal tQLtov TtQog xexaQTov^ xqCxov de TtQog

xixttQXOv ^Eit^ova koyov eyri r> itd^Ttxov TtQog exxov,

xal TtQiDXOv TtQog devxsQOv ^si^ova Xoyov £%6l ^
Tts^TCXov TtQog exxov OTtSQ sdsL dst^ai.

5 id\

'Eav JtQCJXOv TtQog dsvx^SQOV xov avxov sxfi

Xoyov xal xqCxov TtQog xsxaQxov, xo ds TtQoo-

tov xov xqCxov [ist^ov T], xal x6 dsvxsQov xov

xsxaQxov ^st^ov iffxuL, xav l6ov, l'0ov, xav
10 slaxxovj sXaxxov.

IjQtBxov yccQ xo A TtQog dsvxsQOV x6 B xov av-

xov sxsxa loyov xal xqCxov x6 F nQog xixaQxov xo

z/, ^st^ov ds saxa x6 A xov T' ksyo), oxl xal x6 B
xov z/ ^st^ov iaxLV.

15 ^Ensl yaQ x6 A xov F ^st^ov sOxlv, aklo di, o

sxvxsv, [^iysd-og] x6 B, x6 A aQa 7tQ6g x6 B nsC^ova

Xoyov sxsL TjTtSQ x6 r 7tQ6g x6 B. cjg ds x6 A 7tQ6g

x6 B, ovxcog x6 F TtQog x6 A' xal x6 F aQa 7tQ6g

x6 A ^sC^ova loyov sxsl 7]7tsQ x6 F 7tQ6g x6 [B.

20 7tQ6g dh x6 avx6 fisC^ova koyov ix^L, ixstvo ska6-

o6v ioxLV iXa66ov aQa x6 /1 xov B' S6xs ^st^ov

i6XL x6 B xov z/.

^O^ioCog dr] dsC^o^sv, oxl xav i'6ov 7] x6 A xa F,

l'6ov s6xaL xal x6 B xa A, xav sXa66ov y x6 A
25 xov r, iXa66ov i6xaL xal x6 B xov z/.

'Eav aQa 7tQaxov 7tQ6g dsvxsQOV x6v avx6v ^XV

Xoyov xal xqCxov 7tQ6g xixaQxov, x6 ds TtQOJXOv xov

xqCxov ^st^ov
fi,

xal x6 dsvxsQOv xov xsxccqxov ^st^ov

66xaL, xav i'6ov, i'6ov, xav iXaxxov, sXaxxov otcsq

30 idsL dst^aL.
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tam maiorein rationem habet quam quinta ad sextam,

etiam prima ad secundam maiorem rationem habebit

quam quinta ad sextam; quod erat demonstrandum.

XIY.

W^ Si prima ad secundam et tertia ad quartam eandem

rationem habet, prima autem tertia maior est, etiam

secunda quarta maior erit, et si aequalis, aequalis erit,

et si minor, minor.

A\ i r\ 1 Sit enim A : B ^ T : ^, et

B\ 1 z/i 1 A^r. dico, esse etiam 5> ^.

nam quoniam est ^ > F, et alia quaeuis magni-

tudo est By erit ^:5>r:5 [prop. VIII]. uerum

A : B = r : ^. quare etiam F : A ^ F : B. sed ad

quod idem maiorem rationem habet, id minus est

[prop. X]. itaque By> A.

similiter demonstrabimus, si A = F^ esse etiam

5 = z/, et si A <C Ff esse etiam JB < z/.

Ergo si prima ad secundam et tertia ad quar-

tam eandem rationem habet, prima autem tertia

maior est, etiam secunda quarta maior erit, et si

aequalis, aequalis erit, et si minor, minor; quod erat

demonstrandum.

2. t6 xftocQTOv B. ^x^t, Ycp. 7]nsQ Vqp. 3. rjnsQ Vqp.
9. xavl xal civ V. xav] Mat av V <p. 13. A] d cp.

15. [iii^ov iazi ro A xov F P. to] corr. ex rov V. tov]
corr. ex to V. 16. hvp Vp. iibys&og] om. P. 20. o]

m. 2 P. ^XttTxov F. 21. huxxov F. 23. ^] supra m. 1 F. 24.
xav] xat, supra scr. idv m. 2 V. 1'Xa'xxov F. 25. k'Xcex-

xov F. xa^J om. V. 26. nQaxov] -xov in ras. m. 2 V. 29.
iXaaaov iXaaaov p.
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1
Tcc ^BQyj totg coaavrcog TtoXXuTiXaGLOLs tov

avTov f^^^ koyov Xrjcpd-avta KatccXXr^Xa.

"E6t(o yccQ L^dxcg TtoXkankd^iov to AB rou F xal

^ to ^E tov Z* kiyci}^ oti ictlv «g tb F iCQog tb Z,

ovtcog ro AB TtQbg tb ^E.
^Enel ydg lOdmg ictl TtoklankaGLOv tb AB rou

r xal tb ^E Tov Z, o<5a aga i6tlv iv rw AB fta-

yid-fj l'6a rc5 F, toGavta xal iv rc5 ^E l'0a ta Z.

10 dLTjQT^ed^co tb ^ev AB sig td rc5 F i'6a xd AH, H®,
@B, tb ds JE slg td rc5 Z l6a td ^K, KA^ AE'
s6taL drj l'0ov tb TtXrjd^og tSv AH, H&, 0B ta jrAiJ-

d-SL tc3v AK, KA, AE. xal insl l'aa iatl td AHy
H®, ®B dXlriXoLg^ s6tL ds xal td AK, KA, AE

15 t6a «AAtjAotg, s6tLv dqa cog tb AH TtQog tb AK^
ovtcog ro H® ngbg ro KA^ xal tb ®B Ttgbg ro AE,

s6taL dqa xal (og ^v tcov rjyov^ivov Ttgbg ^V rc5v

snofiivcov, ovtcog dnavta td rjyov^sva Jtgbg ditavta

xd STto^sva' s6tLV aQa (og tb AH itQbg tb AK,
20 oi^rog ro AB itQbg ro AE. l6ov dh tb ^sv AH

ta F, ro ds AK ta Z* s6tLV aQa ag tb F TtQbg

tb Z ovtcog tb AB TtQbg ro AE.

Td aQa fiiQrj totg (o6avtcog 7toXlanXa6LOLg tbv

avtbv s^SL Xoyov Xricp^ivta xatdXXriXa' onsQ sdsL

25 dstlE,aL.

XV. Pappus V p. 338, 4.

5. eatLv'] m. 2 F. 7. iariv F. 8. (isys&SL V. 11.

£15 xcc Tfo Z] in ras. m. 2 V. Z] seq. ras. 3 litt. V; Z
(isyi^rj Bp. 12. 0B] (9Eqp (non F), B@ B. 13. KA]
HA V. i'6u ccXXriXots V. ioriv B. 14. uXXrjXois] om. V.
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XV.

Partes et similiter multiplices eandem rationem

habent suo ordine sumptae.

Sit enim AB magnitudinis F et ^E magnitudinis

Z aeque multiplex. dico, esse F : Z = AB : ^E.

nam quoniam AB magnitudinis F et ^E magni-

^ ^ tudinis Z aeque multiplex est,

A\——1—iB r—
1 quot sunt in AB magnitudines

_^ ^_g magnitudini F aequales, tot

etiam in ziE sunt magnitudini

Z aequales. diuidatur AB in partes magnitudini F
aequales, AH, H&, &B,et^E in partes magnitudini

Z aequales, ^ K, KA, AE. erit igitur numerus mag-

nitudinum AH, H®^ @B numero magnitudinum AK,
KAj AE aequalis. et quoniam AH = H® = ®B
et AK = KA = AE, erit AH : AK= H®:KA
= @B : AE [prop. YII]. quare etiam ut una prae-

cedentium ad unam sequentium, ita omnes praece-

dentes ad omnes sequentes [prop. XII]. itaque AH
: AK = AB : AE. uerum AH = F, AK = Z.

itaque

r:Z = AB:^E.
Ergo partes et similiter multiplices eandem ratio-

nem habent suo ordine sumptae; quod erat demon-

strandum.

iotLv B, dh v.ul td] Sri seq. lacuna qp. 16. @B] B@ F.
AE] post ras. 2 litt. P. 21. ro'] corr. ex rc3 m. 1 p.
/iK] J in ras. m. 2 P. Z] corr. ex K m. 2 F. 24.

Hbi BFVp.
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'Eav raOCaga ^syed^rj avdkoyov ^, Kal ivaX-

Aa| dvdXoyov 'icxai.

"E<5tci reaaaQa (leyed^rj dvdXoyov rd A, B, F, z/,

5 cog ro A tcqoq ro B, ovrog rb F JtQog ro A' Xeya^

on xal ivaXXd^ [dvdXoyov] eCrai^ cjg ro A itQog rb

r, ovrcog rb B TCQbg rb ^.

EiXritp^co yaQ rav ^ev A, B l6dmg TtoXXanXdaa

rd Ey Z, Tcov de F, z/ dXXa^ d erv^ev^ L^dxtg jtoXXcc-

10 TtXdaia rd H^ @.

Kal iitel iadxig i6rl TtoXXaTtXdaiov rb E roi A
xal rb Z rov 5, r« de ^eQtj rotg (X)6avrog itoXXanXa-

Gioig rbv avrbv i%eL Xoyov, eanv aQa d)g rb A TtQbg

rb jB, ovrog rb E TtQog rb Z. cog de rb A TtQbg rb

15 -B, ovrcog rb F TtQbg rb A' xal cog aQa rb F TtQcg

rb zf, ovrog rb E TtQbg rb Z. JtdXtv, iitel rd H, @
rcDi/ r*, ^ icdxig icsrl TtoXXanXdda, eariv uQa cog rb

r nQbg rb z/, ovrog rb H itQbg rl ®. og de rb F
TtQbg ro A, [ovrog] rb E TtQbg rb Z* xal cog aQa rb

20 E TtQbg rb Z, ovrog rb H TtQbg rb 0. idv de reC-

(SaQa ^eyed-rj dvdXoyov rj, rb dh TtQorov rov rQirov

^et^ov fi,
xal rb devreQov rot) rerdQrov ^et^ov earac,

xdv l'6ov^ l'6ov, xdv eXarrov, eXarrov. ei aQa vjteQ-

e%ei ro E rov H, vneQe%ei xal rb Z rov 0, xal ei

25 i'(Sov, taovy xal ei eXarrov, eXarrov. xaC ian r« ^iev

E, Z rcov A, B iadxig TtoXXanXdeLa, rd de H, @ rtov

6. dvciXoyov] om. P. I^arat] iouv P. to'] (alt.) om. F.

8. yap] supra F. 9. «] supra F. 11. sozi] om. Bp.
noXXanXdaiov] -ov in ras. P. 13. Xoyov] P; Xoyov Xrjcp-

d-ivTU v.azdXXriXu Theon (BFVp). 15. ovTog] supra p; om. B.

16. Z] corr. ex ^ m. 2 V. H, @] 0, Jf Bp. 17. noXXa-
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XVI.

Si quattuor magnitudines proportionales sunt, etiam

permutando proportionales erunt.

Sint quattuor magnitudines proportionales A^ Bj F,

^ ^ ^^ ^

z/, ita ut sit ^ : 5 = r : z/.

_ dico, etiam permutando esse

E •

1 1 1 H] !
1

^ sumantur enim maffnitudi-

num Af B aeque multiplices

Ey Z, magnitudinum autem F, ^ aliae quaeuis aeque

multiplices H, 0.

et quoniam E magnitudinis ^ et Z magnitudinis

B aeque multiplex est, partes autem et similiter mul-

tiplices eandem rationem habent suo ordine sumptae

[prop. XV], erit A:B = E:Z. uerum A : B =^ T : ^,

quare etiam F : ^ = E : Z [prop. XI]. rursus

quoniam H, magnitudinum F, A aeque multi-

plices sunt, erit F : A == H : & [prop. XV]. uerum

r : A = E : Z. itaque etiam E:Z= H:® [prop. XI].

si autem quattuor magnitudines proportionales sunt,

et prima maior est tertia, etiam secunda maior erit

quarta, et si aequalis, aequalis est, et si minor, minor

[prop. XrV]. itaque si E magnitudinem if superat, etiam

Z magnitudinem @ superat, et si aequalis, aequalis est,

et si minor, minor. et E, Z magnitudinum A, B

TcXocoia] seq. za dh fiiQf} zots d)6avt(og noXXanXaGCoig tov av-
tov Ipjft Xoyov XritpQ-ivta Y.ataXXriXa Bp, 18. T] in ras.

m. 1 p. mg 8e'] aXX' mg F. 19. ovtcog] om. P. 20. rd]

(alt.) e corr. V. 23. sXacoov, ^Xaooov V. 24. 0] seq. ras.

1 litt. V. %al bC\ xav Theon (BFVp). 25. xal bI] %av
Theon (BFVp). lativ F. 26. to: Sb — p. 48, 1: noXXa-
nXuoia] mg. m. rec. p.
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r, z/ cclla, a etvxsvy i^dxtg TColkaJtkdGia' sativ aQa

(hg to A TCQog tb F, ovtcag ro B TtQog to A,

'Edv aQa ticeaQa ^syed^r] dvdXoyov fi,
y.a\ svaX-

Aa| dvdloyov satac otcsq sdsi dst^ai.

5 li'.

'Edv 6vyKSL^sva fisysd^rj dvdXoyov t}, nal

diaiQS^svta dvdXoyov satat.

"E6tco avyxsi^sva (isysd^rj dvdkoyov td AB^ BE,

r^, AZ^ Gig to AB TCQog to BE, ovtcog tb Fz/ JCQog

10 16 z/Z* ksyco, oti xal diaiQsd-svta dvdloyov satai,

(og to AE TCQog to EB, ovtog to FZ TCQog t6 z/Z.

Eilricp^ci yaQ tmv ^sv AE, EB, FZ, ZAi tadxig

TCoXXankdaia td H@, @K, AM, MN, tcjv ds EB,

ZA dklaj d stvx^v, iGdxig TCoXkaTcldCia td K^, NII.

16 Kal STCSi i^dxig ictl TCoXkaTcXddov ra H® tov

AE xal tb @K rot} EB, ladxig aQa iatl TCoXlaTckd-

Ciov tb H@ tov AE xal tb HK tov AB. Mxig
de iati TCoXXaTcXd^iov tb H@ tov AE xal tb AM
Toi} rZ' tadxig aQa iotl TCollaTCkdCiov tb HK tox

^O AB xal tb AM tov FZ. ndkiv, iitsl i(Sdxig iatl

TCollaTcXd^iov tb AM tov TZ xal tb MN tov ZA,
i6dxig ccQa i6tl TtolkaTckdaiov tb AM tov FZ xal

tb AN tov FA. ladxig 8s riv TCokkaTtkdaov tb AM
toi) rZ xal tb HK tov AB' iOdxig aQa i6tl Ttok-

25 ka7tkd<3iov t6 HK tov AB xal tb AN tov F^. td

HK, AN aQa tSv AB, FA iadxtg iatl TtokkaTtkdoia.

1. d] supra m. 2 F. 11. EB] BE Bp, et V e corr.

t6 z/ZJ x6 ZJ F, V m. 2; z/Z P. 12. EB] supra m.
2 F. 17. HK] H in ras. m. 1 V. AB] A e corr. m. 2 V.

18. AM] in ras. m. 2 V. 19. FZ] T in ras. m. 2 V.
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aeque multiplices sunt, et if, ® magnitudinum r^ A
aliae quaeuis aeque multiplices; itaque A : F == B : ^J.

Ergo si quattuor magnitudines proportionales sunt,

etiam permutando proportionales erunt; quod erat de-

moustrandum.

XVII.

Si compositae magnitudines proportionales sunt,

etiam dirimendo proportionales erunt.

Sint compositae magnitudines proportionales AB,
BE, rj, z/Z, ita ut sit AB : BE == FA : AZ. dico,

etiam dirimendo esse AE : EB = TZ : z/Z.

sumantur enim magnitudinum AE, EB, FZ, ZA
aeque multiplices HS^ ®Kj AM^ MN et magnitudi-

num EB, ZJ aliae quaeuis aeque multiplices K^, NU.
et quoniam HS magnitudinis AE et SK magnitudi-

nis EB aeque multiplex est, erit H& magnitudinis

AE et HK magnitudinis AB aeque multiplex [prop. I].

uerum H0 magnitudinis AE et AM magnitudinis FZ
aeque multiplex est. itaque HK magnitudinis AB et

AM magnitudinis FZ aeque multiplex est. rursus

quoniam AM magnitudinis FZ et MN magnitudinis

ZA aeque multiplex est, erit ^M magnitudinis FZ
et AN magnitudinis FA aeque multiplex [prop. I].

erat autem AM magnitudinis FZ et HK magnitudi-

nis AB aeque multiplex. itaque HK magnitudinis

AB et AN magnitudinis FA aeque multiplex est.

apa] in ra8. m. 2 V. HK] K in ras. m. 2 V; AMV.
20. AB] B in ras m. 2 V; FZ P. AM\ HK P. TZ]

AB F. ndliv insl — 21: rov FZ] mg. m. rec. B; om. p.
21. Zz/] JZ BVp. 23. AN] AH V e corr. m. 2. 24.

Tov] (priu3) bis p. AB] eras. p.

Euclidoi, edd. Heiberg et Menge. II. 4
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Ttdhv, eTtsl i0cc7ag earl TtokXaTikaaCov to &K xov EB
Tcal xb MN xov Z^, e0Ti de xal xb Kl5l xov EB
iedxig itolkaTcldaiov xal xb NII xov Zz/, xal 6vv-

xed^ev xb &I5} xov EB iadmg i6xl 7toXXa7tXd6iov xal

6 xb MII xov Z^, Kal i%ei i6xiv cog xb AB itQbg xb

BEy ovxcog xb F^ JtQbg xb ATL^ xal efXrjJtxai xoov ^ev

AB^ T/i iadxig TtoXkaitld^ia xd HK^ AN^ xav dl

EB, ZA iadmg TtokXaTtXd^ia xd @lEl, MII, ei dqa

vTteQexei xb HK xov ®^^ vneQexei xal xb AN xov

10 iWTZ, xal ei i^ov, tCov, xal ei eXaxxov, eXaxxov. vTteQ-

exexo drj xb HK xov ®S, ^cu xoivov dtpaiQed^evxog

xov &K VTteQSxei aQa xal xb H@ xov KS. dXXa

ei vjteQetxe xb HK xov 0^, vTteQetxe xal xb AN xov

MH' vneQexei aQa xa\ xb AN xov MH, xal xoivov

15 dcpaiQed-evxog xov MN vTteQexsi ^al xb AM xov NU'
Sexs ei vTteQexei xb H® xov K^, vTteQexei xal xb AM
xov NH. bfioicog drj dei^onev, oxi xdv l'aov

fj
xb H®

rc5 iC^, l!6ov eCxat xal xb AM xa NH, xdv eXaxxov,

eXaxxov. xaC i6xi xd ^hv H®, AM rmv AE, FZ
20 iadxig TtoXXaJtXdda, xd de KS, NH xcov EB, ZA

dXXa, d hvxev, iadxig TtoXXanXdCia' e6xiv aQa d)g xb

AE TtQbg xb EB, ovxcag xb TZ TtQbg xb ZA,
'Edv aQa avyxeCfieva ^eyed-rj dvdXoyov

fi,
xal diai-

Qe^evxa dvdXoyov eaxar oiteQ idei detl^at.

1. iarCv FV. 3. Zz/] ZB F. 4. rd] ccQa rd Bp; apa
add. m. 2 F. 6. z/Z] Zz/ BVp. 1. AN] e corr. m. 2 V.

S. ZJ] JZ F. Seq. in Bp: dXXa cc hvxBv\ idem V m. 2,

et F in ras. m. 2 (om a), sed omisso laccmg (fuit in ms. m.
2, sed euan.). 10. k'Xaaaov, k'Xaaaov p. 12. dXXd] dXX FV.

13. vnsQSLX^] PVp; vnBQetxsv B; vnsgsxsi e corr. F. to

HK Tov &S vnsQsix^] mg. m. 1 P. vnsQstx^] P; vnsQstxsv
PB; vnsQSxsi FV. AN] AH m ras. m. 1 p. 16. vnsQSxsi]

-sxsi in ras. P. K!sl] in ras. V. 18. satai] om. F.
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itaque HKj AN magnitudmum AB^ TJ aeque multi-

plices sunt. rursus quoniam ®K magnitudinis EB et

MN magnitudinis Zz/ aeque multiplex est, et K^
magnitudinis EB aeque multiplex est ac NH magni-

tudinis Zz/, etiam componendo &% magnitudinis EB
aeque multiplex est ac MH magnitudinis Z z/ [prop. II].

et quoniam est AB:BE= Tz/ : z/Z, et sumptae sunt

magnitudinum AB^ jTz/ aeque multiplices HKj AN^
et magnitudinum EB^ Zz/ aeque multiplices ©S, MHj
si HK magnitudinem ®S superat, etiam AN magni-

tudinem MH superat, et si aequalis, aequalis est, et

si minor, minor [def. 5]. itaque HK magnitudinem

0^ superet, et ablata, quae communis est, ®K^
etiam H® magnitudinem KS superat. uerum si HK
magnitudinem ®S superabat, etiam AN magnitudinem

MH superabat [lin. 8 sq,]. ergo etiam AN magni-

tudinem MH superat, et ablata, quae communis

est, MN, etiam AM magnitudinem NH superat.

quare si H& magnitudinem KS superat, etiam AM
magnitudinem NH superat. similiter demonstrabimus,

si H& = KSj esse etiam AM=Nn, et si H®<KS,
esse etiam AM < NH. et H&^ AM magnitudinum

AEjFZ aeque multiplices sunt, KS, iVTIautem magni-

tudinum EB^ Z z/ aliae quaeuis aeque multiplices. itaque

AE:EB = rZ: ZA [def. 5].

Ergo si compositae magnitudines proportionales

sunt, etiam dirimendo proportionales erunt; quod erat

demonstrandum.

{Xacaov, Uaaaov Bp. 19. ^E, TZ] FZ, ^E Bp et F eraBO

r. 20. K:e:] KZ cp. 21. «] supra m. 2 F. 22. Zz/] Z
in ras. V; z^Z Bp. 23. 2^] ^gtul V, Bupra scr. m. 2 y.

4*
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^Eav dirjQriiisva ^sysd-fj avdkoyov tj, xal

^vvtsd-dvta avaloyov s6tai.

"E0t(x) diTjQrjiisva ^sysd^rj avakoyov ra AE^ EB,
5 FZ, Z^, as to AE Ttgog to EB, ovtcog to FZ TCQog

to ZA' Xsyco, oti xal Cwtsd^svta avdloyov s0tai,

mg to AB TCQog to BE, ovtcag tb FA TtQog tb ZA.
El yaQ \ir\ iativ ag ro AB TtQog ro BE, oi^tcog

to Fz/ TtQog tb ZIZ^ iatai (og tb AB TtQbg tb BE,
10 ovtcjg tb r^ rjtoi ^Qog skaO^ov ti tov ^Z r} TtQbg

^st^ov.

"E6toi} TtQotSQOv TtQbg skaC6ov tb JH. xal sitsC

s6tiv mg tb AB TtQbg tb BE, ovtog tb FJ itQbg tb

^H, OvyxsL^sva ^sysd^rj dvdkoyov sCtiV mCts xal

15 diaiQsd^svta dvdXoyov s6tai. i6tiv ixQa dog tb AE
TtQbg ro EB, ovtag tb FH itQbg tb H^. vnoxsitai

ds xal d)g tb AE itQbg tb EB, ovtog tb TZ itQbg

tb ZA. xal c)g ccQa tb FH TtQbg ro i/z/, ovtcog tb

rZ TtQbg tb ZA. ^st^ov dh tb TtQojtov tb FH tov

20 tQitov tov TZ' ^sftfiv aQa xal tb dsvtSQOv ro HA
tov tstdQtov rov ZA. dkkd xal skattov oitSQ s0t\v

ddvvatov ovn ccQa i6tlv G>g ro AB TtQbg tb BE,
ovrcog ro T^ TtQbg ska60ov tov Zz/. o^oicog drj dsi-

^o^isv, oti ovds TtQbg ^st^ov TtQbg avtb aQa.

4.. AE] A PBFV. 5. FZ] (prius) T PBFV. 6. ZJ]
JZ F. 7. t6] (alt.) om. P. Zz^] z/Z F. 9. rd] (alt.) om. P.

JZ] PF, V m. 2; ZJ Bp, Vm. 1. atg x6 — 10: xo FJ]
mg. m. 2 V. 10. ^Xaaaov xi] iXaxzov cp, supra scr. rt m. 2.j

xov] x6 xov F. z/Z] PF, Vm. 2; ZJ Bp. 12. iXaxxov F^

13. coff x6] aa^ p, ut iam lin. 9 et postea saepius. B.

B@ cp. x6] (quartum) om. B. 14. iaxiv] e corr. B. U
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XVIII.

Si diremptae magnitudines proportionales sunt,

etiam compositae proportionales erunt.

^ Sint diremptae' magnitudi-
^' ' i-B nes proportionales AEyEBy

Z H rZ, Zz/, ita ut sit AE : EB
= r Z '. Zz/. dico, etiam

compositas proportionales esse,

AB :BE=r^ :Z^.
nam si non est AB : BE= FA : z/Z, erit ut AB

ad BE, ita Fz/ aut ad minus magnitudine AZ aut

ad maius.

prius ad minus ^H aequalem rationem liabeat. et

quoniam esi AB : BE = FA : JHy compositae magni-

tudines proportionales sunt. quare etiam diremptae

proportionales erunt [prop. XVII]. erit igitur

AE:EB = rH: HA.
supposuimus autem, esse etiam AE : EB = FZ : ZA.
quare etiam FH : HA = TZ : ZA [prop. XI]. sed

prima FH maior est tertia FZ-^ itaque etiam secunda

HA maior est quarta Z^ [prop. XIV]. uerum etiam

minor est; quod fieri non potest. itaque non est

ut AB ad BE, ita FA ad minus magnitudine ZA.
similiter demonstrabimus, ne ad maius quidem aequa-

lem rationem habere FA. itaque F^ :ZA = AB:BE,

rH] FB (f (non F). 18. ZJ] JZ F. xai «g aqa — l^:
To ZJ] mg. m. 2 V. 18. rd] (tert.) om. B. 19. (lei^ova P
m. 2, sed corr. 21. tsxdQtov] in ras. p. k'Xacoov Bp. 23.

tXutxov F. Zz/] in ras. m. 2 V; .JZ Bp.
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'Eav ccQa difjQti^eva ^eyed-rj ccvdXoyov t], xal 6vv-

tsd-evta avdloyov eOtai' ojteQ edei det^ac,

'Edv ri fhg oAov TCQog oXov, ovtcog dq^aLQed^ev

5 jtQog dfpaiQed-ev, xal ro kouTtov TCQog to Aot-

7C0V ^6tai d)g oXov TtQog oXov.

*'E0ta) yaQ (og oAor to AB TtQog oXov tb Fz/, ov-

tcog dcpaiQed-ev tb AE iCQbg dfpaiQe^^ev tb FZ' 'AcyG),

otc xal XoLTtbv tb EB JtQbg koiTtbv t6 Zz/ e6tai d)g

10 oXov tb AB JtQbg oXov tb F^.

^Enel ydQ e6tiv d)g tb AB TtQbg tb F^, ovtcog tb

AE TtQbg tb FZ, xal evakld^ G)g tb BA TtQbg tb

AEy ovtog tb AF TtQbg tb TZ. xal eicel avyxeifieva

fieyed^rj dvdloyov iativ, xal diaiQed-evta dvdkoyov

15 ^6tai, d)g tb BE TCQbg tb EA, ovtog tb z/Z TCQbg

tb rZ' xal ivakld^, d)g tb BE TtQbg tb z/Z, ovtcog

tb EA TtQbg tb ZT. d)g de tb AE TtQbg tb TZ, ov-

tog vjtoxeitai oAoi/ tb AB TtQbg olov tb TA. xal

XoiTtbv ccQa t6 EB TtQbg loiJtbv tb ZA hatat d)g okov

20 t6 AB TtQbg oXov t6 TA.

^Edv aQa
fj

d)g olov TtQbg oXov, ovtcag dcpaiQed'}^

jtQbg dcpaiQed^ev, xal tb Xoiicbv JCQbg t6 XocTcbv i6tai

G)g oXov TCQbg oXov [oTCeQ edei det^ai].

[Kal eTCel ideix^fj d)g tb AB itQbg tb TA, ovtag

25 t6 EB TCQbg tb Z^, xal ivaXXd^ d)g tb AB JCQbg tb

BE ovtcog tb Fz/ TCQog tb Zz/, avyxei^eva aQa fieyed^rj

dvdXoyov iatiV ideix^rj de d)g tb BA JCQbg tb AE,
ovtcog tb ^T TCQbg tb TZ' xaC iativ dvaatQeil^avti].

1. ^] sarai qp (non F). 2. I^tfrat] eras. F. 8. aqpatpf-

-O-^v to AE TtQog'] mg. m. 2 F. 9. rcQog] TCQog ro cp. 10.
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Ergo si diremptae magnitudines proportionales

sunt, etiam compositae proportionales erunt; quod erat

demonstrandum.

XIX.

Si totum ad totum eandem rationem habet atque

ablatum ad ablatum, etiam reliquum ad reliquum ean-

dem rationem habebit ac totum ad totum.

Sit enim AB : JTz/ = AE: FZ. dico, esse etiam

E

z
r\ 1 \J

EB:ZJ = AB:rj,
nam quoniam Qsi AB : F/l == AE : TZ^ etiam per-

mutando est BA: AE = AT:TZ [prop. XVI]. et

quoniam compositae magnitudines proportionales sunt,

etiam diremptae proportionales erunt,

BE:EA = AZ:TZ [prop. XVII].

et permutando [prop. XVI] BE: AZ = EA\ZT. sed

supposuimus; esse AE : TZ = AB : Tzf. itaque etiam

EB:ZA = AB: TA.

Ergo si totum ad totum eandem rationem habet

atque ablatum ad ablatum, etiam reliquum ad reli-

quam eandem rationem habebit ac totum ad totum;

quod erat demonstrandum.

oXov] (alt.) m. 2 V. 11. ioTL cp (non F). oXov tb AB nQog
oXov xo Theon (BVp, F euan.). 13. zfT] TA P. 14.

lcxiv^ F; laxi PBVp. 15. Post ooff add. aqa. Pm. rec,

V m. 2; Bp. 16. rZ] Zr P. IvaXXul ocqu iazLV Theon
(BFVp). 19. Zz/] JZ P. 21. TtQog dcpaLQS&sv] mg. F.

24. noQLOiia mg. m. 2 V. xal insl] euan. , del. m. 2 F.

25. x6 ZJ] Zd P. 26. xo Zd] F; Zd P; xo dZ V,
Bp in ras. 27. Igxlv] in ras. m. 2 V; lcxaL Bp. de xai

coff P. xo AE] AE Bp. 28. x6 VZ] TZ Pp.
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'Ek drj tovxov (pavsQOv, otl iccv 6vyKSL^sva ^sys&rj

avdXoyov ii^ xal avaOtQs^avtL avakoyov s^tai' otcsq

sdsL dsl^aL.

6 X.

'Eav
fi

tQLtt fisysd^rj xal alka avtotg l'0a tb

TiX^^d^og, (jvvdvo ka^^avo^sva xal sv ta avta
loyco, Sl L0OV 6s to TtQoatov tov tQLtov ^stlov

fi, xal to tstttQtov rov sxtov nst^ov sOtaL^

10 Kav l'eoVy l'6ov, xav sXattov, ^kattov.

"Ectai tQLa iisys^ri ta A^ B, F, xal akXa avtotg

l'6tt to JtXrjd^og ta z/, E, Z, Cvvdvo Xa^^avo^sva sv

ta avta Xoyc), (og ^sv to A TtQog t6 5, ovtag ro z/

itQog ro E^ (og 8\ to B TtQog to F, ovtcog to E TtQog

15 ro Z, Sl i'6ov 6} fist^ov ^6t(o tb A rov F' Xsyco^ or^

xttl tb z/ rov Z iLstt^ov s6taL, xav l'aoVy l'6ov, xav

sXattov^ sXattov.

'Ensl yccQ ^st^ov s6tL tb A roiJ P*, aXXo ds tL tb

5, ro dh ^st^ov TtQbg tb avtb (iSL^ovtt Xoyov s%sl

20 riTCSQ tb iXattov^ tb A ccQa TtQbg tb B ^sC^ova Xoyov

s^sL rjTtsQ tb r TtQbg ro B. aXX' (hg ^sv tb A TtQbg

tb -B, [ovtcog] ro A TtQbg tb E, (og 8s tb F TtQbg tb B,

avccTtaXLV ovtag tb Z TtQbg ro E' xal tb A aQa TiQbg

tb E iiSL^ovtt Xoyov s%sl rinsQ ro Z nQbg ro E. rcoi/

1. noqieyia] mg. PFBp; om V. 4. Seq.^ scholium; u.

app. 7. Mat] om. p; m. 2 B. 10. nay] xat Idv P. v,uv'\

BetUL, xal sdv P. sXaaaov, sXacGov Bp. 12. xai «v Bp;
xat supra m. 2 F. 14. E] (alt.) ante ras. 1 litt. V. 17.

sXaeaov iXacGov Vp. 21. aUa B. 22. ovxcog] om. P.

t6 E] E P. t6 r] r P; t6 add. m. rec; t6 Z g>. t6

JB] B P; t6 E qp. 23. dvunaXiv] %ul t6 z/ qp. t6 E] E qp;

sequentia euan. F.
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CoroUarium.^)

Hinc manifestum est, si compositae magnitudines

proportionales sint, etiam conuertendo proportionales

eas fore. — quod erat demonstrandum.

XX.

Si datae sunt tres magnitudines et aliae iis numero

aequales, binae simul coniunctae et in eadem propor-

tione, ex aequo autem prima tertia maior est, etiam

quarta sexta maior erit, et si aequalis, aequalis erit,

et si minor, minor.

Sint tres magnitudines ^, 5, F et aliae iis numero

aequales z/, E. Z, binae coniunc-

tae in eadem proportione, sci-

^' '
^

'

' licet A : B = ^ : E, et BiT
r\ 1 z I

1

^

= E : Z, et sit A > T. dico,

esse etiam z/ > Z , et ^i A = F, esse z/ = Z, et si

y^ < r", esse z/ < Z.

nam quoniam A> Fj et alia quaeuis magnitudo

est B, et maius ad idem maiorem rationem habet

quam minus [prop. VIII] , erit A : B > F : B. uerum

A : B = zl : E et e contrario [prop. YII coroll.]

r:B = Z:E.

1) Quae praecedunt uerba p. 55, 24—28 immerito ab Sim-
8ono aliisque uituperantur; nam ueram continent demonstra-
tionem conuersae rationis. demonstrauimus enim (p. 55, 19)

AB : rj = EB : Zz/, unde AB : EB == TJ : Z^; sed simul
erat (p. 55, 12) BA: AE = JT : TZ; tum u. def. 16. niliilo

minus hic locus interpolatus esse uideri potest (sed ante
Theonem)

,
quia Euclides numquam corollarii rationem reddit,

id quod ipsius uocabuli noqia^ia notioni (Proclus in EucL
p. 301. 303) aduersatur. huic loco similis est interpolatio

Theonis post V, 4.
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ds TtQog To avTo Xoyov iyovxGiv ro ^si^ovcc Xoyov

B%ov ^et^ov idtLv. ^st^ov a.Qa to zl roi; Z. onoicos

drj dsL^o^sv, oti xav l'6ov
fj

tb A tcj F, l'6ov s6tai

nal to z/ rc5 Z, Kav slattov, slattov.

6 'Eav aQa ri tQia \isys%r\ Tcal alla avtots foa to

TtXijd-og, 0vv8vo Aa^pavo^sva xal iv rc5 avta Xoyo,

$i l'6ov ds tb TCQojtov tov tQitov ^st^ov ri, xal tb

tstaQtov tov SKtov ^st^ov s0tai, Tcav l'0ov, l'0ov, xav

skattovj sXattov otcsq sdst dst^ai.

10 xa.

'Eav
fi

tQia \Lsyi^r( xal akXa avtotg taa tb

TtXrj^og avvdvo laii^avo^sva xal iv ta avta
loycp, fi

ds tstaQayiiivri avtcov rj dvaXoyia,

di l'6ov ds tb TtQCJtov tov tQitov ^st^ov
fj,

xal

15 ro titaQtov rov sxtov ^st^ov s6taL, xav l'6ov,

i'6ov, xav sXattov, iXattov.

"E6tG) tQia ^syid^rj ta A, B, F xal aXla avtotg

l'6a tb TtXrjd^og td ^, E, Z, 6vvdvo Xa^^avo^sva xal

iv rc5 avrcj Xoya, s6tci ds tstaQay^ivrj avtcov r]

20 dvaloyCa, 6g ^lv tb A TtQbg tb B, ovtog ro E TtQbg

tb Z, cog dl tb B JtQbg tb F, ovtag ro A TtQbg tb

E, di l'6ov ds tb A rov F ^st^ov ^6tG)' liya^ ott xal

tb A tov Z ^st^ov s6taL, xdv l'6ov, l'6ov, xdv sXat-

tov, ^Xattov,

1. t6 avto'] civto Bp; in p supra scr. to. 2. £yi.sivo

fist^ov Theon (BFVp). iotiv] P; comp. p; iatt BFV.
^st^ov'\ corr. ex (isl^oov V. 3. to A] mg. m. rec. F. 4.

t6] corr. ex tm P. sIccggov, sIugoov p. 8. laov satcci^

xav P. 9. sXaaaov, Haaaov p. 16. slaaaov, slacaovFY-p.
17. (isys&T} dvaXoyov PBFVp; corr. Gregorius. Ta] e

corr. Vm. 2. 19. 17] om. B; euan. F; cas cp. 22. to A]
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«

itaque etiam ziiE^ZiE. eorum autem, quae ad

idem rationem habent, maius est, quod maiorem ra-

tionem habet [prop. X]. itaque z/ > Z. similiter de-

monstrabimus, si A = F, esse etiam z/ = Z, et si

A <ir, esse etiam z/ < Z.

Ergo si datae sunt tres magnitudines et aliae iis

numero aequales, binae simul coniunctae et in eadem

proportione, ex aequo autem prima tertia maior est,

etiam quarta sexta maior erit, et si aequalis, aequalis

erit, et si minor^ minor; quod erat demonstrandum.

XXI.

Si datae sunt tres magnitudines et aliae iis numero

aequales, binae simul coniunctae et in eadem pro-

portione, et perturbata est earum proportio, et ex

aequo prima tertia maior est, etiam quarta sexta

maior erit, et si aequalis, aequalis erit, et si minor,

minor.

Sint tres magnitudines A, Bj I' et aliae iis nu-

^ . mero aequales z/, E, Z,

B ,:, binae simul coniunctae et
iji 1 ijii 1

p 2 ^^ eadem proportione, et

perturbata sit earum pro-

portio, ita ut sit A : B = E : Z et B:r= J :E
[def. 18], et ex aequo sit ^ > JT. dico, esse etiam

^ > Z, et si A = Fj esse z/ = Z, et si ^ < T,

esse ^ < Z.

corr. ex xov A V. 23. xav] (alt.) v.ui P. Ucccaov, Uoca-
cov V.
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'EtcsI yccQ ^et^ov i6xL to A tov F^ aXXo ds ti tl

B^ to A ccQa JtQos tb B ^si^ova Xoyov sxsl tjtieq t6

r TtQog to B. ak?J (og filv tl A TtQog rd B^ ovtcog

t6 E ^Qog ro Z, Sg 61 tb F TtQog tb B, avajtaXiv

5 ovtcag tb E TtQbg tb z/. Tcal tb E ccQa nQbg tb Z
^sttova koyov sxsi iJTtSQ tb E TtQbg tb z/. TtQbg o

ds tb avtb ^SL^ova koyov sxsl, ixstvo sXaaoov s6tLV'

sXa66ov ccQa ictl tb Z toi5 z/* ^stt^ov aQa iotl tb z/

tov Z. b^OLCjg drj dsL^o^sv, otL kccv l6ov
fj

tb A tc5

10 r, l6ov s6taL xal tb ^ ta Z, xav sXattov, sXattov.

^Eav ccQa y tQLa ^syid-rj xal akka avtotg L6a tb

TtXrjd^og, 6vvdvo ka^^avo^sva xal iv ta avta XoyG),

Yl 8s tstaQayinsvri avtav ^ dvaXoyLaj dL* t6ov ds t6

^Qoatov Tot» tQLtov ^st^ov
fj

, xal tb tstaQtov toi

15 sxtov ^st^ov s6taL, xav i'6ov, i'6ov, xav skattov, skat-

Toi/* OTtSQ sdsL dst^at.

'Eav ri ojto^aovv (isysd^rj xal akka avtotg

t6a t6 Ttkri^og, 6vvdvo ka^fiavo^sva xal iv

20 T£o avtcj koyo). xal dt' i'6ov iv tc5 avta koyci

'i6taL.

"E6tG) 67to6aovv fisysd^rj Ta A, B, F xal akka av-

totg i'6a t6 Ttkij&og ta ^, E, Z, 6vvdvo ka^fiavoiisva

iv Tc5 a^Tca Adyco, cog ^sv tb A JtQbg tb B, ovtcog

25 t6 A TtQog to E, ag dh t6 B JtQog tb F, ovtcsg tb E
TtQbg t6 Z* ksyco, oti xal $l i'6ov iv tip avt^ koyc} M
s6taL.

2. A] supra P. B] seq. ras. 1 litt. V. 7. hsivo'] -o

add. m. 1 p. Uattov F. 8. sXaGCov] om. F; sXattov B.

s6tC] (alt.) om. FV. 9. tj] om. B. 10. xat] om^. F. iXao-

cov, Uaecov Vp. 11. '^] om. qp. v,cci] rj xat FV.
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nam quoniam ^ > F, et alia quaedam magnitudo

est B^ erit A : B> F: B [prop. VIII]. uerum

A:B = E:Z,
et e contrario [prop. VII coroll.] F: B = E : ^. ita-

que etiam E : Z^ E : J. sed ad quod idem maio-

rem rationem habet, id minus est [prop. X]. itaque

Z < z/. quare ^ > Z. similiter demonstrabimus, si

A = Fy esse etiam z/ = Z, et si ^ < F, esse z/ < Z.

Ergo si datae sunt tres magnitudines et aliae iis

numero aequales, binae simul coniunctae et in eadem

proportione, et perturbata est earum proportio, et ex

aequo prima tertia maior est, etiam quarta sexta

maior erit, et si aequalis, aequalis erit, et si minor,

minor; quod erat demonstrandum.

XXII.

Si datae sunt quotlibet magnitudines et aliae iis

numero aequales, binae simul coniunctae et in eadem

proportione, etiam ex aequo in eadem proportione erunt.

Sint quotlibet magnitudines A^ B, F et aliae iis nu-

A\ 1 B\—

1

r\ 1

d\ 1 Ei--! Zi 1

Hi 1 ]K\ 1
1 1 Mi 1 ^i

Si 1 1 Ai— I

—
I
—

I Ni 1
1

mero aequales ^, E^ Z, binae simul coniunctae in eadem

proportione, itdi ut sit A : B = ^ : E et B : F= E:Z.

dico, eas etiam ex aequo in eadem proportione fore.*)

1) U. e. A: r= J :Z (def. 17).

15. ilaaaov, sXaaaov V. 19. xat'] om. Bp. 25. to]
(primum) -d in ras. m. 1 B. 27. ^aovTcci Bp. Dein add.

Theon: ws xo A TCQog to T, ovtoog rb J nQog to Z (BFVp;
om. P).
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ElXi^^pd^co yaQ rSv ^sv A^ A L6dxig TtolkaTcXaGLa

za H, 0, rcov df 5, jE «AAof, « hvxsv^ LadxLg jtoXXa-

nXdiSLa tk K^ A^ xal ht, t^v F, Z aXla^ a hv%avj

i6dmg 7toXXa7tXd6ia xd M, N.

5 Kal i%u iOzLV cog to A TtQog to B, ovtcag t6 A
TtQog to E, xal slXrjTttaL rSv ^sv A, /1 i^dxLg TtoXXa-

TtXd^La td Hj @, tav 8e 5, E dXXa, d hv%evy i^dxLg

7toXXa7tXd6La td K, A, e^tLvaQa wg to H TtQog to

K, ovtcjg tb ® 7tQ6g tb A. dtd td avtd drj xal cog

10 tb K TtQbg tb M^ ovtag tb A TtQbg tb N. i^tsl ovv

tQLa fisysd^rj iorl rd H, K^ M, xal dXXa avrotg l'6a

rb TtXrjd-og rd 0, A, iV, 6vvdvo Xa^pavo^sva xal iv

r^ avra Xoya, 6l L'6ov aQa, si v7tsQsx£i' rb H rov M,

vTtSQsxsL xal rb ® rov N, xal si l'6ov^ l'6ov, xal si

15 sXarrov, iXarrov. xaC i6ri rd ^sv H, @ rSv A, A
i6dxLg 7toXXa7tXd6La, rd ds M, N rcjv F, Z dXXa, d

hvxsv, i6dxLg 7toXXa7tXd6La. ^6tLV aQa (bg ro A TtQbg

tb P, ovtcog tb A 7tQbg tb Z.

'Edv aQa ri oTto^aovv ^isys&rj xal dXXa avtotg l'6a tb

20 TtXrj^og, 6vvdvo XaiiPavo^sva iv rc5 avta Xoyc), xal

di' l'6ov iv rc5 cfvrc5 Xoycj i6tai* 07tsQ idsi dst^ai.

xy'.

^Edv ri tQCa fisysd^rj xal dXXa avtotg l'6a tb

TtXrjd^og 6vvdvo Xa^^avo^sva iv tS avta Xoya),

25 ^ ds rsraQay^svr] avrav rj dvaXoyCa, xal dt'

l'6ov iv rc5 avrco Xoyco s6raL.

2. Se'] om. p. In F in liac pag. complura euan. «]
om. F? 3. a] om. F. 5. nQOs t6] in ras. p. 7. 8s]

m. rec. p. «] m. 2 F. 9. nQog] om. qp. 12. tcc &, A,

JV] om. p; m. 2 Y; mg. m. rec. B. 15. UaGCov, tXccocov p.
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Sumantur enim magnitudinum A, A aeque multi-

plices ff, 0, et magnitudinum 5, E aliae quaeuis aeque

multiplices K, A et praeterea magnitudinum T^ Z aliae

quaeuis aeque multiplices M, N, et quoniam est

A : B = ^ : Ej et sumptae sunt magnitudinum A, A
aeque multiplices H^ ® et magnitudinum 5, E aliae

quaeuis aeque multiplices K^ A, erit H : K = : A
[prop. IV]. eadem de causa etiam K : M= A : N»

iam quoniam datae sunt tres magnitudines H, K, M
et aliae iis numero aequales 0, Aj N, binae simul

coniunctae et in eadem proportione, ex aequo, si H
magnitudinem M superat, etiam & magnitudinem N
superat, et si aequalis, aequalis est, et si minor, minor

[prop. XX]. et H, magnitudinum A, A aeque mul-

tiplices sunt, M, N autem magnitudinum F, Z aliae

quaeuis aeque multiplices. itaque A:r= A:Z [def. 5].

Ergo si datae sunt quotlibet magnitudines et aliae

iis numero aequales, binae simul coniunctae in eadem

proportione, etiam ex aequo in eadem proportione

erunt; quod erat demonstrandum.

XXIII.

Si datae sunt tres magnitudines et aliae iis nu-

mero aequales binae simul coniunctae in eadem pro-

portione, et perturbata est earum proportio, etiam ex

aequo in eadem proportione erunt.

16. a] m. 2 F. 18. T] in ras. m. 2 P. z/] in ras. m.
2 P. Post Z in P add. xal ivaXXa^{ccQa iariv mg. m. 1) atQ

to A TtQoq xo d (in ras. m. 2), ovrcog to F (in ras. m. 2)
nqoi xb Z. 23. ^] om. p; m. 2 B. 24. Supra h add.
xat F. 26. hovxai BFVp.
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"E6x(D XQia iieyi^Ti xa A, B, F xal aXla avxotg

l'6a xb TiXijd-og 6vvdvo Xa^^avo^sva iv xa avxa Xoyc)

ta ^, E, Z, 86X03 de xsxaQay^evrj avxiBv rj avaloyCa^

(og ^sv xb A Ttqbg xb B, ovxcog xb E Ttgbg xb Z, wg
^ ds xb B TCQbg xb F, ovxag xb ^ Ttqibg xb E' Xsyca^

OXL s6xlv (hg xb A itQbg xb F, ovxcDg xb z/ TtQbg xb Z.

EiXri^pd^ca xmv ^sv A, B, ^ l6ccxtg 7toXXa7tla6ia

xa H, 0, jfiT, xcov ds F, E, Z aXXa, a hv^sv, i6dxLg

7toXla7tXd6La xd A, M, N.

10 Kal sTtsl i6dxLg i6xl 7toXka7tXd6La xd H, & xcjv

A, B, xd ds liiQr} xotg (06avxcjg 7tokla7tla6LOLg xbv

avxbv sxsL Xoyov^ ^6xlv ccQa (hg xb A 7tQbg xb B, ov-

rcog xb H 7tQbg xb &. d^d xd avxd drj xal (og xb E
TtQbg xb Z, ovxcog xb M TtQbg xb N' xaC i6XLV (og xb

15 ^ 7tQbg xb B, ovxcog xb E 7tQbg xb Z' xal (X)g ccQa

xb H 7tQbg xb 0, ovxcog xb M 7tQbg xb N, xal iTtsC

i6XLV ag xb B 7tQbg xb F, ovxcog xb A 7tQbg rb E,

xal ivaXkd^ Gtg xc B 7tQbg xb z/, ovxcog xb F 7tQbg

xb E. xal i7tsl xd 0, K xcov B, ^ l6dxLg i6xl 7tol-

20 Xa7tXd6La^ xd d\ l^iQif] totg l6dxLg 7toXXa7tla6CoLg xbv

avxbv s%SL Xoyov, ^6xlv aQa oog xb B 7tQbg xb A, ov-

xcog xb & 7tQbg xb K. dXX' (hg xb B 7tQbg xb z/, ov-

xcog xb r 7tQbg xb E' xal cog aQa xb 7tQbg xb K^

ovxag xb F 7tQbg xb E. 7tdkLv, i^tsl xd A, M xSv
*^5 JT, E l6dxLg i6XL 7toXXa7tXd6La, s6xlv aQa 6g xb F

7tQbg xb E, ovxcog xb A 7tQbg xb M. dXX^ cog xb F

2. Supra sv add. xat m. 2 F. 3. rstszaQccyfisvT] P, sedj

corr. 7. z/] e corr. p. 8. cc hvxsv] mg. m. 2 post lacu^

nam 5 litt. F. 10. H] post ras. 1 litt. F. 12. xat scnv F^

14. ovtcoff] xat B; om. p. 15. ovrcas] om BVp. Posf
hoc uerbum rep. F lin. 13: t6 Jf — 15: tb B. 16. ovtcag'
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Bi-i r\—

1

Ei 1 Zi—I

01—1—1—1 A\— 1—

1

M\ 1
1 iVi—1—I

Sint tres magnitudines J, B, F et aliae iis numero

aequales binae si-

mul coniunctae in

eadem propor-

tione z/, Ef Z, et

perturbata sit

earum proportio, ito. ni siiA: B = E: Z,etB: r= ^: E
[def. 18]. dico, esse A : T= Zl : Z.

sumantur magnitudinum A, B, A aeque multiplices

if, 0, K et magnitudinum F, E, Z aliae quaeuis aeque

multiplices A, M, N, et quoniam Hj & magnitudi-

num Aj B aeque multiplices sunt, partes autem et aeque

multiplices eandem rationem habent, erit A:B==H:@
[prop. XV]. eadem de causa erit E : Z == M : N. et

A:B = E:Z. itaque etiam H:@ = M:N [prop. XI].

et quoniam B : F = A : E, etiam permutando erit

B : A = r : E [prop. XVI]. et quoniam 0, K magni-

tudinum B, A aeque multiplices sunt, partes atitem et

aeque multiplices eandem rationem habent, erit

B:A = ®:K [prop. XV].

uerum est B : A = F : E. itaque etiam

@: K = r:E [prop. XI].

rursus quoniam A, M magnitudinum F, E aeque mul-

tiplices sunt, erit F: E = A : M [prop. XV]. uerum

om. BFVp. 17. ovtoog] om. BFVp. 18. Post E add. xal
hiXrinzcii Tcov jiifv B, z/ iouytig TtoXXanXdGia ta 0, K tmv ds
r, E aXXa, a stvxsv, ^aaxis noXXaTtXdaLa td A, M, k'otLV

dqa ojg t6 ngog to A, ovtcog tb K nqog to iW" Bp et V
mg. m. 2. 18. wg] om. F. B] seq. ras. 3 litt. F. ov-
t(og] om. BFVp. 19. B, z/] in ras. p. 21. ovt(og] om.
FV. 22. ovt(og]om. BFVp. 23. wg dqa to 0] in ras.

m. 2 V. 24, ovttog] om. BFVp. 26. ovt(og] om. F.

Euclides, edd Heiberg et Menge. II. 5
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TCQog To E, ovtcjg ro & TtQog t6 K' koi ag ccQa t6

& TiQog to K, ovtcjg t6 A TtQog t6 ikf, Tial ivaXXa^

ag tb ® TtQog to A^ to K nQog t6 M. idsLx^rj dh

xal cog tb H nQbg tb 0, ovTwg t6 M JCQbg tb N.
5 iTCel ovv tQia ^syid-rj iatl tk H, 0, A, xal alka

avtotg t6a tb JtXijd-og ta K, M, N avvdvo Xa^pavo-

^£va iv Tc5 avx^ XoyG), xaC i<StLv avtmv tstaQay^ivr]

rj dvaXoyta, dc' t6ov ccQa, ai vTieQixsL tb H tov A,

v7tBQi%BL xal tb K Toi) iV, xal eC l'6ov, l'6ov, xal bl

10 sXattov, Bkattov. %ai i6tt xa filv H, jK" tcov A, /I

l6dv,ig 7toXXaxXd6La, td dl A, N tcov F, Z. ^6tLV ocQa

cog tb A TCQbg tb JT, ovtcog t6 ^ TtQog t6 Z.

^Edv ccQa rj tQia ^Byi%r\ xal dkka avtotg l'6a t6

TCkrjd^og 6vvdvo lafiPavofisva iv tc5 avta koya,
f]

dl

16 tBtaQay^ivrj avtcov rj dvakoyCa^ xal 8l l'6ov iv tc5

«vTc5 koyc) ^6taL' ojcbq ideL dBt^uL.

xd\

'Edv jCQtatov TCQbg dsvtBQOV tbv avtbv hxrj

Xoyov xal tQLtov JCQbg titaQtov, bxxi ^^ ^«^

20 Tci^TCtov TCQbg dsvtBQOv tbv avtbv Xoyov xal

Bxtov TCQbg titaQtov, xal ^vvtBd^sv TCQCotov xal

TcifiTCtov TCQbg dsvtsQOV tbv avtbv b^el Xoyov

xal xqCxov xal sxtov TCQbg xitaQtov.

1

2. ovTcas] om. BFVp. Hic quoqTie nonnulla in F ita

euanuerunt, ut legi non possint. 4. xa(f] supra V. ^ ov-

T(os] om. BFVp. 5. «ctIi' avaZoyoy Theon (BF Vp). uXXa\

supra F. 7. Ante h m. 2 insert. xat F , in quo liic nonnulla
Bustulit resarcinatio. 8. ij] om. P. 10. IXaoGov^ iXaoeov
BVp. 11. Ay N Tav r, Z] in mg. transeunt m. 1, seq. in

mg. dXXa d ktvxsv iGdnig, dein in textu noXXanXdcia F;
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r : E = ® : K. quare etiam ®:K=A:M [prop. XT],

et permutando [prop. XVI] : A = K: M, sed de-

monstratum est, esse etiam H : ® = M : N. iam quo-

niam datae sunt tres magnitudines if, @, A et aliae

iis numero aequales iC, My iV, binae simul coniunctae

in eadem proportione, et perturbata est earuin pro-

portio [def. 18], ex aequo, si H magnitudinem A
superat, etiam K magnitudinem A'^ superat, et si ae-

qualis, aequalis est, et si minor, minor [prop. XXI].

et H, K magnitudinum A, /1 aeque multiplices sunt,

Aj N autem magnitudinum F, Z. itaque A:T= /^:2,

[def. 5].

Ergo si datae sunt tres magnitudines et aliae iis

numero aequales, binae simul coniunctae in eadem

proportione, et perturbata est earum proportio, etiam

ex aequo in eadem proportione erunt; quod erat de-

monstrandum.

XXIV.

Si prima ad secundam eandem rationem habet

ac tertia ad quartam, et etiam quinta ad secundam

eandem rationem habet ac sexta ad quartam, etiam

compositae prima et quinta ad secundam eandem

rationem habebunt ac tertia sextaque ad quartam.

^(xaxig nolXanXacia add. Bp. 12. F] corr. ex B m. 2 P.

14. %ti\ iv P; xa^add. in mg. m, 2 F, sed euan. 16. 1'ffTOft]

om. P. 18. ixv] h^'' P-

5*
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IIqStov yccQ to AB TCQog dsvteQOv tb F tov av-

tov i%Btc} Xoyov Tcal tQitov to /lE TtQog titaQtov t6

Z, i%it(o 8s xal 7ti[i7Ctov to BH TCQog dsvtsQov tb F
tbv avtbv koyov xal sTitov tb E@ itQbg titaQtov tb

6 Z* liyca, ozl xal (Svvtsd^sv JCQcotov Tcal ni^TCtov tb

AH TtQbg dsvtSQOv tb F tbv avtbv s%sl loyov, Tcal

tQLtov xal sxtov t6 z/0 TtQbg titaQtov t6 Z.

'EtisI yaQ idtcv cog t6 BH TtQbg t6 F, ovtcag t6

E0 TtQbg tb Z, dvaTtaliv ccQa (og to F JtQbg t6 BH,
10 ovtcog tb Z TtQbg t6 E&. sjtsl ovv ictcv cog t6 AB

TtQbg tb r, ovtag t6 ^E TtQbg t6 Z, cog ds t6 F
TtQbg t6 BH, ovtcog tb Z TtQbg tb E@, 8l' tCov aQa

ietlv (hg t6 AB TtQog tb BH, ovtog tb ^E TtQog to

E®. xal iTtsl dLTjQTjiiiva ^syid-rj dvdloyov i6tLV, zal

15 ^vvtsd^ivta dvdkoyov s6taL' ^0tLv ccQa (hg tb AH
TCQog t6 HB, ovtog to z/0 TCQbg t6 @E. s<StL 8\

Ttal (X)g t6 BH TCQbg tb F, ovtog t6 E@ TCQbg tb Z*

dt' l'6ov ocQa iatlv cog t6 AH JCQog tb F, ovtog tb

^® TCQbg t6 Z.

20 'Edv ccQa TCQcotov JCQog dsvtSQOV tbv avtbv sxrj

koyov xal tQitov iCQbg titajQtov, ixrj ds xal jci^ntov

TCQbg dsvtSQOv tbv avtbv Xoyov xat sxtov TCQbg titaQ-

tov, xal avvtsd^sv 7CQ(Dtov xal TCi^TCtOV TCQbg dsvtsQov

tbv avtbv s^SL koyov xal tQitov xal sxtov TCQbg
\

25 tstaQtov oTtsQ k'dsL dsL^ai.

xe'.

'Edv ti66aQa fisysd"ri dvdXoyov f}, tl ^i-

yi6tov [ccvtov'] xa\ tb iXdxi^^fT^ov dvo tcov Aot-j

7C(DV ^SL^ovd i6tLV.
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B Sit enim AB\r= ^E : Z,
^' '^

et BH:r=E®:Z. dico, esse
^' '

etiam AH:r= ^@:Z.
E

j\ 1 10 nam quoniam est BH : F
Zi 1

= E0 : Z, e contrario erit

[prop. YII coroll.] F : BH = Z : E®. iam quo-

niam est AB:r= AE : Z, et r:BH= Z : Ee, ex

aequo erit AB : BH = ziE : E® [prop. XXII]. et

quoniam diremptae magnitudines proportionales sunt,

etiam compositae proportionales erunt [prop. XVIII].

itaque AH: HB = ^® :®E. uerum etiam

BH:r=E@:Z.
itaque ex aequo AH: F= J® : Z [prop. XXII].

Ergo si prima ad secundam eandem rationem habet

ac tertia ad quartam, et etiam quinta ad secundam

eandem rationem habet ac sexta ad quartam, etiam

compositae prima et quinta ad secundam eandem

rationem babebunt ac tertia sextaque ad quartam;

quod erat demonstrandum.

XXV.

Si quattuor magnitudines proportionales sunt,

maxima et minima duabus reliquis maiores sunt.

XXV. Eutocius in ApoUon. p. 139.

1. ^hBv yccQ P. 6. t6 TtQcoxov FV. nifJLTitov t6 AH]
TtEfi (ex xa/T) Tis^ntov, xb AH supra qp. 8. ticcI insl yccQ F,
xat del. iati, F. 12. aQCi] supra F. 14. ictLv] PF; comp.
p; iatL BV. 15. satLv ccQa mg]F', mg ccqu Theon? (BFVp).

16. HB] BHF. iativ B. 21. ^XV ^^ — 25: dBtlai] yial

tcc Xomu p. 21. ^%£i P. 22. xal «xtov — 26: SelIcci] xal Ta
XoLnu B. 28. avtcov] om. P, Eutocius. dvo] Eutocius, V;
Ta dvo Pqpp, et B, sed Ta deL m. 2. tmv] om cp.
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*'E6tGi te60aQa ^sysd^rj avaXoyov ta AB, Fzi,

E, Z, (Dg to AB TtQog ro F^, ovtcog to E JtQog to

Z, £6tco ds ^Eyc^tov ^sv avtmv to AB, 8kd%i0tov ds

to Z* leyci^ otv ta AB^Z tcjv FA, E ^et^ovd e6tiv.

5 KeL^d^cj yccQ ta ^ev E l'6ov ro AH, ta de Z

laov to r&.

^ETtel \ovv'] i6tiv G)g ro AB TCQog tb F^ , ovtcjg

to E TCQog tb Z, i6ov 8e tb ^ev E rc5 AH, tb de

Z ta r@, satLv aQa (og ro AB TCQbg tb FJ^ ovtcag

10 r6 AH TCQbg xb F®. xal inei eativ G>g oXov tb

AB TCQbg olov tb FA, ovtcjg d^patQed-ev tb AH TCQbg

dq)aLQed-ev tb F®, xal loLTcbv aQa ro HB iCQbg Aot-

Tcbv tb &A eOtaL wg oAov tb AB JCQbg oXov tb Fd.

liett^ov d\ ro AB tov F^' ^et^ov ccQa xal tb HB
15 rov 0z/. xal eitel l6ov e6tl ro ^ev AH ta E, ro

de r® rc5 Z, td ctQa AH, Z l'6a e6t\ totg r@, E.

* Kecl [eTcel] idv [dvL60Lg t6a 7CQ06ted'f}, xd oXa avL6d

iatLv, idv aQa] tcav HB, 0z/ dvL6c3v ovtcov Tcal iieC-

t,ovog tov HB tS ^ev HB 7CQ06ted^fj td AH, Z, ro5

20 de ®A 7CQ06ted^fj td F0, E, 6vvdyetaL td AB, Z

fieL^ova rc5v FA, E.

'Edv ccQa te66aQa [leyed-ri dvdloyov ?, ro ^ieyL-

6tov avrcSv ^ial tb ikd%L6tov dvo rc5i/ XoLicav [neLt^ovd

i6tLV' oTCeQ edeL det^aL.

2, E] (alt.) © n. 4. sgxiv] PF; comp. p; scrt BV.
5. Tc5] t6 V qp (non F). ro] tut Ycp. rra] t6 V. 6.

t6] ra V; om. P. 7. ovv] om. P. 8. Z] in raa. m. 2 V.

12. r©] <9 e corr. V. Post kccl 2 litt. euan. F. HB]
AB n. 13. ©J] /i eras. F. iGttii] seq. ras. F, in qna
IffTtt^ ins. qp. AB] B Q corr. F. \h. AK] H corr. ex B
V m. 2. 16, H] m. rec. p. AK] P, BH «, AK tp. 17.

olu] supra m. 1 V. 19. toj] to V; corr. m. 2. ^iv]

m. 2 V. 21. (iSL^cova cp. 22. aQCc] om. p. dvccXoyov — 24:
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H Sint quattuor magnitudines

proportionales AB, fz/, E^ Z,

^
'

ita ut sit AB : rJ -= E : Z,

r 1

—

\J et maxima earum sit AB, mi-

Zi 1 nima autem Z. dico, esse

AB + Z>rj + E.

ponatur enim AH= E et T® = Z}) iam quo-

niam est AB:r^ ^ E:Z, et JS = AH, Z == T©,

erit AB : TA = AH : F®. et quoniam est

AB:rA = AH:r@,
erit etiam [prop. XIX] HB :&^ = AB: FA. sed

AB> Fz/. quare etiam HB > 0z/.^) et quoniam

AH=E et r® = Z, erit ^H+ Z = T® + ^. et

si datis magnitudinibus HBj 0z/ inaequalibus
,
qua-

rum maior est HB, magnitudini HB adiicitur AH+ Z,

@J autem magnitudini magnitudo F® + E, concluditur

AB + Z>rA + E.^)

1) Nam cum AB > E, erit FJ > Z (prop. 14).

2) Cum HB : @J = AB : Tz/, erit (prop. 16) AB : HB
= rj : 0z/; tum u. prop. 14.

3) Cum I Koiv. k'vv. 4 subditiua sit, uerba insL et ccvt-

Gocg — iav ccqu lin. 17— 18 necessario delenda sunt, prae-
sertim cum haec postulati forma ad demonstrandum propo-
situm non sufficiat, et offendat orationis forma ob repetitum
ittv permolesta; ad quam molestiam leuandam inst lin. 17
sustulit Augustus. sed fortasse Euclides ipse lin. 17 sq.

haec sola scripeerat: coats tcc A B, Z roav FJ, E ybsC^ovd iaziv;

nam GvvayttaL lin. 20 inusitatum est. de demonstratione, qua
uti poterat Euclides, cfr. uol. I p. 181 not.

Sii^ai] y,al ro: loLTta p. tb ^syiatov — 24: tfft|at] v.ai ta
Xoind B. 23. ildvtatov] ^Xattov V. In fine: EvytXsCdov
atOL%sC(ov xriq Simvos lv,86as(og s' F; Ev^XsCdov atoL%sCoav s' PB.
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5-

"Oqol.

a . "Oyioia ^iriyiaxa evd^vyQa^^d ietLV, o6a

tdg xs yavLag l'0ag i%Bi xatd iiCav xal tdg nsQl tdg

l'6ag ycjviag TcXsvQag dvdloyov.

5 [j3'. ^AvtLTisTiov^ota ds Oirniatd iativ, otav iv

ixatSQC) tc5v 6%Yi^dtGiv riyov^svoC ts xal ino^svQu

Xoyoi (o(?tv.]

y'. "Akqov xal ^s6ov koyov svd^sta tstfiij-

(jO-afc Xsystav^ otav
fj

d>g rj oXr} TCQog to ^st^ov

10 t^ijfia, ovtcog ro ^st^ov JtQog t6 sXattov.

d\ "Ttl^og iatl Tcdvtog ^xri^atog rj aTcb trjg X0Qvq)rjg

iitl trjv pd0LV xdd-stog dyo^svrj.

[s'. Aoyog ix Xoyov Gvyxsted^ai Xsystac, otav ai

tcov Xoycav TCrjXcxotrjtsg icp' savtdg 7CoXkanka&ia6%^st~

15 6ai tcolS^C tiva.]

r

a .

Td tQCyava xal td TtaQaXXrjkoyQa^^a td

Def. 1. Hero def. 118, 1. 2. Hero def. 118, 1. 4. Cfr.

Hero def. 73. [5. Theon in Ptolem. I p. 235 ed. Halma.
Eutocius in Archim HI p. 140, 23. Barlaam logist. V def. 2].

Prop. I. Proclus p. 245, 5. 405, 11. Pappus V p. 432, 23.

Vnip. 1106, 23.

1. oqol"] om. codd. numeros om. codd. 5. Gvriiiara sv-

Q"vyQa(iiid s6tiv F. 7. X6yoi\ P, F supra scr. oqoi m. 1;

OQOi Bp et V in ras., supra scr. Xoyoi m. 2; Xoymv oqol Can-
dalla, Peyrardus; Xoyoi iam Hero. siaiv F, coort p. Dein seq.



YI.

Definitiones.

I. Figurae rectilineae similes sunt, quaecunque et

angulos singulos aequales habent et latera aequales

angulos compreliendentia proportionalia.

[II. Reciprocae autem figurae sunt, ubi in utraque

figura et praecedentes et sequentes ratibnes sunt].^)

III. Secundum extremam ac mediam rationem recta

linea secari dicitur, ubi tota ad partem maiorem ean-

dem rationem habet ac maior pars ad minorem.

IV. Cuiusuis figurae altitudo est recta a uertice ad

basim perpendicularis ducta.^)

I.

Trianguli et parallelogramma sub eadem altitudine

posita eandem inter se rationem habent ac bases.

1) Haec definitio nnsquam ab Euclide usurpatur; neque
enim ad illustrandam locutionem Xoyov cLvxLnBTcovQ-oxa. b%eiv

ant opus est, aut, si opus esset, sufficeret. praeterea Xoyoi

lin. 7 obscurum est. itaque puto, Simsonum p. 370 iure eam
damnasse. fortasse ex Herone sumpta est, apud quem legitur.

2) Def. 4 om. Campanus. Def. 5 sine dubio interpolata

est; nam nusquam usurpatur nec apud Campanum exstat neque
in ipsis codd. locum eundem obtinet. sed cum P a manu
prima addito signo, quo in textum referatur, eam in mg.
babeat, fortasse ante Theonem interpolata est. u. Simson

p. 372 sq.

def. 5 in Bp. 9. ij] om. PBp. to] om. F. 10. k'XaaGov

FV. 13 — 15. mg. m. 1 P; om. hoc loco Bp. 17. ra] (alt.)

Bnpra m. 1 F.



74 ST0IXEI5iN g'.

VTcb t6 avro vijjog ovta JtQog akXrikd e<jtiv (og

aC pd0etg.

"E^tco tQiycova ^sv ra ABF, AF^, TCagaXkr^ko-

yQa^^a ds td EF^ FZ vitb tb avtb vif^og tb AT'
5 kiyG)^ oti i^tlv 6g 7] BF pd6ig TtQbg trjv Fz/ pdav,

ovtmg tro ABF tQiycovov Ttgbg tb ATA tQiycjvov,

Tcal tb EF TtaQaXXrjXoyQaii^iov TtQbg tb FZ naQal-

XrjXoyQa^^ov.

'ETi^e^Xria^o yaQ rj BJ i(p' ixdtSQa td ^iQrj

10 inl td ®, A arj^sia, xal xsidd-oeav trj nsv BF /3a-

aei l'0ai [baaidrjTtotovv] at BH, H®, trj de FA /3a-

<?£t l'6ai baaidriTtotovv at ^K, KA, xal ijts^evx^^'

0av at AH, A@, AK, AA. ^

Kal iTCel l'6ai elolv at FB, BH, H& dUrikaig,

16 t6a i6tl Kal td A®H, AHB, ABF tQiycjva dXli^-

Xoig. baaTtXaaiov ccQa iatlv rj 0F ^daig trjg BF
pdaeog, toaavtanXdaiov iati xal tb A&F tQiyovov

Toi; ABF tQiycivov, did td avtd drj baanXaaCov

iatlv rj AF pdaig trjg FA ^daeog, toaavtajtXdaiov

20 iati xal tb AAF tQiyovov tov AFJ tQtyovov' xal

ai tari iatlv rj ©r^datg t^ FA ^daei, l'aov iatl

xal tb A®r tQCyovov t^ AFA tQiyovo , xal ei

v7teQe%ei r] ®r pdaig trjg FA ^daeog, v7teQe%ei xal

tb A@r tQCyovov toi ATA tQiyovov, xal si iXda-

25 ^031', eXaaaov. teaadQov drj ovtov ^eye^ov dvo^

liev pdaeov tcoz/ BF, F^, dvo de tQiycavov Trai' ABr,\
AFzl etXrjTttai iadxig noXXaTtldaia trjg filv BF pd-

asog xal tov ABF tQiycovov rj ts ®r ^datg xal t6\

4. rZ] Z e corr. m. 2 F. vipog] P; vVog ovra Theonj

(BVp, F in ras. m. 2). t6 AT] P; tnv dno xov A iwl
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Sint trianguli ABF, AF^, parallelogramma autem

„ . „ EFy rZ sub eadem alti-

tudine posita AT. dico,

esse Br : rj = ABF
:Ar^ = Er:rz.

producatur enim B^ in

S S B T A K A utramque partem ad punc-

ta 0, Ay et ponantur basi -BFaequales quotlibet rectae

BHj H® et basi F^ aequales quotlibet rectae ^K*
KAj et ducantur AH, A&, AK, AA.

et quoniam FB = BH= H0j erit etiam

A A&H = AHB = ABr [I, 38].

itaque quoties multiplex est basis QF basis BFj to-

ties multiplex est etiam triangulus A&F trianguli

ABF. eadem de causa, quoties multiplex est basis

AF basis JTz/, toties multiplex est etiam trian-

gulus AAF trianguli AFA. et si @r= FAj erit

etiam l\ A&F= AFA [1,38], et si &r>rAj erit

etiam AA©r>ArAj et si @r<rAj erit

A A&r < AFA. itaque datis quattuor magnitudini-

bus, duabus basibus BFj F^ et duobus triangulis

ABFj AF^ sumptae sunt aeque muliplices basis BF

xTjv BJ -add-Ezov uyo^svriv Theon (BVp, F in ras. m. 2); sed

cfr. def. 4. 5. liym^ oxi\ in ras. m. 2 F. sgxIv <ag t} BF]
in mg. transeunt m. 1 F. ^ciGig'] -ig in ras. F. 9. BJ]
JB Bp, V m. 2. 11. oaaidrjnoxovv] om. P. 12. ^ K]
in ras. V. 14. BH, H@] e corr. p. 15. iaxcv P; comp. p.

AHS Fp. 18. ABT] corr. ex A@r m. 2 F. 19. AT]
FA P, sed A in ras. FJ] z/FBp. 20. AFJ] ^z/TBp.
xgCycovov n (non P). 21. TA] inter T et yf ras. 1 litt. FV.
IgxIv P, comp. p. 22. AAT Bp. 23. VA] inter T et yt

ras. 1 litt. V. 24. ^r^l PV, B in ras. m. 1; AAT ys\

ABT F. iXoLxxov iXaxxov BF {iXuxtmv F m. 2).
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A®r XQiycDVOv^ rrjg ds Fzi pdascjg xal tov A^F
TQtycavov alla^ a exvxsv, icamg 7tokla%ld6ia 7] xb

Ar pdoig Ttal to AAF XQCyavov' xal dadsixxaL, ort,

Si v7tsQe%si 7] ®r pdetg xrjg FA ^dascog, v7tSQS%si,

5 Jcat xo A®r XQiyovov xov AAF XQtycjvov, xal sl

iiSrj, l'6ov^ xal si sldccov^ ska60ov' saziv ccQa cog 7]

BF pdaig TCQog xrjv FA pd6iv, ovxcog xo ABF
XQiyavov TtQog xo AT^ XQiycovov."

Kal STisl xov ^sv ABF XQiycovov diTtXdtSiov s6xi

10 x6 EF TtaQalkriXoyQa^^ov ^ xov ds ATA XQiycovov

diTtXd^iov s6xi xl ZT JtaQaXXrjXoyQa^^ov , xd dl

liSQrj xotg d)6avxG)g 7tokkaitka6iOig xov avxov sxsi

koyov, sCtiv ccQa cog to ABT XQiycavov 7tQog x6

ATA XQtyovov^ ovxcog x6 ET 7taQakkr]k6yQa^^ov

15 7tQ6g x6 ZT 7taQakkrik6yQa^^ov. S7tsl ovv sdsix^d^rj,

cog ^sv rj BT ^ddg 7tQ6g X7jv TA, ovxcog x6 ABT
XQiycjvov 7tQ6g x6 ATA XQtycjvov, cog ds x6 ABT
XQiycovov 7tQ6g x6 ATA XQiyovov, ovxcog x6 ET
7taQakkrjk6yQa^(iov 7tQ6g x6 \TZ 7taQakkrjk6yQa^^ov,

20 x«t G)g aQa rj BT ^dOig 7tQ6g trjv Fz/ pd6iv, ovtcog

t6 ET 7taQakkrjk6yQa^fiov 7tQ6g t6 ZT ^taQakkrjko-

.

yQa^i^ov.

Td aQa tQiymva xal td 7taQakkrjk6yQa^^a td

V7t6 t6 avt6 vipog ovta 7tQ6g akkrjkd i6tiv cog at

25 pd6sig' oTtSQ ^dsi dsi^at.

?'

'Edv tQiycovov 7taQd [iCav tcov 7tksvQcov

nx^V '^^^ svd^sta, dvdkoyov ts^st tdg toi> tQi-

2. «] supra F. 3. Ar] FA P. 4. FA] A m ras.

m. 2 P; AT F. 6. car}] laov B, etF, corr. m. 2. iXdaaoiv]
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triangulique ABF basis ©JT et triangulus A®r, et

basis r^ triangulique A^F aliae quaeuis aeque multi-

plices basis ^F et triangulus AAF-^ et demonstratum

est, si ©F basis basim FA superet, etiam triangulum

A&r triangulum AAF superare, et si aequalis sit,

aequalem esse, et si minor, minorem. itaque erit

Br:rA = ABF: ATA [V def. 5].

et quoniam Er=2 ABT et Zr= ^ATA [I, 34], et

partes eandem rationem habent atque aeque multi-

plices [V, 15], erit A ABT: AFA = EF : ZF. iam

quoniam demonstratum est, esse

Br:rA = ABr:ArA
et ABr^ATA = ET: FZ, erit etiam

Br:rA = Er:zr [V, ii].

Ergo trianguli et parallelogramma sub eadem alti-

tudine posita eandem inter se rationem habent ac

bases; quod erat demonstrandum.

II.

Si in triangulo uni laterum parallela ducitur recta,

latera trianguli proportionaliter secabit; et si latera

n. Schol. in Archim. III p. 383.

iXccGGov P; eIuxtov B, et F, corr. m. 2; ilccxtoav p. ^Xccrrov

BFp. 9. fiev rov V. 10. ds] m. 2 V. 11. iGnv P;
comp. p. 12. TioXXa.nXaGCois] naQanXrjGiOLg B; corr. m. 2.

15. Zr] rZ BFp, V m. 2. 16. 17 piev p. ABT]
AFB P. 17. Arj\ corr. ex ^z/T F. rgCymvov'] om. V.

18. rQCymvov] om. V. AF^] e corr. F. rqCyoivov] m. 2 V.

19. rZ] P, y m. 1; Zr BFp, V m. 2. 20. Fz/] ^Tp.
21. nciQttXXriX6yqciyL[L0v] (alt.) om. V. 27. naqcc ^Cav] mu-

tat. in naQdXX7}Xog (iia B m. recentissima ; in V supra scr.

m. 2: ^TOt iiia xmv nXevQcav naQccXXrjXog.
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ycovov Tt^evQag' xal iav au tov tQtycovov TtXsv-

Qal avdkoyov t^rjd^co^LVy rj ijtl tag to^ag

iTtcisvyvvfisvri svd^sta Ttaqa trjv XocTtrjv s6tat

rov tQtycovov TtXsvQav.

5 TQiycovov yaQ tov ABF TtaQakkrilog ^ia tcov

7tXsvQ<DV tij BF T^xd^cD r] ^ E' Xsyco, otu iatlv mg rj

B/l itQog trjv /iA, ovtcog r\ TE TtQcg trjv EA.
'ETts^svxd^coaav yccQ ai BE, F^,

"l0ov ccQa idtl t6 B^E tQuyovov tc5 FzfE tQL-

10 ydvco' inl yccQ trjg avtrjg pd6scog i0tL f^g ^E xal

iv tatg avtatg naQaXXi^XoLg tatg /lEj BF' dXXo ds

tL to AAE tQLycovov. td ds L6a TtQog ro avto tbv

avtov s%SL Xoyov s6tLV aQa cog to B^E tQCycovov

TtQog to AAE \tQLycQvov\ ovtcog to T/IE tQLycovov

15 TtQog tb Az/E tQLycovov, dXX^ cog fisv tb BzfE
tQLycovov TtQog tb A^E, ovtcog rj B^ TtQbg trjv

AA' vTtb yaQ tb avtb vijjog ovta trjv djtb tov E
inl trjv AB xdd^stov dyofisvrjv TtQbg dXXrjXd slOlv

cog at pd6SLg. dtd td avtd drj (hg tb T^E tQLycovov

20 TtQog tb AAE, ovtcog rj TE TtQbg trjv EA' xal

cog aQa rj BA JtQbg trjv ^A, ovtcog rj TE TtQog

rrjv EA.

'AXXd drj al Tot5 ABT tQLycovov TtXsvQal al AB,
AT dvdXoyov tst^Tjad-co^av, (og rj B^ TtQog trjv ^A,

26 ovtcog rj TE itQbg trjv EA, xal iTtsisvx^co rj ^E'
Xsyco, otL TtaQdXXrjXog iattv rj ^E tfj BT

TiDV yuQ avtcov xataaxsva^d^svtcov , iitSL ietLV

1. Ante BOLV 2 litt. eras. V. 3. naQu trjv Xoirnjv'] mntat.
in 7taQcclXr]Xog t^ Xomy B m. recentiss. ; in F supra scr. m. 2

naQaXXrjXos. 4. nXsvQav'] mutat. in nXsvQa m. recentiss. B.
7. trjv] postea insert. ip. triv] postea msert. qp. EA]
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trianguli proportionaliter secantur, recta ad puncta

sectioDum ducta reliquo lateri trianguli parallela erit.

Nam in triangulo ABF uni

laterum BF parallela ducatur

^E. dico, esse

BJ\ziA = TE.EA.
ducantur enim BE^ JTz/.

itaque l\ B^E = Fzi E] nam
in eadem basi sunt ^E et ia. iisdem parallelis z/JE',

BF [I, 38]. alia autem quaedam magnitudo est

A A^E. et aequalia ad idem eandem rationem ha-

bent [Y, 7]. erit igitur BAE.A ^E = FJE : A^E.
uerum BAE : AAE == Bz/ : AA\ nam cum sub eadem

altitudine positi sint, ea quae ab E ad AB perpen-

dicularis ducitur, eandem inter se rationem habent ac

bases [prop. I]. eadem de causa erit etiam

A rAE : AAE = FE : EA,
quare etiam BA : AA = rE:EA [V, 11].

iam uero trianguli ABF latera AB, AF propor-

tionaliter secentur, ita ut sit B^ : AA = FE : EA, et

ducatur ^E, dico, AE rectae BF parallelam esse.

AB F. 8. yuQ] supra m. 1 V. 9. aqa] Srj P. ioTLv P,

comp. p. 11. BF] EZ <p (non F). 14. t6] corr. ex
Tw m. 2 V. AJE] JAE F. TQLycovov'] om. P. tql-

yiovov] om. V. 16. AJE] d e corr. m. 2 V. '^] <3P;

add. supra etiam m. rec. 19. Post ^cccELg add. V: oag d^k

t6 rjE TiQog to AJE TQLyoovov. St]] om. F; uidetur add.
fuisse m. 2, sed euan.; ^17 xa^ P. mg to] om. V; mg ds
t6 qp. FJE TQLyavov TtQog t6 AJE] om. V. 20. EA]
AE p. 21. FE] TB F? 23. ccl AB, AT] m. 2 V; cct

om. F, add. qp. 24. Ante ag hab. Bp: hcctu tcc J , E
arjfiBLu; idem P mg. m. 2. mg uqu Bp. 25. FE] mutat.
in Er m. 2 V.
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6g ri B^ TtQog rrjv AA^ ovtcog rj TE JtQog trjv EA^

aXX' (Dg ^8v 7] Bzl TCQog triv AA^ ovtixig to BAE
tQLycovov TCQog to AAE tQLycovov, ag ds rj FE TCQog

trjv EA^ ovtcog to FAE tQiyovov TtQog tb AAE
5 tQLyovov, xai cog uqcc ro BAE tQLycovov JtQog to

AAE tQcyavov, ovtog ro FAE tQiyovov TtQog ro

AAE tQiyovov, ixdtSQOv aQa rtov BAE^ FAE
tQiyovov TtQog tb AAE tbv avtbv sxsl koyov. l'6ov

aQa s6tl tb BAE tQLyovov r« FAE tQLycovo' xa£

10 si6LV sTtl trjg avtrjg ^dasog tijg AE. td ds i'6a

tQLyova xal STtl trjg avtrjg pd^sog ovta xal iv tatg

avtatg TtaQaXXrjXoLg i6tCv. naQdlXrjkog aQa i6tlv 17

AE tfi Br.

'Edv aQa tQLycovov TtaQa fiLav rcoi/ tcXsvqov dx^jj

15 ttg svd-sta, dvdloyov tsiist tdg tov tQLycovov jtXsvQdg'

xal idv at tov tQLyovov nXsvQal dvdXoyov t^irid^oiSLVy

r} sJtl tdg rondg iTCL^svyvv^svr} svd^sta TtaQa tijv Xol-

TCrjv ^0taL tov tQLycovov itXsvQdv' oitsQ sdsL dst^aL.

r

y •

20 'Edv tQLycovov rj yovia dL%a tiirjd^rj, rj dl

ts^vov(5a tr]v yovCav svd^sta ts^vrj xal trjv

pd^Lv^ td trjg ^dosog t^ij^ata tbv avrbv si,sv

Xoyov ratg XocTCatg xov rQLyoovov JcXsvQatg'

Kal idv rd rrjg ^desog r^i^^ara rbv avrbv s%\

25 Xoyov ratg XoLTCatg rov rQLycovov TcXsvQatgi

rj djcb r^g xoQvq^rjg iicl rrjv rofirjv ijCilsvyvv*

fisvrj svd^sta 8C%a ts^st trjv rov rQLycovo'

yovCav,

3. tQLyaivov] (alt.) om. V. 4. triv EA^to EA seq. ras, 1 litt.

5, y.al cog dqa — 7: ^z/E tQvycovov~\ mg. m. 2 V.
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nam iisdem comparatis quoniam est

B^.JA^rE.EAy et B^ :^A=-ABJE:A^E,
et rE : EA = A F^E : A^E [prop. I], erit etiam

A BAE : AAE = A FAE : AAE [V, 11]. itaque

uterque triangulus BAE^ TAE ad AAE eandem

rationem habet. itaque l\ BAE= FAE [¥,9]. et

in eadem basi sunt A E. trianguli autem, qui aequales

sunt et in eadem basi positi, etiam in iisdem parallelis

sunt [I, 39]. itaque AE rectae BF parallela est.

Ergo si in triangulo uni laterum parallela ducitur

recta, latera trianguli proportionaliter secabit; et si

latera trianguli proportionaliter secantur, recta ad

puncta sectionum ducta reliquo lateri trianguli paral-

lela erit; quod erat demonstrandum.

III.

Si angulus trianguli in duas partes aequales

diuiditur, et recta angulum secans etiam basim secat,

partes basis eandem rationem babebunt ac reliqua

latera trianguli; et si partes basis eandem rationem

habent ac reliqua latera trianguli, recta a uertice

ad punctum sectionis ducta angulum trianguli in duas

partes aequales secabit.

III. Theon in Ptolem. p. 201. Eutocius in Archim. III

p. 272, 11. Schol. in Pappum III p. 1175, 16, 25 al.

T^tyoovov] (prius) om. BFVp. 7. TQLyoavov'] comp. F. 8.

ngog ro AJE] supra m. 1 F; ngos to AJE xQiycovov V. 9.

iozCv FV. 11. xa^] (prius) xu F. 12. nccQciXXriXog V; corr.

m. 2. iatCv] (prius) PFV; iotL B, et p (t in ras.); slac V
m. 2. 14. nXEvgmv] mg. m. 1 P. 20. 17] om. V. '^^V^vl
in ras. m. 2 V. di] supra m. 1 F. 21. tsiLVf]] tiyLvsi

eras. t V. 24. xai iuv td — 25: nXsvgaig] mg. m. 2 V. 24.

ixrf\ corr. ex ^xsi m. 1 p. 27. tsiisi:] P, F m. 2, V m. 2;
xiy^si Bp, F m. 1, V m. 1.

Euclides, edd. Heiberg et Menge. II. 6
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BAF ycDvla dC%a vnb trjg A^ svd^etag' Xeym^ ort

e6t\v (og rj B^ nQog tfjv Fz/, ovtag rj BA JtQog

trjv AF.
5 ^'H^d^a) yccQ dia tov F tfj ^A TtaQaXXrjXog rj FEy

Tcal diayd^el^a rj BA Cv^nnttetGi avtfi xata to E.

Kal iicel elg TtaQaXXrjlovg tag AA^ ET ev^ela

eveite6ev r\ AT^ r\ aqa vito ATE yovLa i'6r\ idtl

t^ vTto TA^. alk^ ri vito TA/i tfj vjtb BA^ vjto-

10 xettac l'6ri' xal r} vjcb BA^ aqa tfj vnb ATE ictiv

farj. JtdXtv, eitel elg TtaQaXXrjXovg Tag AA, ET ev-

d^eta iveTtedev rj BAE, rj extbg ycovta rj vnb BAJ
l'6r] iatl tfi ivtbg tfj vjtb AET idetx^rj de xal rj

VTtb ATE tfj vTtb BA/1 l'6rj' xal rj vitb ATE aQa

15 yavta tfj vitb AET iattv l'0rj' w0te xal itXevQa rj

AE TcXevQa tfj AT iativ l'6i^. xal inel tQiyavov

tov BTE TCttQa iiCav tcov nXevQmv trjv ET rixtat ^
AA, dvdXoyov ccQa ietlv (x>g rj B^ JtQbg trjv z/F,

ovtcog rj BA XQbg trjv AE. l'6r} de rj AE tfj AT'
20 (og aQa rj BJ JtQbg trjv ^T^ ovtcag rj BA JtQog

trjv AT
^AXXd drj e6ta) (og rj Bzl itQbg trjv z/F, ovtcsg

rj BA TtQbg trjv AT, xal iTte^evxd-o rj AA' Xeycs,

OT^ dCxa tetfirjtat rj vitb BAT ycovCa vnb tfjg A/l
25 ev^eCag.

Tov yaQ avtcov xata0xeva6d'evtcov , ineC eettv

cog rj B/d TtQog trjv ^T, ovtcog rj BA nQog trjv AT,
dXXd xal og rj B^ JtQbg trjv ^T, ovtcog iatlv rj BA

1. naC] supra F. 3. FJ] JF F. 7. svd^siag V.

8. ivsTcsGsv] Pqp Bp; ifjinsnrtoyisv V. iariv P; comp. p.

9. dXXcc P. 11. svd^SLu] svd-sCag addito svd^sia in mg. m.
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Sit triangulus ABF, et L BAF in duas partes

aequales secetur recta AJ,
dico, esse

B^ :rj = BA'. AT.
ducatur enim per F rectae

AA parallela ,1^,^^., et pro-

ducta BA cum ea concurrat

in E \1 alt. 5]. et quoniam in rectas par^llelas A^,
Er recta incidit AF, erit L AFE^ TA^ [I, 29]. sed

supposuimus L TAA == BA^. quare etiam £ 5^z/
= ATE. rursus quoniam in rectas parallelas^z/, JSJJT

recta incidit BAE, erit /. 5^^ = ^^rexterior angu-

lus interiori [1, 29]. demonstratum est autem, esse etiam

L ATE^BAJ. quare etiam L ATE= AET. quare

etiam AE = AT [I, 6]. et quoniam in triangulo

BTE ujai laterum ET par^allela ducta est AJ, erit

BA : AT = BA\ AE [prop. II]. sed AE = AT.

itaque erit

B^\AT=BA\AT
iam uero sit BA \ AT= BA \ AT,ei ducatur A^,

dico, L ^^T in duas partes aequales secari recta A^.
nam iisdem comparatis quoniam est B^d \ ^T

= BA : AT, uerum etiam BJ : ^T^fiA\AE (nam

2 V; svd-siccg Bv^Bva Bp. 12. ivsnsGS V. B^E] litt. E in

ras. m. 2 P. 17] (tert.) in ras. V. 13. LaTj] -jj e corr. m.
2 P. AEr] litt. Er in ras. P. 14. BAJ] corr. ex BJJ
m. 1 p. ciQu ycovicc] om. V. 16. AE] A© n (non P),

EA cp. nXsvodv n (non P). 18. TiQog zijv] ri^v comp. scrip-

timi cum TCQoa coaluit in F, nQog qp, et sic in seq. saepius.

20. cos a^a] P; ^ariv icQa wg Theon? (BFVp); cfr. p. 68, 15.

22. BJ] J corr. p. JT] FJ F. 26. insl yocQ cp. 27.

AT— p. 84, 1: nQog triv] om. Bp. 28. rrjv] om- F (inser.

m. rec, sed eras.).

6*
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TtQog rriv AE' XQLycovov yaq tov BFE naQa ^iav

trjv EF riKtaL 7} A^' Tcal mg aQa rj BA JtQog triv

AF, ovtog 71 BA JCQog trjv AE. l'0r} aQa rj AF tfj

AE' S6t6 nal yavia r\ vjcb AEF tfj vtco AFE
5 i0tLv l'6rj. aAA' rj ^sv v%o AEF trj ixtog trj vno

BA/1 [ietLv] l'6rj, ri ds vno AFE trj ivaXXa^ trj

vjto FA^ i6tiv t6ri' xal rj vito BA^ aQa tfj VTto

FAJ iativ l'0rj. ri aQa VTto BAF yavCa dCxa tstfirjtat

VTto trig AA sv^sCag.

10 ^Eav ccQa tQtycovov rj yavCa dCxa t^rjd^^^ rj ds

ts^vov6a trjv yavCav svdsta tsfivrj xal trjv pdeiv,

ta trjg pd6sG)g t^ij^iata tov avtov si^si koyov tatg

XoLTtatg Tov tQLycovov jtXsvQatg' xal iav ta trjg ^dosog

tfiiq^ata tov avtov ^xTi ^oyov tatg XoLTtatg tov tQL-

15 yoDvov TtlsvQatg, rj dno trjg xoQvcprjg inl trjv to^rjv

ijtL^svyvvfisvrj svd^sta dC^a tSfivsL trjv tov tQLyoovov

yoovCav oitsQ ^dsL dst^aL.

Tcov (ooycovCov tQLycovcov dvdXoyov si-

20 <Slv at nXsvQal aC JtSQl tdg l'6ag ycovCag xal

ofioXoyoL at vTto tdg l'6ag yavCag vitotsCvovGaL.

"E6t(o i6oyoavLa tQCyova td ABF, ^FE l'6rjv

sxovta try fisv vno ABF yovCav tfj vno ^FE, trjv

ds vTto BAF tfj vTto r^E xal hL tr^v vTtl AFB
25 tfj vjto rE^' Xsyo, otL tov ABF, ^FE tQLycovov

IV. Psellus p. 70.

3. ovxag] m. 2 V. AE] AF (p. 4. AE] EA cp. tjj]

PBp; ycovCcc tfi FV. 6. dXXa P. 6. BAJ] B supra m. 1 F.

iativ] om. 'P. 7} ds] tar} Ss xal r V. AFE] supra T ras.

est in V; AET F. 7. ictiv icri] om. V. xai rj vno — 8:
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in triangulo BFE uni laterum EF parallela ducta

est Az/) [prop. II], erit etiam BA:Ar=BA\AE
[Y, 11]. quare AF = AE [V, 9]. quare etiam

L AEr == AFE [I, 5]. sed L AEr=BA^ exteriori

[I, 29], et L ^TE = rA^ alterno [id.]. quare etiam

L BA^ = FAA. itaque L BAF recta A^ in duas

partes aequales sectus est.

Ergo si angulus trianguli in duas partes aequales

diuiditur, et recta angulum secans etiam basim secat,

partes basis eandem rationem habebunt ac reliqua

latera trianguli; et si partes basis eandem rationem

babent ac reliqua latera trianguli, recta a uertice ad

punctum sectionis ducta angulum trianguli in duas

partes aequales secabit; quod erat demonstrandum.

IV.

In triangulis aequiangulis latera aequales angulos

comprehendentia proportionalia sunt et correspon-

dentia, quae sub aequalibus angulis subtendunt.

Sint trianguli aequianguli ABF, ^FE habentes

LABr= ^TE, BAr= r^E, ATB= FEA. dico,

ioTLv tari\ om. B et V (ras. est quartae partis lineae); in mg.
transeunt in ras. p. 10. 7i\ om. V. ^h^^ om. F. 11.

xr]v yoaviav] P; avtT^v BFVp. evdsia] mg. m. 1 P. xs-

(ivsi F et seq. ras. 1 litt. V. 12. td] m. 2 F. 13. xal
idv — 17: Sst^aL] in ras. m. 1 F. 14. k'xr]] corr. ex ^'x^l p.

loyov ^XV ^' ^^' "^^^ xQiymvov] om. FV. 17. ymvCav]

hv^ttav p. 20. at nsQl] e corr. V. taaq] m. rec. F. 21.

nXivQul vnotEivovaui Bp, vnotdvovaai nXsvqal FV. 22.

?at(oaav V. dVE'] FJE Bp, V m. 2. 23. ABT]
BArP. ycoviav] comp. mg. P. JTE] FJE P. 24.

BAT] BFp, V m. 2; BTA P; AFB V m. 1. FJE] BFp,
V m. 2; rEJ P. ATB] Bp, V in ras. m. 2; ABF PP.

25. FEJ] BFp; JET in ras. m. 2 V; JFE P.
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ccvdXoyov SLdLV at TtXevQal cct itsQl Tccg l'0ag yovCag

^al o^oloyoi at vtCo rag tcag yavCag v7toteCvov6aL.

KeC6d^G) yccQ eit ev^eCag 7] BF ty FE. xal enel

at vTtb ABF^ AFB yovCai dvo oq^^v iXdttoveg

5 eldiv^ l'6ri de rj vTto AFB trj VTtb ^EF, at ccQa

vTcb ABF, ^EF dvo oqQ^^v ekdttoveg eCatv at BA,

E^ aQa eTi^aklo^evat 6vfi7te6ovvtai. ix^e^kri0%^Gi6av

xal 6v^7tt7ttetG)6av xatd tb Z.

Kal e7tei l'di] e6tlv rj V7tb ^FE ycnvCa tfj VTtb

10 ABF, TtaQdlXrjXog e0ttv rj BZ tfj F^. 7tdXtv, i7tel

i6ri e0t\v ij V7tb AFB tfj vTtb AEF, TtaQdXlriXog

eOtiv rj AF tfi ZE. TtaQaXlrjXoyQa^fiov aQa ictl

tb ZATA' t0r\ ccQa tj ^ev ZA tfj ^F, rj dh AF tfj

ZA. xal eTtel tQtycovov tov ZBE TraQCc ^Cav trjv

15 ZE riKtat rj AF, M^tiv ccQa cog rj BA 7tQbg trjv AZ,
ovtcog rj BF 7tQbg trjv FE. l'0rj de rj AZ tfj jTz/*

cog ccQa rj BA itQbg trjv F/J, ovtcog rj BF 7tQbg triv

FE, Tial ivaXkd^ ag rj AB TCQbg trjv BF, ovtcag rj

^r TtQOg trjv FE. Ttdltv, iTtel 7taQdXXrjX6g iettv

20 rj r^ tfj BZ, i6tiv ccQa mg rj BF TtQog trjv FE,
ovtG)g rj Z^ TtQbg trjv /dE. f^rj d\ rj Zjd tfi AF'
cog ccQa rj BF 7tQbg trjv FE, ovtcjg rj AF 7tQbg trjv

^E, xal ivaXXd^ djg rj BF 7tQbg trjv FA, ovtGjg

rj FE TtQog trjv E^. i^tel ovv idsCx^rj dtg filv rj

25 AB 7tQbg trjv BF, ovtGjg rj ^F TtQbg trjv FE, dfg

ds rj BF 7tQbg trjv FA, ovtGjg rj FE 7tQbg trjv E/J,

8i l'0ov ccQa G)g rj BA TtQbg trjv AF, ovtcog rj F^
TtQbg trjv ^E.

4. SvQ^cctSvoV^ corr. m. 1. iXdff6oves V. 6. iXdaaovssy.
iO. iativ] P, F m. 1; ccqcc bgtCv BVp, F m. 2. Sequentia in

ras. m. 1 p. 12. iazC] B6tCv P, comp. p. 13. ZAFJ] rm\
ras. B. Jr] r in ras. p; FJ Y, corr. m. 2. 14. Zz/Ji
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„ in triangulis ABT, ATE la-

tera aequales angulos com-

prehendentia aequalia esse et

correspondentia, quae sub

aequalibus angulis subtendant.

pon^tur enim BT 'vd pro-

ducta TE^ et quoniam

L ABT -^- ATB duobus rectis minores sunt [I, 17]

et L ATB = ^ETj erunt L ABT + AET duobus

rectis minores. itaque BA, EzJ productae concurrent

[I ah, 5]. producantur et concurrant in Z,

et quoniam L ATE = ABTy erit BZ rectae

Fz/ parallela [I, 28]. rursus quoniam L ATB = JET,
erit AT rectae ZE parallela [id.]. ZATA igitur

parallelogrammum est. quare ZA = AT^ AT= ZA
[I, 34]. et quoniam in triangulo ZBE uni lateri ZE
parallela ducta est AT, erit BA : AZ = BTiTE
[prop. II]. sed AZ= TA. iiaque BA:TA= BT: TE
et permutando [Y, 16] AB:BT= AT: TE. rursus

quoniam TA rectae BZ parallela est, erit BT : TE
= ZA : AE [prop. 11]. sed ZA = AT. itaque

BT: TE=AT : AE, et permutando [V, 16] BT: TA
= TE : EA. iam quoniam demonstratum est, esse

AB : BT = AT : TE et ^T ; TA = TE: EA, ex

aequo erit BA:AT=TA:AE [V, 22].

z/Z P. ZBE] PF, V m. 1; BZE Bp, V m. 2. fttW
rav nlEVQav V. 15. r)]{aXt) om. P. ttJv] om. BFp. 16.

xrjv] om. BFp. 17. triv] om. BFp. rijv] om. (p. 18.

^B] By4 p. TT^os rrjvj PV; «905 BFp, et sic deinde

per totam propositionem. 21. Zz/] (alt.) JZ Vm. 1; corr.

m. 2. 23. xal ivaXXd^] P; ^vaUa| «pa Theon? (BFVp);
cfr. lin. 18. 24. inel ovv] xat 1««/ P. rj (isv P. 27.

xal di' laov P.
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ToDV aQCX. ieoycovicov tQLycovcov avdkoyov el0LV aC

TtXsvQal au nsQl tag i'6ag yovCag xal ofidAoyot ai

VTcb tag Hoag ycoviag V7Cot£LVOV0aL' oJtSQ sdsL dst^ai.

s .

5 'Eav dvo tQiycova tag nlsvQag dvdXoyov

sxv^ ^^oymvia betat td tQiycova xal t0ag si,SL

tdg ycovLag, v(p' ag aC o^oXoyoL JtlsvQal vno-

t£Cvov6LV.

"E(Stco dvo tQCycova td ABF^ AEZ tdg nXsvQag

10 dvdXoyov ^%ovta^ mg filv trjv AB itQog trjv BF, ov-

rog tr}v ^E TtQog trjv EZ, cog dh trjv BF TtQog trjv

VA, ovtcsg triv EZ TtQog trjv Z/S^ xal stL ag trjv

BA TtQog trjv AF, ovtcog trjv EA TtQog trjv z/Z.

Acya), otL iooycovLOv i6tL tb ABF tQCycovov ta ^EZ
16 tQLyoovG) xal l'6ag £%ov6l tdg ycovCag, vcp* ag aC 0^16-

koyoL TtXsvQal v7totsCvov6LV , trjv fisv vjtb ABF tfj

V7tb AEZ^ tr\v 8\ vjtb BFA tij vnb EZ^ xal itL

trjv V7tb BAFtri V7tb EAZ.
2Jvvs0tdtco ydQ 7tQbg tfj EZ sv^sCa xal totg TtQog

20 avtfj ar^isCoLg totg E^ Z tfi ^ikv V7to ABF yavCa

l'6rj rj v7to ZEH, tfj dh v7to ATB C^rj rj V7tb EZH'
XoLTtrj ccQa rj 7tQbg tS A XoLTtfj tfj 7tQbg ta H iatLV l'6rj.

i'6oyoovLOv aQa i6tl to ABF tQCycovov tg5 EHZ
[tQLycovc}]. toov aQa ABF, EHZ tQLyoovcov dvdloyov

25 sl6lv aC 7tXsvQal aC TtsQl tdg i'6ag ycovCag xal 6^6-

3. vno] nsqC p. ymviaq] bis p. nXBvqal vnoTsCvovauL
BFp, vnoTsCvoveuL nXsvQccC V. 7. rccg] m. rec. F. 10.

TTjv BT] BFBFp. 11. rrjv EZ] EZ BFp. riiv FA]
rA BFp. 12. ovToa B. Tr}v ZJ] P, V m. 1; ttjv JZ
V m. 2; /^Z BFp.

^
13. ovtw Bp. ri^v z/Zl V; T9]v Zz^ P;

JZ BFp. 14. S6TLV P, comp. p. 16. vnoTsCvovCL Vp.
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Ergo in triangulis aequiangulis latera aequales

angulos compreliendentia proportionalia sunt et corre-

spondentia, quae sub aequalibus angulis subtendunt;

quod erat demonstrandum.

V.

Si duo trianguli latera proportionalia habent,

aequianguli erunt trianguli et eos angulos aequales

habebunt, sub quibus correspondentia latera sub-

tendunt.

Sint duo trianguli^JSr', ^EZ latera proportionalia

habentes, ita ut ^it AB i BF
= ^E : EZ, Br '.FA =^ EZ
:ZJ,BA'.Ar=E^'.JZ. dico,

triangulos ABF, AEZ aequian-

gulos fore et eos angulos aequa-

les habituros esse, sub quibus

correspondentia latera subtendant,

L ABF = JEZ, BTA = EZA, BAr= EAZ.
construatur enim ad rectam EZ et puncta eius

Ej Z angulo ABF aequalis L ZEH et angulo AFB
aequalis EZH [I, 23]. itaque qui relinquitur, angulus

ad A positus reliquo angulo ad H posito aequalis

est [I, 32]. itaque ABF, EHZ trianguli aequiangali

sunt. quare in triangulis ABFy EHZ latera aequales

angulos comprehendentia proportionalia sunt et corre-

21. AFB^ e corr. V. 22. nqoq too A] P; vtco BAF Theon
(BFVp). ngog rc5 H] P; vnb EHZ Theon (Bp; vno £Z
gnpra scr. H V, vno EZH F). 23. iGoycovio F in fine lin.

iaxiv P, comp. p. EHZl.P, V m. 1; ZEIf Bp, V m. 2,

F eras. Z et H. 24. xQiycavco] om. P. EifZ] P, Vm. 1;

ZEH BFp, Vm. 2.
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Xoyot ai vTto tag iCaq ycovCaq v7totscvov6aL' eOtiv

ccQa Gig 7] AB JtQog tiiv BF, [ovtcog] ij HE TtQog

triv EZ. aAA' (hg ri AB TCgog ti^v BF, ovtcog vito-

KSLtat rj ^E TtQog tijv EZ' 6g aQa rj ^E TCQog

5 tijv EZ, ovt(og rj HE TtQog tijv EZ. ixatsQa aQa

tav ^E, HE TtQog trjv EZ tov avtov exsi loyov

iarj aQa iatlv rj JE tfj HE. dia ta avta drj xal rj

/IZ tfj HZ ictiv l'6rj. BTisl ovv l'6rj iotlv rj ^E tfj

EH, KOLvrj ds rj EZ, dvo dij aC JE, EZ dv6l tatg

10 HE, EZ loat SL6LV' xal ^daLg rj z/Z pdasL tfj ZH
[iatLv] l'6rj' ycovLa ccQa rj vito AEZ yavCa tfj vno

HEZ iatLv 1'arj, xal tb /lEZ tQCycovov rc5 HEZ
tQLycova l'6ov, xal at kot^tal ycavCaL talg koLTtatg

yovCaLg l'6aL, vfp ag at l'6aL itXsvQal vTtotsCvovOLV.

15 l6rj ccQa iatl xal rj fisv v%o ziZE ycovCa tfj vito HZE,
rj ds vjto E^Z tfj vno EHZ. nal iitsl rj ^lv vno

ZE^ tfj vTtb HEZ iatLvJarj, dlX^ rj vTtb HEZ tfj

vitb ABF, xal rj vnb ABF ccqu ycavCa tfj vitb ^EZ
iatLV i'0rj. dLcc td avtd dij xal rj vitb AFB tfj vTtb

20 AZE iatLV farj, xal stt rj TtQbg tc5 A tfj itQbg tc5

z/' CaoycavLOv ccQa i6tl tb ABF tQCycavov rc5 JEZ
tQiyavco.

'Edv aQa dvo tQCyava tdg TtXsvQdg dvdkoyov i'xrj,

iaoycovLa Eatat td tQCyava xal i'6ag s%sl tdg yovCag,

25 v(p' dg aC bfioXoyoL nXsvQal v7iotsCvov6LV' onsQ ^dsL

dsii,aL.

'Edv dvo tQCycova ^Cav yavCav ^La yo-l

1. yoavLCig'] m. 2 F. nXsvQul vnoTBLvovGocL Theon (BVFp).
2. t^v] om. BFp. ovTcog] om. P. 3. t?jv] om. BFp.

dXX' — 4: EZ] mg. m. 1 F. 3. triv] om. BFp. 4. ri^v]
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spondentia, quae sub aequalibus angulis subtendunt

[prop. IV]. erit igitur AB . BF ^ HE . EZ. sed

AB : BF = JE : EZ, ut supposuimus. quare

AEiEZ= HE : EZ [V, 11]. itaque utraque AE, HE
ad EZ eandem rationem habet. ergo AE = HE
[V, 9]. eadem de causa etiam AZ = HZ. iam

quoniam AE = EH^ et communis est EZ, duae

rectae AE, EZ duabus HE, EZ aequales sunt; et

AZ = ZH. itaqxie L^EZ = HEZ \l,SletAAEZ
= A HEZy et reliqui anguli reliquis angulis aequalea,

sub quibus aequalia latera subtendunt [I, 4]. itaque

L AZE = HZE, L EAZ = EHZ. et quoniam

L ZEA = HEZ, et L HEZ = ABT, erit etiam

L ABF= AEZ. eadem de causa erit etia.m L ^TB
= /JZEj et praeterea angulus ad A positus angulo

ad z/ posito. itaque trianguli ABFy AEZ aequi-

anguli sunt.

Ergo si duo trianguli latera proportionalia habent,

aequianguli erunt trianguli et eos angulos aequales

habebunt, sub quibus correspondentia latera subten-

dunt; quod erat demonstrandum.

VI.

Si duo trianguli unum angulum uni angulo aequalem

om. BFp. xal (ag ccqcc P. 5. ti^v] bis om. BFp. 6. HE]
EH Y. 7. ra] om. p. 8. i'ar} hxlv p. 10. bIgC Vp.

z/Z] Zz/ P. ZH] post ras. 1 litt. V. 11. htiv'] om. P.
13, Post l'Gov add. tGTi Bp, F m, 2, V m. 2. 14. Post taaL
add. ^GovzuL Bp, F m. 2. 15. hzCv PB. z/ZE] z/EZ F.
HZE] H supra m. 1 F. 17. 1'g7] IgzCv w. dUd P. 18.

ABT] fprius) ABF hziv fGTj V. 19. 17] rj (lev P. ATB]
ABF p, 20. hi] e corr. V. tco] bis z6 B et V (corr.
m. 2). 21. z/ hxiv farj FV. SgtCv^P.
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via l'6riv f%|?, 7C8qI ds tccg l'6ag yovvag raj

nkevQag avdloyov^ l^oyojvLa e6Tac za tql-

ycova xal i'6ag s^st tag ycovLag, ixp* ag ai oiio-

Xoyoi TcXsvQal vTtotsCvovOiv.

5 "Eato dvo tQiycova ta ABF, JEZ ^Cav yoviav

triv vTib BAF ^ca yovCa trj vnb E^Z l'6rjv sxovta^

nsQl ds tag l'6ag yovCag tag itXsvQag dvdXoyov, og

trjv BA TCQog trjv AF, ovtog trjv EA TtQbg trjv AZ'
ksyo^ otL laoyovLov s6tL tb ABF tQCyovov to AEZ

10 tQLydvo xal l'6r}v s%sl trjv VTtb ABF yovCav tfj

vTtb JeZ, tr\v ^\ vjtb ATB tfj vnb AZE.
UvvsCtdto yccQ JtQbg tfj zJZ svd^sCa xal totg TtQbg

avtfi 6r}^sCoLg totg A, Z oTtotsQa ^sv tcdv vitb BAF^
EAZ i'6rj ri vitb ZAH, tfj dl vjtb ATB l6ri rj V7tb

15 AZH' XoLTti] aQa rj TtQbg tc5 B yovia loLTcfi tfj

TtQog Tw H t6ri i6tCv.

^laoydvLOv aQa ietl tb ABF tQCyovov tc5 AHZ
tQLydvo. dvdXoyov aQa sOtlv dg rj BA TtQbg trjv

AF, ovtog rj HA TtQbg trjv AZ. vjtoxsLtaL dl xal

20 dg r] BA JtQog trjv AF, ovtog rj E^ TtQbg trjv AZ'
xal dg aQa rj EA itQbg trjv AZ, ovTog rj HJ TtQbg

tr]v AZ. i'0r] aQa rj EA tfj AH xal xoivrj rj AZ'
6vo drj al E^^ AZ dvel tatg HA, AZ i'6aL sCeCv

xal yovCa rj vnb EAZ yovCa ty vTtb HAZ [i6tLv]

25 i'6rj' pd6Lg aQa rj EZ ^d6SL tfj HZ i6tLV i'6rj, xal

tb AEZ tQCyovov t« HAZ tQLydvo i'6ov i6tCvj xal

7. laccg] m. 2 V. 8. tj^v AT] ^F BFp. ngog] supra

m. rec. P. rrjv] om. BFp. JZ] eras. V; mutat. in z/E F;

Zzf Bp. 9. sGtiv P, comp. p. 10. rwv ABT F. 11.

ttJv] tij V, corr. m. rec. AFB] e corr. m. 2 V. 12. nqbg

liiv BFVp. tijv JZ iv^stav V, corr. m. 2. 13. avtrjg B.
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habent et latera aequales angulos comprehendentia

proportionalia, aequianguli erunt trianguli et eos

angulos aequales habebunt, sub quibus correspon-

dentia latera subtendunt.

Sint duo trianguli ABF, ^EZ unum angulum

BAF uni angulo E^Z aequalem

habentes et latera aequales angulos

w- comprehendentia proportionalia, ita

vA,s\iBA:Ar= E^ : ^Z. dico,

triangulos ABF, AEZ aequian-

gulos esse et habituros esse l_ABT
= AEZ, L AFB = ^ZE.

construatur enim ad rectam z/Z et puncta eius

z/, Z utrique angulo BAF, EAZ aequalis L ZAH
et L ^ZH = AFB [I, 23]. itaque qui relinquitur

angulus ad B positus reliquo angulo ad H posito

aequalis est [I, 32]. itaque trianguli ABFj AHZ
aequianguli sunt. quare erit BA\AT=HA\^Z
[prop. lY]. supposuimus autem, esse etiam BA \ AT
= EJ \ AZ, quare [V, 11] EJ \ ^Z = H^\ z/Z.

itaque EA= AH [Y, 9]; et communis est AZ. itaque

duae rectae EA , AZ duabus HA, AZ aequales sunt;

et L EAZ = HJZ. quare EZ = HZ et A AEZ
= HAZ, et reliqui anguH reliquis aequales erunt,

14. 'EjAZ ymvCa l'ar} V. 15. rw] t6 V, corr. m. 2. yoavCa] post

ras. 1 litt. P; om. Theon (BFVp). 16. rc5] z6 V, corr. m. 2.

17. bgtCv Pqp, comp. p. JHZ] JEZ (p. 18. fqv] om.
BFp. 19. HJ] litt. Hm. 2Y; EJ B, corr. m. 2. r^v] om.
BFp. 20. triv] bis om. BFp. EJ] JE F; HJ B, corr.

m. 2. 21. EJ] BJ (f. xTiv] om. BFp. dZ] Zd V,
corr. m. 2. Hd] ex AH m. rec. P. 22. X7\v] om, BFp.

23. ilaC Vp. 24. yuivCa apa F. laxiv] om. P. 25.

HZ] ZH P. 26. laxi BV, comp. p.
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cci koLTtaX yG3Viai tatg XoiTCatg yovLaig t^ai sCovraL,

v(p' ag ai l'0ac TtXevQal v7tot£LVOv6iv. l'6rj uQa ierlv

rj ^sv vicb ^ZH tfj vnb AXE^ i\ 8\ vjcb ^HZ tfj

vTtb zfEZ. aAA' ^ vnb ^ZH tfj vjtb ATB ietLV

5 l'6rj' xal Tj vTtb ATB a^a tfj vnb AZE iativ 167],

VTtoKSLtac ds xal r vnb BAF trj vnb EAZ L6r\' xal

XoLTtr] aQa r\ TtQbg ta B loLTtfj trj JtQog ta E l'6r\

ietCv i0oy(6vLOv aQa iGtl tb ABF tQCyovov ta ^EZ
tQLyCOVG).

10 'Eav aQa dvo tQCycova ^Cav ycovCav ^La yovCa

l'6rjv 6X1], ^^9^ ^^ '^^S ^'^f^S y(ovCag tag TtXsvQag avd-

koyov , C6oy(6vLa s6taL ra tQCycova xal l'6ag s%sl tag

y(ovCag, v(p' ag at o^o^oyoL TtXsvQal v7totsCvov6LV'

oTtSQ sdsL dst^aL.

15 ?'.

'Eav dvo tQCyova ^Cav yavCav ^La ycovCci

L6r}v ^xji, TtSQl dh aXXag ycovCag tag jt^svQccg

dvccXoyov, tcov dh XoLTtov sxatsQav a fia rjtot

ik(x66ova ri {ir] iXcc66ova 6Qd"fjg, C6oycovLa

20 s6taL tcc tQCyova xal i'6ag sI^sl tccg ycovCag,

TtSQl ag dvdXoyov st6LV al itXsvQaC.

"E6tGi dvo tQCyava td ABF, ^EZ fiCav ycD-

vCav ^La yovCcc l'6rjv ^x^vta trjv vjtb BAF tfj vtco

E/IZ^ TtSQl dh dXXag yovCag tdg vTtb ABT, ^EZ
25 tdg TtXsvQdg dvdXoyov, cog trjv AB TCQog trjv BF,

ovtog triv ^E iCQog tr]v EZ, tcov ds Xolxcov rcov

1. BGovxciL 8%atsQci sTiaTSQcc Theon (BFVp). 3. vno
JHZ] Peyrardus, vno JEZ P-, ngos x& H Theon (BFVp;
ro pro ro5 V, corr. m. 2). 4. vtco JEZ] Peyrardus; vno
JHZ F] TtQos tm E Theon (BFVp; ro pro rco V, corr. m. 2).

dXXd P. ArB] BFA P, A in ras. 6. xal tj — huv icri]
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sub quibus aequalia latera subtendunt [I, 4]. itaque

L ^ZH = ^ZE, L ^HZ = ^EZ. uerum L ^ZH
= AFB. quare etiam /.^jT^ = ^Z£^. supposuimus

autem, esse etiam L BAF= EAZ. itaque etiam qui

relinquitur angulus ad B positus, reliquo angulo ad

E posito aequalis est [I, 32]. itaque trianguli ABFj
^EZ aequianguli sunt.

Ergo si duo trianguli unum angulum uni angulo

aequalem habent et latera aequales angulos com-

prehendentia proportionalia, aequianguli erunt trian-

guli et eos angulos aequales habebunt, sub quibus

correspondentia latera subtendunt; quod erat demon-

strandum.

VII.

Si duo trianguli unum angulum uni angulo aequa-

lem habent et latera alios duos angulos comprehen-

dentia proportionalia et reliquos angulos singulos

simul aut minores aut non minores recto, trianguli

aequianguli erunt et eos angulos aequales habebunt,

quos latera proportionalia comprehendunt.

Sint duo trianguli ABFj /lEZ
unum angulum uni angulo aequalem

habentes, L BAT= EJZ, et latera

alios duos angulos comprehendentia

l5 proportionalia, AB : Br= zfEiEZ,

et reliquos angulos, qui ad T, Z
positi sunt, prius singulos simul recto

om. p. 7. rc5] to P. rcSJ e corr. P. 8. iari] iatLV P,
comp. p. 19. ilattovci bis F. Prius iXdaaova corr. ex
iXaaaov m. 2 P. 23. (iiu ycov^a] punctis notat. F. 24.

EJZ] corr. ex JEZ m. rec. P. ' ABT] BAF gj; ABJ p.
26. trjv BT] BF BFp. 26. ttJv EZ] EZ BFp.
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TtQog totg F, Z TtQotSQOv ixatEQav a^a iXd60ova 6q-

^•ijg' kiyco, oti iCoycovLOv i6ti to ABF tQtycovov tS

jdEZ, tQiyavc}, ocal f^rj e^tai r] vnb ABF ycovia tfj

V7c6 ^EZ, xal Xomri driXovoti rj TtQog rc5 F XoiTcy

5 tfj TtQog ta Z lcr].

El yccQ avL06g i6tiv rj vtco ABF ycovta tfj v7to

^EZ^ nCa avtav ^Si^cov iatCv. siStcD fietjojv rj vTto

ABF. xal 6vvs6tdtcj TtQog tfj AB svdsia xal t(p

JtQog avtfi Cri^SiG) ta B tfj zjto ^EZ yavCa l'0rj rj

10 vTtb ABH.
Kal iitsl l'6rj i6tlv rj ^sv A ycavCa tfj z/, rj d^

vTtb ABH tfj V7tb z/^Z, XoiTtr] aQa rj VTtb AHB
loiTtfi tfj vTtb AZE i6tiv l6ri. l6oycoviov aQa i6tl

tb ABH tQCycovov tm AEZ tQiycovc). ^6tiv ccQa cjg

15 rj AB TtQog trjv BH, ovtcjg rj AE TtQbg trjv EZ.

mg ds rj AE TiQbg trjv EZ, [ovtcag] vnoxsitai rj AB
TtQbg trjv BP' rj AB aQa TtQbg sxatsQav tav BF,
BH tbv avtbv s^si Xbyov l'6rj ccQa rj BF tfj BH.
S6ts xal yovCa rj TtQbg rc5 F ycovCa tfj vitb BHF

20 i6tiv t6rj. iXdttcov ds bQd^rjg V7t6xsitai rj 7CQbg ta

P' iXdttov aQa i6tlv OQd^ijg xal rj V7tb BHF' o6ts

rj icps^rjg avtfj yovCa rj V7tb AHB ^sC^ov i6tlv

OQd-rjg. xal i8si%^rj l'6rj ov6a tfj 7tQbg to Z' xal

rj 7tQbg rc5 Z aQO, ^sC^csv i6tlv oQd^rjg. yjtoxsitai

25 ds iXd66ov OQd^rjg' 07tsQ i6tlv atoTtov. ovx ctQa

avi66g i6tiv rj V7tb ABF yovCa tfj VTtb jdEZ' i'6rj

1. iXdtTova F. 2. iazLv P, comp. p. 3. ^Gtcci] ictCv F.

10. ABH] H e corr. p. 12. ycovCa ty Y. 13. lont^]
supra m. 1 F. i6zC] comp. p; iativ PF. 15. tiqv] bia

om. BFp. 16. d)g di] vnoyiSLtca ds xat mg Bp. ti]v]

om. BFp. ovtcog vnotiSLtcci] vn6%ELtai FV; ovtcaq Bp;
vnoKBitaL ovtcog P. 17. Tjjr] om. BFp. Post BF add.
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minores. dico, aequiangulos esse triangulos ABVy
^EZy et i ABF— ^EZf et, ut inde adparet, qui

relinquitur angulus ad F positus, reliquo angulo ad Z
posito aequalem esse.

nam si /. y^-BJTangulo z:/£;Zinaequalis est, alteruter

eorum maior est. sit maior i ABFj et construatur

ad rectam AB et punctum eius B i ABH= ziEZ

[1, 23]. et quoniam /. ^ = L ^ et /. ABH=^JEZ,
erit iAHB = /IZE [I, 32]. itaque trianguli ABH,
^EZ aequianguli sunt. quare AB : BH= ^E : EZ
[prop. IV]. sed supposuimus, esse ^E:EZ= AB :Br.

ifcaque AB ad utramque BF, BH eandem rationem

habet [Y, 11]. quare BF= BH [V, 9]. itaque etiam

angulus ad F positus angulo BHF aequalis est [I, 5].

supposuimus autem, angulum ad F positum minorem

esse recto; quare etiam i BHF minor est recto.

itaque angulus deinceps positus AHB maior est

recto [I, 13]. et demonstratum est, eum angulo ad

Z posito aequalem esse. quare etiam angulus ad Z
positus maior est recto. supposuimus autem, eum

recto minorem esse; quod absurdum est. itaque

i ABF angulo ^EZ inaequalis non est; aequalis

igitur. uerum etiam angulus ad A positus angulo ad z/

posito aequalis est. quare etiam qui relinquitur angulus

ad r positus, reliquo angulo ad Z posito aequalis est

[I, 32]. ergo tria>ngn\i AB F, ^EZ aequianguli sunt.

Theon: -kccI d>g aga 7} AB ngog rrjv BF, ovtoag^r} AB TtQog

xriv BH (V et bis omisso rrv BFp). 18. aga htCv P.

19. TCQog xm F] corr. ex vnb BHF m. 2 V. BHF] corr.

ex BFH m'. 2 V. 20. iXdaacov p. 21. >ta^] om. P.

22. avxrig P. 23. tc5] corr. ex rd m. 1 B. 26. iXdt-

xmv F. htCv] om. V.' 26. ^EZ] Ez/Z p.

Euclidea, edd. Heiberg et Menge. II. 7



98 STOIXEmN Sr'. 1uQa. £6tL 8e xal ri Ttgbg t<p A l'6ri tfj TtQog ta
Kal XoiTtrj ccQa rj TtQog ta F loiitfi tfj JtQog tc5 Z
i^r^ iatCv. iaoytoviov ccQa ietl xo ABF tQiycovov rc3

AEZ tQiycavc}.

5 AXXa dr] ndkiv vjtOKet^d^G) ixatsQa tcjv TtQog tOLg

jT, Z ^rj ikaGaov oQd^rig* Xsyco ndXLV, otL xal ovtmg

iatlv l6oy(6vLov to ABF tQLycovov tS AEZ tQLycjva.

Tcov yccQ avtav xataiSxsvaGd-svtov ofiOLCjg dsL-

^o^sv, otL L6rj i0tlv rj BF tfj BH' S6ts xal ycnvLa

10 ri TtQog tS r tfj vTto BHF l'0r] iatCv. ovx iXdttav

ds OQd-rjg rj TtQog ta F' ovx ildttav ccQa OQ^-rig

ovds rj vTtb BHF. tQLycovov drj tov BHF aC 6vo

ycovCaL dvo OQd^oov ovx sl6lv iXdttovsg' onsQ ietlv

ddvvatov. ovx ocQa jtdkLV avL66g i6tLV rj vjto ABF
15 ycovLa tfj imb jdEZ' i'6r] ccQa. s6tL ds xal rj jtQog

rc5 A tfj TtQog rw A l6ri' koiJtrj ccQa rj JtQog rc5 F
XoLTtfj tfi TtQhg ta Z l'6rj i6t(v. i6oycovLOv aQa i6tl

to ABF tQLycovov tco ^EZ tQLycovco.

Edv ccQa dvo tQLycova (iLav ycovCav ^La ycovCa

20 l6riv sxT], ^sqI dh dlXag ycovCag tag nlsvQag dvdloyov,

tcov ds XoLTtcov sxatSQav d^a ikdttova rj ^ir} ikdttova

oQd^rig^ l6oyQ0VLa s6taL td tQCycova xal l'6ag sI^sl tdg

ycovCag^ tcsqI dg dvdXoyov si6Lv aC nksvQaC' otcsq

sdsL dsli^ai.

25 rj'.

Edv iv OQd^oycovCco tQLycovc) djtb trjg 6q-

d"^g ycovCag inl trjv pd6Lv xdd^stog dx^fj, td

1. saxLv B. Post A add. GrjfisCa) Bp, snpra F, m. 2 V.
3. ftrrt] sotCv P, comp. p. 6. iXcctzoav F. ndhv otl]

m. 2 V. 7. laoymvLov saxiv P. 8. bfioCcog drj BVp. 10.

sXdaacav p. 11. sXdaaatv p. 12. ovds] om. V. tj] m.

i
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iam rursus supponamus, utrumque angulum ad

r, Z positum recto ' minorem non esse. dico rursus,

sic quoque triangulos ABr, ^EZ aequiangulos esse.

nam iisdem comparatis similiter demonstrabimus,

esse BF—BH. quare etiam angulus ad F positus

augulo BHF aequalis est [I, 5].

^^ angulus autem ad F positus recto

minor non est. quare ne L BHF
\^ quidem recto minor est. itaque

trianguli BHF duo anguli duobus

rectis minores non sunt; quod fieri

non potest [I, 17]. rursus igitur

i ^5Fangulo ^EZ inaequalis non

est; aequalis igitur. uerum etiam angulus ad A posi-

tus angulo ad ^ posito aequalis est. itaque qui

relinquitur angulus ad F positus, reliquo angulo ad

Z posito aequalis est [I, 32]. ergo trianguli ABF^
AEZ aequianguli sunt.

Ergo si duo trianguli unum angulum uni angulo

aequalem habent et latera alios duos angulos com-

prebendentia proportionalia et reliquos angulos singulos

simul aut minores aut non minores recto, trianguli

aequianguli erunt et eos angulos aequales habebunt,

quos latera proportionalia comprehendunt*, quod erat

demonstrandum. «

VIIL

Si in triangulo rectangulo ab angulo recto ad

2 P. Sri'] 8b V. 18. iXdaaovBs V. 16. iativ PB;
comp. p. 16. farj] insert. postea F. 17. iar^] iaziv PF;
comp. j). ^ 20. ^xr}] corr. ex %€t m. 2 P. rag] om. V.

21. a{ia rixoi. V. 26. dno] vno V; corr. m. 2.
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TtQog rfj xad^etG) XQiycova oftota tVrt rc5 te

oAco xal akXrikoLg.

"E6t(x) tQCycavov OQ^^oyaviov tb ABF 6Q%"riv exov

trjv V7C0 BAF ycovLav, xal rJx^d^G) aTCo tov A inl

5 njv BF xdd^etog 7] A^' Xeyco, ort o^olov e6tLv

exdteQov tcov AB^ ^ A^F tQLycavcav oX(p rc5 ABF
xal etL dlkrikoLg.

^ETtel yccQ l'0rj e0tlv rj vito BAF tfj v7to AJB'
OQ^r yccQ exateQa' xal xolvt} tSv dvo tQLycSvcov rot»

10 te ABF xal tov ABzJ rj TtQog rw 5, XoLTtrj ccQa

7\ vTtb AFB koLTtfi tfi vTto BAd iatLV l'0rj' l6oy(6vLOv

ccQa i6tl to ABF tQLycovov rc5 ABA tQLycovc),

^OtLV ccQa (hg rj Br v7toteLvov6a trjv oQd^rjv tov

ABF tQLycavov TtQbg trjv BA v7toteCvov6av trjv 6q-

15 ^rjv tov AB^ tQLycSvov, ovtcog avtrj rj AB vno-

teCvov6a trjv TtQog ta F ycovCav tov ABF tQLyco-

vov TtQog trjv B^ v7toteCvov6av trjv t6rjv trjv vtco

BA^ rot> AB/1 tQLycovov, xal itL rj AF TtQbg trjv

A^ v7toteCvov6av trjv TtQbg ra5 B yovCav xoLvrjv

20 tc5v dvo tQLycovcov. tb ABF ocQa tQCycovov to ABJ
tQLycovo) l^oycovLOV te i6tL xal tdg 7teQl tdg l'6ag

ycovCag TtXevQag dvdXoyov ixeL. oybOLOV ccQa [i6tl]

tb ABF tQCycovov tco AB/i tQLycovco. b^oCcog drj

deC^o^ev, otL xal rra Az/F tQLycovco ofioLov i6tL tb

1. ioTiv F. 4. yoavCav] om. p. 6. BT] AF V. Ad]
JA F. iatL FV. 8. vno] postea ins. F. BAF yoavCa FV.
AJB] ABJ V, corr. m. 2. 12. tm] corr. ex tmv m. 1 P.

ABJ]B supra m. 1 F. 13. BF] FB B et seq. ras. 1 litt. F.

triv] post ras. 1 litt. V. 14:. ABF] F in rae. m. 2 V.

BA] in ras. m. 2 V. vnotsCvovcav] corr. ex vnotSLVovaa
m. rec. P; in ras. m. 2 V. 15. vnotsCvovaai F, i eras.

17. Bd] BJ triv F. vnotsCvovaav trjv Larjv tij ngog tm F in



ELEMENTORUM LIBER VI. 101

basim perpendicularis ducitur, trianguli ad per-

pendicularem positi similes erunt et toti et in-

ter se.

Sit triangulus rectangulus ABF rectum habens

angulum ^^jT, et ab ^ ad BF perpendicularis ducatur

A^. dico, utrumque triangulum ABA^ A^F et toti

ABF et inter se similes esse.

nam quoniam L BAF = A^B (uterque enim

rectus est), et duorum trian-

gulorum ABFy ABJ com-

munis est angulus ad B po-

situs, erit /. ATB = BAA
[I, 32]. itaque

,
trianguli

ABFj ABA aequianguli

sunt. erit igitur BT : BA = AB : B^ = AT : A^
[prop. IV]; nam -BJ' sub recto angulo trianguli ^51^

subtendit et jB^ sub recto angulo trianguli AB^y
et rursus AB m triangulo ABF sub angulo ad F
posito subtendit et BA in triangulo AB^ sub angulo

ei aequali BA^y et AF^ AA sub angulo ad B posito

utriusque trianguli communi subtendunt. itaque trian-

guli ABFj ABJei aequianguli sunt et latera aequales

angulos comprehendentia proportionalia habent. itaque

A ABF f^ AB^ [def. 1]. similiter demonstrabimus,

ras. m. 2 V. loriv avtriq Y . 18. .45^] ^JBT P. ^^] inter

duas ras. F. Post AF add. F: vnotshovGci trjv nQog tm B
y(ovloLV Tov ABF tqiymvov^ sed del. m. 1. 19. vnotsivovaai,

(i in ras.) post ras. 1 litt. F, vnot^Cvovaa Bp. B] seq. ras.

1 litt. F. 20. avTcoy tmv V. apa] postea ins. F; m. 2 V.
AEd agu V. 21. iotiv P, comp, p. 22. iat£] om. P.

24. iativ P; comp, p.



102 ST0IXEI5iN ?'. 1ABF XQLycovov' £xat6Qov aQa rav ARJj AAF
[tQLyKtvGiv] oftotov i^XLv oAcj TW ABF.

Asycj d'^, otL Kal dXXi^loLg iatlv o^oca ta ABA,
AAF tgCycova.

5 'Eitel yccQ oQd^rj ^ vnb BzJ\A oQd^Pj ty vtio AAT
iatLv l67], dkka ^rjv Kal rj vno BAA tfj JtQog ta P
idsLx^Yi l'6r], Tcal ^OLTtrj ccQa rj TtQog tco B 2.0L7tfj t?]

vTto AAF iatLv l6ri' i0oy(6vLOv aQa i6tl t6 ABA
, tQLyovov ta AAF tQLycov(p. eatLv aQa Sg rj BA
10 tov ABA tQLycovov vnotSLvovaa trjv vito BAA TtQog

trjv AA Toi) AAT tQLycavov vnotuvovaav tr\v itQog

ta T l'0r]v trj vTtb BAA, ovtcog avtrj rj AA tov

ABA tQLyavov vitoteCvovaa tr]v TtQog tc5 B ya-

vCav TCQbg tr^v AT vitotsCvovOav tr]v vTtb AAT tov

15 AAT tQLycjvov l'0r]v tfj Ttgbg t(p 5, xal hL r] BA
^Qbg tr]v AT vitoteCvovaaL tag oQ^d^' o^olov aQa

i6tl tb ABA tQCycovov tm AAT tQLycavcp.

*Eav ccQa iv OQd-oycovCa) tQLycovG) ditb tijg oQd^rjg

ycDvCag inl tr]v pdOLv xdd^stog dx^jjy td TtQbg tfj

20 xad^itc) tQCyova o^OLd iatL t(p ts oXg) xal dXkijXoLg

[oTtSQ ^dsL det^at].

noQta^a.

'Ex dr] tovtov cpavsQov, otL idv iv oQd^oyGtvCa

tQLy(6v(p ditb tr]g oQ^r^g ycovCag inl tr]v pdaLv xdd^s-

25 Tog dxd^f], r] dxd^ataa tcov trjg pd(Secog t^r^^dtcov*

fiiar] dvdkoyov iativ oiceQ edec det^aL [xal hL trjg

1. tQtyaivov] ora. BFp. 2. tQiycovcav] om. P. Ofioiov

EGxiv oAco] om. V. ABF tQiycava) olm o(ioi6v iativ V,

5. BJA] B e corr. m. 2 Y. 7. XoiTtij] corr. ex loiTcrjg

m. 1 F. 8. iatC] iatCv PF. 11, tiiv Ja] t^ JA F; corr.
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esse etiam l^A^F ^^ ABF. ergo uterque triangulus

ABJjA^r triangulo toti ABF similis est.

iam dico, triangulos AB^j AAT etiam inter se

similes esse.

nam quoniam- L BAA =: A^F (recti enim), et

demonstratum est, L BA^ angulo ad F posito aequa-

lem esse, etiam qui relinquitur angulus ad B positus,

angulo /iAT aequalis erit [I, 32]. itaque trianguli

ABAj AAT aequianguli sunt. est igitur BA : /lA

= A^ : ^T = BA : AT [prop. IV]; nam BA in

triangulo AB/1 sub BAJ subtendit et ^^ in trian-

gulo AJT sub angulo ad T posito subtendit angulo

BA^ aequali, et A^ in triangulo ABA sub angulo

ad B posito subtendit, z/F autem in triangulo A^T
sub ^AT angulo ad B posito aequali; et prae-

terea BA,AT sub rectis angulis subtendunt. itaque

AABAr^AAT[delll
Ergo si in triangulo rectangulo ab angulo recto

ad basim perpendicularis ducitur, trianguli ad per-

pendicularem positi similes erunt et toti et inter se.

Corollarium.

Hinc manifestum est, si in triangulo rectangulo

ab angulo recto ad basim perpendicularis ducatur,

m. rec. 14. vnoTSLvovaocv] -v eras. F. 15. tij'] corr. ex

TJjff m, rec. P; seq. ras. 1 litt. V. 16. nQog xviv AF^ in

ras. F. vnozECvovoa F. 20. htiv F. 23. iy^ om. p.

25. tfirjfidcttov] om. p. 26. iati B, comp. p. dtnsQ ^'<3st

<j£t|ai] om. BFp. xal tti — p. 104, 2: iotiv] postea ins. m.
1 F in ras; mg. m. 2 V.
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pd^ecjg xal svog onoiovovv r(Dv t^rj^dtcjv t} JCQog

rc5 r^rj^atL nXevQa ^s6rj dvdXoyov e0riv\

^\
Tijg dod^SLGrjg avQ-eCag to 7tQ06rax^ev ^SQog

6 dq)sXstv,

"E6rGi ri dod^st^a svdsta rj AB' dst drj rrjg AB
ro 7tQo6rax%^sv nsQog dtpslsiv.

'ETatstdxd-a drj to tQitov. [xat] dirii^c) rtg aTCo

rov A svd^sta rj AF yavCav nsQcsxovaa (xsrd rrjg

10 AB rvxovOav Kal sCXrjcpd^co tvxov Orj^stov stcI trjg

AF tb A^ xal xsCad^coaav rrj A^ lcai al ^E, EF,

Tcal iTts^svx^^ V -^^5 ^^^ ^^^ "^o^ ^ TtaQaXXrjXog

avrrj rJx^G) rj AZ.
'ETtsl ovv rQLycivov rov ABF TtaQa fiCav rcov

16 7tXsvQC3v rrjv BF rixrac rj Z^, dvdXoyov aQa iorlv

d)g r} r^ TtQog rijv ^A, ovrog rj BZ TtQogrrjv ZA.

dLTtXrj d} r} FA rrjg AA' dLTtXrj aQa xal rj BZ rrjg

ZA' tQLTtkrj aQa r] BA trjg AZ.

Trjg aQa dodsCarjg svd^sCag rrjg AB rb imrax^sv

20 rQCrov fisQog d^p^^QrjraL rb AZ' ojtsQ ^dsL noLrjaaL.

l'.

Trjv dod^staav svd-stav drfirjrov rfj dod^sC^r]

tsr^rj^ivr} o(ioCog rs^stv.

X. SimplicinB in phys. fol. 114^, 119.

1. oTtoTSQOvovv F. 2. Post sativ seq. otcsq sSsl dsi^ai

BFp, V m. 2. 8. tQCtov] ante -tov ras. 2 litt. F. xa/']

om. P. tis sv&sta dno tqv A tj Y. 11. Ttsiad-coGavl mg,
m. rec. P. 14. Supra nuQa in P scr. m. rec. TtaQdXXrjXog.

15. TTJv] tij p. ZJ] mutat. in z/Z m. 2 V; JZ Bp. 16.

T^v JA] tjj JA B, JA Fp. trjv^ om. BFp. 17. tijg]

tij p. xal 7} BZ T^s ZA- tQinXri uQa'] mg. m. 1 P. 18.

BA] A in ras. P. 19. tjJs] tfi p. t%] corr. ex t^ m. 1 p.
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ductam rectam mediam inter partes basis proportio-

nalem fore. — quod erat demonstrandum.-^)

IX.

A data recta linea partem quamuis datam abscindere.

Sit data recta ^B. oportet igitur ?ih AB quamuis

datam partem abscindere.

sit data pars tertia, et ducatur a puncto A recta

AF cum AB qnemlibet angu-

lum comprebendens, et suma-

tur in ^r quoduis punctum z/,

et ponatur JE= A^= EF,

^ I ~i et ducatur BT^ et per z/ rec-

tae BT parallela ducatur z/Z [I, 31].

iam quoniam in triangulo ABT uni laterum BT
parallela ducta est Z^, erit [prop. II]

TA : ^A = BZ: ZA. sed T^ = 2 JA. quare

etiam BZ = 2 ZA. itaque BA = 3 AZ,

Ergo a data recta AB tertia pars AZ abscisa

est, ut iussi eramus; quod oportebat fieri.

X.

Datam rectam lineam non sectam datae sectae

congruenter secare.

1) Nam demonstrauimus p. 102, 9sq. BJ:JA==A^
: Jr. reliqna pars corollarii p. 102, 26 sq. sine dubio inter-

polata est; nam et post soUemnem illum finem demonstratio-

num corollariorumque onsQ sSsl dsi^uL p. 102, 26 additur et a

bonis codd. Tbeoninis aberat nec usquam usui est. babet tamen
Campanus et P, quamquam sine clausula illa. itaque et in

nonnullis codd. ante Theonem et in quibusdam Theoninis

simul sponte interpolata est.

20. tqCxov^ in ras. F. 22. do^sCori] P, Simplicius, Cam-
panus; do^sCarj sv^sCa Theon (BFVp).
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*'E6tG) ri ^sv dod^st^a svd^eta ar^ritog rj AB, r}

de tet^rj^evrj rj AF zata ta ^, E CrniLetay Tial

KeL<5^a)6av S6te ycDvCav tvxov6av TteQiexeiv, xal

eTCe^evx^G) rj FB, Kal dLcc tcov ^, E trj BF nagak-

5 AiyAot rix^G)6dv at z/Z, EH, dia 8e 701; z/ tfi AB
TcaQaXXrjXog riypG) r\ A&K.

UaQaXlrjXoyQa^^ov ccQa e<5t\v exdteQov tav Z0,

0B' L6ri aQa ri ^ilv ^® trj ZH, 7] 8e &K ty HB.
Tcal eTCel tQLycovov roi) ^KF JtaQcc ^Cav tcov itkev-

10 Q^v trjv KF evd-eta ^xrat rj &E, avdXoyov aQa

iatlv d>g rj FE JtQog tr^v E^d , ovtG)g rj K® itQog

triv 0z/. t6ri d^ ^ iikv K® trj BH, 17 de ®A trj

HZ. e6tLv aQa 6g ^ FE TtQog trjv EA, ovtcjg rj

BH TtQog trjv HZ. ndkLv, iTtel tQLycivov tov AHE
15 jtaQCc yiCav tciv JtXevQCJV trjv HE '^xtaL rj Z^d, dvd-

koyov ccQa i6tlv d)g rj EA TtQog trjv AA, ovtcag rj

HZ TtQog trjv ZA. ideCx^rj d} xal mg rj FE jtQog

tr]v EA, ovtcog r] BH itQog trjv HZ' i6tLV ccQa cjg

filv rj FE TtQog trjv E^, ovtog rj BH TtQog trjv

20 HZ, d)g de rj EJ TtQog trjv AA, ovtcag r\ HZ jtQog

trjv ZA,
'H ccQa do9et6a ev^eta at^rjtog rj AB tfj do-

d^eC^rj evd^eCa tet^rj^evrj tfj AF ofioCcsg tet^rjtai'

oTteQ edeL jt0Lrj6aL'

26 La\

Jvo dod^eL^ojv avd-eLcov tQCrrjv dvdXoyov
7tQ06evQetv.

2. Post AF add. V: Sst dr} rr)v AB atfirjrov tfi AT tetfirj-

lisvjj ofiOLoag tS[iSLV. sot<o tstfirifisvr] rj AF. 4. FB] BF
Bp, V e corr. m. 2. 6. ds] om. p. 8. HB] MB F, corr.
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Sit data recta linea non secta ABj recta autem

AF secta in punctis ^, E^ et ponantur ita, ut quem-

libet angulum comprehendant,

et ducatur FB, et per z/, E
rectae BF parallelae ducantur

^Zf EHj et per z/ rectae AB
parallela ducatur ^©JiT [I, 31].

itaque utrumque Z@, &B par-

allelogrammum est. quare

^® -= ZH et &K = HB
[ly 34]. et quoniam in triangulo ^KF uni lateri KF
parallela ducta est recta ®Ej eritFE:E^= K®:&^
[prop.II]. sed K@= BH,®^= HZ. itaque F^ : ^Jz/

= BH:HZ. rursus quoniam in triangulo ^if^ uni

lateri HE parallela ducta est ZJj erit Ez/ : AA
= HZ : ZA [prop. II]. et demonstratum est, esse

etiam FE : EJ = BH : HZ. itaque

rE:EJ = BH: HZ et EJ:AA = HZ: ZA.
Ergo data recta linea non secta AB datae rectae

lineae sectae AT congruenter secta est; quod opor-

tebat fieri.

XI.

Datis duabus rectis tertiam proportionalem inuenire.

m. 2. 9. v.aC\ poatea ins. F. 11. %i\v EJ] E^ Bp et in

ras. F. K9] corr. m. 2 ex @KY. 12. t^v] om. BFp.
13. ngog trjv] ngog BFp, et sic deinde per totam prop.

15. HE] corr. ex EH m. 2 V. 17. •^] postea ins. F. 18.

ovrcog] m. 2 V. ioTLv ccqcc (og — 20: tijv HZ] postea insert.

in ras. m. 1 F; mg. m. 2 V. 19. tijv HZ] HZ etiam V.
20. EJ] corr. ex JE m. rec. P. nQog JA ovrcog bis F.

17] ins. m. rec. P. 24. noLrjaai] in ras. m, 1 P.
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"E0XG)0av aC dod^st^aL [dvo sv&etaL] ai BA, AF

xal oiSLGd-cj^av yavLav 7tSQLS%ov6aL xv%ov6av. dst di^

tcov BA, ArtQLX7]v avdloyov jtQoOsvQstv. SK^s^Xypd^co-

6av yaQ iTcl ta ^, E Grjfista, nal KSL6d'Cj tij AF
5 l'6rj 7] 5z/, zal s7tst,sv%%^Gi r] BF, xal dLcc Toi; z/

TtaQalkriXog avtfj ijxd^cj rj ^E.
^EtcsX ovv tQLycovov Tov A^E TtuQa ^Lav tmv

TtXsvQcov triv AE ^xrat r\ BF, dvdXoyov s6tLV cog

7} AB JtQog trjv B^, oi^rcog rj AF TtQog trjv FE.
10 i'6ri dl r] BA trj AF. s6tLV ccQa 6g rj AB TtQog

trjv AF, ovxcjg ri AF TtQog tr^v FE.

Avo aQa dod^SLOdiv svd-SLoov tcov AB^ AF tQLtrj

dvdkoyov avtatg TtQoasvQrjtaL rj FE' otcsq sdsL 7tOLrJ6aL.

15 Tqlcov dod^SLecov svd-stwv xsxdQxrjv dvd-

koyov TtQoasvQstv.

''Eaxaaav al SodstaaL XQstg svd^stat aC A, B, F'

dst dr} xdov A^ B, F xsxaQxrjv dvdXoyov TtQoa-

SVQStV.

20 'ExxsLa&coaav dvo svdstaL at AE^ /iZ yaviav

TtSQLSxovaaL [xvxovaav] xrjv VTto EAZ' xal xsLad^co tfj

^sv A l'arj r] AH, tfj ds B larj rj HE, Tcal stL tfj

r tar] 7] A@' xal STtL^svx^SLarjg trjg H® JtaQdXkrjXog

avtfi rix^G) dLcc Tot) E r] EZ.
25 'Ensl ovv tQLycovov tov AEZ jtaQa inCav tr]v

1. 8vo BvQ^elai] om. P, svd^staL supra scr. m. rec. 3. BA]
e coiT. V. svQStv P. 4. yccg cct AB, AF Theon (BVp; yccQ ccl

BA,ArF). 5. BF] FB p. 8. JE] AE tp. 9. trjv] bis

om. BFp. *BJ]BA F. AT] A in ras. m. 1 B. 11.

Tjfv] om. Bp. x-^v] om. Bp. FE] F in ras. V. 13.

avtrjs P, corr. m. 2. 20. s%v.siG^G> tav qp (non F). 21.
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Sint datae rectae BJj AF et ponantur ita, ut

quemlibet angulum comprehendant. oportet igitur rec-

tarum BAy AF tertiam proportionalem inuenire.

producantur enim ad punc-

ta z/, Ej et ponatur AF
= B^j et ducatur BF^ et

per ^ ei parallela ducatur

JE [I, 31]. iam quoniam in

triangulo AAE uni lateri

/dE parallela ducta est BFy
erit AB: BA = AF : FE
[prop. II]. sed 5z/ == AF,
itaque AB : AF^ AFirE.

Ergo datis duabus rectis AB, AF tertia earum

proportionalis inuenta est FE'^ quod oportebat fieri.

XII.

Datis tribus rectis lineis quartam proportionalem

inuenire.

Sint datae rectae A, Bj F. oportet igitur rectarum

Ay B, r quartam proportionalem inuenire.

•^y^ ponantur duae rectae ^E, AZ
ita, ut quemlibet angulum com-

prehendant EAZ, et ponatur

^H =. A, HE = J5, A@ = r.

et ducta recta H® ei parallela

^ ^0 Z per E ducatur EZ [I, 31].

iam quoniam in triangulo ^EZ uni lateri EZ

Tvxovaav] om. P. xa<n om. p.

rav Tzlcvnwv Theon (BFVp),
T^] i7i qp. 26. ^LCav
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EZ rjjctat, rj Jf0, £6ttv ccqu G}g rj ^H TtQog rrjv

HE, ovtcog ri ^0 TtQog trjv 0Z. far} ds r\ ^sv ^H
tri A, ri de HE tfi B, ri ds ^® rij F' eCtiv aqa mg

rj A TtQog trjv B, ovtcog rj F Ttgbg trjv SZ.

5 TqiSv aQa dod^Siacjv svd^Eccov rt5v A, B, F ts-

tccQtrj avdloyov nQ06svQritai rj &Z' oTtsQ idct TtOLrjaac.

1
^vo do^SL6(DV svd^sccov fis6rjv avdkoyo

71Q06SVQSIV,

10 "E6tci6av ai dod^staat dvo svd-stac aC AB^BF'
dst di] tav AB, BF ^s6rjv dvdXoyov 7tQ06svQstv.

KsL6d^cj6av iit sv^sCag, xal ysyQdg^d-o snl trjg

AF riiiLLKvxkLov t6 AAF, xal rJxd^G) dnb tov B 6yi-

fiSLOv tij AF svd-SLa TCQbg oQd^dg rj B^, xal sjts-

16 t^svxd^o^av al AA, AF.
'ETtsl iv rj^LXvxlLO) ycovLU i6tlv rj vnb AjdFy

OQd^ri i6tLv. xal ijtsl iv OQd-oyavCc) tQLycovco tc5

AAF dnb trjg OQd-rjg ycovCag ijtl trjv ^d6LV xd^stog

rjxtaL 7] AB, rj AB aQa tcov trjg fid6scog t^rjfidtcov

20 tmv AB, Br ^s6rj dvdkoyov i6tLV.

jdvo aQa dod^SL^cov svd-SLCov tcov AB, Br ^e^r/

dvdkoyov 7tQ06svQrjtaL rj z/5* oTtSQ ^dsL 7toLrJ6aL.

Ld\

T(5v l'6cov ts xal l6oycovCcov TtaQakXrjXo-

XIII. Philoponns in Aristot. de anima g II. XIV. Philo-

pon. in anal. post. fol. 117^.

1. £Zj corr. ex H@ m. rec. P; H9 Bp. H&] corr.

ex ZE m. rec. P; EZ Bp; 0Jf Vm. 2. 1^7] om. V. '^ H]m ras. B. trjv] om. BFp. 2. ttjv'] om. BFp. @Z]
e corr. V; Z0 P. 4. 9Z] Z in ras. F; Z0 P. 14. 8v-
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parallela ducta est H&, erit z/iJ: HE = ^® : ®Z.

sed ^H = ^, HE = 5, ^® = T. itaque ^ : B
= r:®z.

Ergo datis tribus rectis lineis ^, 5, F quarta pro-

portionalis inuenta est 0Z; quod oportebat fieri.

XIII.

Datis duabus rectis lineis mediam proportionalem

inuenire.

Sint daae rectae datae AB, BF. oportet igitur

rectarum AB^ BF mediam proportionalem inuenire.

ponantur in eadem recta, et

in ^jT describatur semicirculus

A/tFy et a B puncto ducatur

ad rectam AT perpendicularis

A ~JB T B^y ei ducantur A^j ^F.
iam quoniam in semicirculo est i A^Fy rectus

est [III, 31]. et quoniam in triangulo rectangulo

AAF 2i recto angulo ad basim perpendicularis ducta

est ABj AB partium basis AB, BF media propor-

tionalis est [prop. YIII coroll.].

Ergo datis duabus rectis lineis AB^ BF media pro-

portionalis inuenta est ^5; quod oportebat fieri.

XIV.

In parallelogrammis aequalibus et aequiangulis

^iCa] om. Bp. 16. v,al ineC V. 19. JB] BJF;Y, corr.

m. 2. z^B] Bz/ V, corr. m. 2. 21. fiiarjv P, sed corr.

22. 7tQ0G7}VQ7]zaL F. 24. r«] om. p. -KaC] m. 2 F. tao-

yavCwv] P, Philoponus; fiCav (iia i'ar}v k%6vt(ov ytovCav Theon
(BVp; in F om. yi,Cav et eupra scr. ji-m seq. ras. 1 litt.), P
•apra m. rec.
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yQccii^cov dvtLTtsTtovd^a^cv ai TtksvQal ai jteQl

tag l'6ag yovCag' xal g>v CiSoycovLCOV JtaQalkr^-

XoyQci^^cov dvtLTtsTtovd-a^LV at jtXsvQal ai

TtSQi tdg l'6ag ycavtag, l'6a ictlv sxslva.

5 "Eata l'6a ts xal Caoycjvta TtaQaklrjXoyQa^fia td

AB, BF i'6ag syovta tdg TtQog, ta B ycavCag^ xal

7CsC6d-co6av STt sv%-sCag ai ZlB, BE' sit sv%sCag

aQa sCal xal aC ZB, BH. Xsyco, oti tcjv AB^ BF
dvtL7tS7t6vd'a6LV at TtXsvQal aC JtSQL tdg i'6ag yovCag,

10 tovts6tLv, otL i6tlv cog 7j zJB itQog trjv BE, ovtog

7] HB TtQog trjv BZ.

Uv^:tsjtkrjQ(66d^a) ydQ to ZE naQakkrjXoyQa^^ov.

iTtsl ovv i'6ov i6tl ro AB jtaQaXXrjXoyQa^^ov ta

BF TtaQakXrjloyQafiiic), dkko di tt xo ZE, l'6ttv

15 aQa (og to AB TtQog to ZE^ ovtcog to BF nQog to

ZE. dlk^ C3g {ikv to AB TtQog to ZE, ovtag r] A B
TtQog trjv BE^ (bg dl tb BF itQog to ZE, ovtcog rj

HB TtQog tr]v BZ' xal Sg aQa r} AB TtQog trjv BE,
ovtcog rj HB TtQog trjv BZ. tcov aQa AB, BF itaQ-

20 akkrjkoyQttfificov dvtL7tS7t6vd-a6LV at TtksvQal at JtSQl^

tdg i'6ag ycovCag.

^Akkd drj s6tco wg rj AB JtQog trjv BE^ ovtcog

HB TtQog tr]v BZ' ksyco^ otL i'6ov i6tl to AB 7ta{

akkrjk6yQafifiov to BF TtaQakkrjkoyQafifico.

25 'E7tsl yaQ i6tLv (hg r] A B ^tQog tr]v BE, ovtco^

7] HB TtQog trv BZ, dkk' (ag fisv r] AB ^tQog tr]i

2. iGoycovCcov] om. Theon (BFVp); del. m. rec. P. Post

7CccQaXXrjXoyQcc(iii(ov add. Theon: (iCav ycovlav (iia ycavCcc iGrjv

ixovtoav (BFp; (iluv jLtta tariv ^xovxcov ycovCav V). 5. t£

xal iGoycovia'] om. Theon (BFVp); del. m. rec. P. 7. %sC-

6%-ai V. 8. sIgCv PBp. 10. gffTtV] om. p. triv'] om.
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latera aequales angulos compreheudentia in contraria

proportione sunt; et parallelogramma aequiangula,

quorum latera aequales angulos comprehendentia in

contraria proportione sint, aequalia sunt.

Sint aequalia et aequiangula

parallelogrammaAB,Br aequa-

les habentia angulos ad 5 po-

sitos, et ponantur in eadem

recta ^B^ BE. itaque etiam

ZBj BH in eadem recta sunt.

dico/ in AB, BF latera aequa-

les angalos comprehendentia in

contraria proportione esse, h. e.

esse ^B:BE= HB: BZ.

expleatur enim ZE parallelogrammum. iam quoni-

Sim AB = Brj et alia quaedam magnitudo est ZE,
erit AB : ZE = BT: ZE [Y, 7]. sed AB : ZE
'^ ^B:BE [prop. I], et Br:ZE = HB : BZ [id.].

quare etiam ^B : BE = HB : BZ. itaque in parallelo-

grammis AByBF latera aequales angulos comprehen-

dentia in contraria proportione sunt.

iam uero sit JB : BE = HB : BZ. dico, esse

AB = Br.

nam quoniam est ^B : BE= HB : BZ, et ^B : BE

BFp. BE] corr. ex B0 m, rec. P. 11. rrjv] om. BFp.
BZ] ZB P. 12. ZE] EZ p. 17. xi]v] om. BF; x6 p.

ro ZE] ZE BF; Z in ras. m. 2 V. 18. ngog rijv] ngog
BFp, et sic deinde per totam prop. cog aQo.] mansQ V.

^
JB] BJ p. 19. uQa.] supra m, 1, sedpostsrP, 22.

dXXa dij] in ras, m, 1 p, Post Si^ add. Theon: dvtmsnov-
%ix(ooav ai nXavQal al nBQl xdg L'aag ycovCag Y,aC (BFVp).

23. BZ] ZB P. ^Gxfv P. 25. triv] corr. ex t^ m. 2 V.
26. rng] e corr. F. /y] om. F.

Euclides, edd. Heiberg et Menge. II. 8
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BE, ovt(og ro AB TCccQalkrjXoyQcc^^ov JtQog xo ZE
TtaQaXXirikoyQaii^ov^ cog de rj HB Tcgog rriv BZ, ov-

rcog ro BF jtaQaXXrjloyQa^^ov TCQog ro ZE TtaQal-

XrjXoyQa^^oVy xal Sg ccQa to AB TtQog ro ZE^ ov-

5 rcjg ro Br JtQog ro ZE' l'0ov ccQa iarl ro AB itaQ-

aXXr\X6yQa\iyiov ra BF TtaQaXlrjXoyQa^^G).

T(DV ccQa l'6cov re xal idoycjvLCjv 7taQaXXr]XoyQcc^-

licov dvrtTtSTtovd^a^cv at TtlsvQal ai tcsqI rag i'6ag

ycovcag' xal cov ieoycjVLCOv JtaQaXkrjXoyQcc^^cov dvn-

10 TtSTCovd^a^Lv ai TcXevQal ai tcsqI rdg l'6ag yavCag^ l'0a

iarlv ixstva' otcsq sdsc dst^ac,

LS .

T^v ' i'0cov xal ^Cav ^La l6riv i%6vxG)v yco-

vCav rQcycovcav dvrLJCS7c6vd'a0LV ai TclsvQal

16 ac jcsqI rdg i'aag ycovCag' xal cov ^Cav ^ca

i'0r\v ixovrcov ymvCav rQcycovcov dvrL7tS7c6v-

d^aCLV aC 7cXsvQal aC tcsqI rag tCag ycovCag^

i'6a iarlv ixstva.

"Earco i'6a rQCycova rd ABF, A^E ^iCav ^lu Carjv

20 s%ovra ycovCav rr^v vtco BAF rfj V7c6 ^AE' Xsyco^

orc rcov ABF, A^E rQLyoovcov dvrL7CS7c6vd-a6LV ai

7tksvQal aC 7CsqI rdg l6ag ycovCag, rovrscrtv^ ort iorlv

cog rj FA ^CQog rrjv AA^ ovraog r\ EA TtQog rr^v AB.
KsCad^co yaQ m6rs ijt svd^sCag slvat rr]v FA rfi

26 A^' ijc sv^sCag aQa icrl xal rj EA rrj AB. xal

ijcs^svxd^co rj B^,

1. TiQog x6 — 2: coff Ss] insert. in ras. F, 2. TeagccXXt}-

XoyQafifiov'] om. V. 3. ZE TtocQccXXrjXoyQUiiiiov] P; ZE Theon
(BFYp). 5. 8Grtv P, comp. p. 7. lgodv aga p. tf] om.
Bp. tGoycoviav'] PBFp; in P supra scr. m. rec. lgtjv yco-

vCav (itav (iia ixovtcov; pLiav (iLa l'6r}v ixovToov ycaviav V, sed
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= ^B : ZE, HB : BZ=-= BF: ZE [prop. I], erit etiam

AB'.ZE= Br: ZE [Y, 11]. itaque AB = BF [V, 9].

Ergo in parallelogrammis aequalibus et aequi-

angulis latera aequales angulos comprehendentia in

contraria proportione sunt; et parallelogramma aequi-

angula, quorum latera aequales angulos comprehen-

dentia in contraria proportione sint, aequalia sunt*,

quod erat demonstrandum.

XV.

In triangulis aequalibus, et qui unum angulum

uni aequalem babeant, latera aequales angulos com-

prehendentia in contraria proportione sunt; et trian-

guli unum angulum uni aequalem babentes, et in

quibus latera aequales angulos comprehendentia in

contraria proportione sint, aequales sunt.

Sint aequales trianguli ABFy AAE unum angu-

lum uni aequalem habentes, L BAF = ^AE. dico,

in triangulis ABF^ A^E latera aequales angulos

comprehendentia in contraria proportione esse, h. e.

esse FA : Azf = EA : AB.
ponantur enim ita, ut FA et A^ in eadem recta

sint. itaque etiam EA et ^jB in eadem recta sunt.

et ducatur Bz/. iam quoniam /S^BF= A^E, et

uCccv iim pnnctis del. 9. laoycovicov 7taQaXX7}XoYQci(i(i(ov^

PB, F (post tao- ras. 1 htt.), p; in P m. rec. supra scr. t'orjv

yoaviuv (iluv [iiu ixovrcov; (lCuv (ilu (punctis del.) l'ariv ixov-
zcov ycovLuv TtaQuiXrjXoyQdfifiajv V. 16. uf] m. 2 P. cov

zQiy(6vaiv F. 16. rQiyavcav] om. FV. 20. Tij'] corr. ex

T^S m- rec. P. Isyo), ozl] et seq. insert. in ras. F. 22.

at ttbqQ TtSQL P, corr. m. 2. 23. TtQog xt^v] bis TtQog BFp.
24. Fy^] .^r P, V in ras. 2,5. iazLv PBF, comp. p.

8*
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'EtcsI ovv i6ov i6tl To ABF tQiycovov rc3 A^E
tQiycavo), ccXlo de tu tb BAzt, s6tiv ccQa ayg tb

FAB tQiyovov TtQog t6 BAJ tQiyovov, ovtcjg tb

EAJ tQiyavov itQbg tb BA^ tQiyovov. ccXX' (hg

5 ^sv tb FAB TCQbg tb BA^, ovrojg rj FA TtQbg trjv

AJ, mg ds tb EA^ TtQbg tb BAA, ovtcag rj EA
TtQog triv AB. xal G>g ccQa 7] FA TtQbg triv AJ,
ovtcag rj EA TtQbg trjv A B. tav ABF, A^E ccQa

tQiy(6vcav avti7tS7t6v^a6iv at jtksvQal at TtSQi tag

10 l'aag ymviag. ll

'AXla drj ocvtiTtSTtovd-staCav at TtXsvQaX tcov ABV^
AAE tQiydvcov , xal sGta wg ri FA TtQbg trjv AA,
ovtcag ri EA JtQbg tr^v AB' Xsyco, oti l'6ov i6tl

tb ABF tQiycovov tip AAE tQiymvc).

15 'E7ti^svx^£i6rjg yccQ JtdXiv trig B^, insC i6tiv G)g

rj FA TtQbg trjv AA, ovtmg r\ EA JtQbg trjv AB,
aXX' ctg [ihv rj FA TtQbg trjv A^, ovtcQg tb ABT
tQiycovov TtQbg tb BAA tQiycovov, (hg ds rj EA TtQbg

trjv AB, ovTog tb EA^ tQiyavov itQbg tb BAA
20 tQiyovov, (og ocQa tb ABF tQtycovov TtQbg tb BA^

tQiyavov, ovtcog tb EAA tQiycovov TtQbg tb BAA
tQiyavov. ixdtSQOv ccQa tav ABF, EAA TtQog tb

BAA tbv avtbv ^%si loyov. l'6ov ocQa i6tl tb ABF
[tQiyoivov^ ta E^A tQiycovco.

26 Tav aQa l6cov xal iiCav yaa l'6rjv ixovtcov yavCav

tQiycovav dvti7tsn6v^a6iv at TtXsvQal at jtsQl tdg

l'6ag yavCag' xal av ^Cav laa l'6rjv ixbvtcov ycovCav

2. tl] om. BFVp. BAJ] in ras. m. 2 V. 3. FAB]
"'r"A'B F; BAr Bp, V m. 2. ovtag] ovtco P, ovtcog ccqcc F.

4. EAJ] BFp, V m. 2; AJE V m. 1; JAE P. BAj] litt.

BA in ras. m. 2 V. tQCymvov] comp. V. 7. trjv] (prius)
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jrr alia quaedam magnitudo est

BA^, erit ATAB :BA^
= EA^ '.BA^\Y, 7]. sed

: AJ et EAA : BA^
= EA : AB. quare etiam

FA : A^= EA : AB. ita-

que triangulorum ABF,
A^E latera aequales angulos compreliendentia in

contraria proportione sunt.

iam uero latera triangulorum ABF, A^E in con-

traria proportione sint, et sit FA : AA = EA : AB.

dico, esse AABr=AAAE.
ducta enim rursus jBz/, quoniam est FA : A^

= EA : AB, et FA: A^ = A ABT^A BA^, et

EA:AB = A EAA : A BAA [prop. I], erit AABT
\ ABA/i = AEAA : ABAA. itaque uterque trian-

gulus ABFj EAA a.d BAA eandem rationem habet.

quare AABr=AEA^[Y, 9].

Ergo in triangulis aequalibus, et qui unum angu-

lum uni aequalem habeant, latera aequales angulos

comprebendentia in contraria proportione sunt; et

trianguli unum angulum uni aequalem habentes, et

in quibus latera aequales augulos comprehendentia

corr. ex tov m. 1 F. 8. apa rQiyoavoav'] tQiymvcov uqci V;
aQu ycovLCov p. 12. tQiycovoivl ycovLcov p. coff] postea
iDsert. m. 1 r; om. F. nQog ttjv] TtQog BFp, et sic deinde
per totam prop. 16. FA'] ^T p. 19. ttjv] om. etiam V.

20. ABT] BAT V. Post tQ(y(ovov add. F: ovtcoff tb EA^
tQiyoovov, sed del. m. 1. 21. tQiycovov] om. V. ovtcog]

om. F. to EAJ tQCyoovov nQog to BAi^i tQiyoivov] om.
BFp. 22. aQa\ om. Bp. 23. iGtiv P, comp. p. 24. tQl-

ycovov] om. P. 26. nX%vQOLi ai] om. F. 27. ycovCocg nXsvQccC F.
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TQLycovcav avtL7t£7t6vd^a6t,v ai TtXsvQal at TteQi tag

i'0ag ycovLag, exetva ida iotCv oiteQ edet det^ai,.

'Eav te66aQeg evd^etaL avdkoyov m0LVy ro

5 vTto tcov axQCOv TteQLexo^evov OQd^oycavLOv l'6ov

iotl ta VTto t(DV ^e6c3v TteQLexo^eva o^^-O^o-

ycjVLip' xav to VTto toov axQcav TteQLexo^evov

oQd^oycavLOV l'0ov
fi
tm vjto tcov ^e^ov TteQLe-

XOfievcD oQd^oyavLip, at te66aQeg ev&etaL dvd-

10 loyov eCovtaL.

*'E(StGi6av te06aQeg evd-etaL dvdXoyov at AB, Fz/,

E, Z, (og rj AB TtQog trjv Fz/, ovtog rj E TtQog

trjv Z' Xeyo, ott t6 V7t6 tcov AB, Z TteQiexofievov

oQd^oyoovLOv l'6ov i0tl to vjto tov r^yE neQtexo-

15 iievfo oQ^oyovLtp.

"Hx^o6av [yaQ'] dito tcov A, F arj^etcov tatg AB,
FA evd^eCaLg TtQog oQ^-dg at AH, F®^ xal xeCad-ca

tfj ^ev Z l'6rj ri AH, tfi d^ E l'0rj rj F®. xal av^-

TteTtXrjQcaad^G) td BH, A0 TtaQaXXrjXoyQa^^a.

20 Kal ejteC e6tLv (hg rj AB 7tQ6g trjv FA, ovtag rj

E 7tQbg trjv Z, C^rj dh rj ^iev E trj r®, rj dh Z tfj

AH^ e6tLv aQa mg rj AB TtQog trjv TA^ ovtcog rj

r& 7tQ6g trjv AH tcov BH, Zf@ uQa 7taQalXrjlo-

yQdfi^ov dvtL7te7t6v%^a6LV at 7tkevQal at TteQl tdg

25 l6ag ycovCag. cov de i6oycovCcov 7taQaXlrjXoyQd^fi(ov

dvtLTte^tov&a^LV at TtlevQal at 7teQl tdg L6ag ycovCag,

2. iativ] staiv V.
^

4. aai PBp. 7. xaV] kuI d V.

11. at t4aaccQE§ P. dvccXoyovl om. V. 12. Z dvdXoyov V.
tfjv] om. Bp. IS. AB] B in ras. m. 2 V. Z] eras. F.

14. iattv P, comp. p. E] postea add. m. 1 p; eras. F.
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in contraria proportione sint, aequales sunt; quod

erat demonstrandum.

XVI.

Si quattuor rectae proportionales sunt, rectangulum

extremis terminis comprehensum aequale est rectan-

gulo mediis comprehenso ; et si rectangulum extremis

terminis comprehensum aequale est rectangulo mediis

comprehenso, quattuor rectae proportionales sunt.

Sint quattuor rectae proportionales AB, Tz/, Ey Z,

ita ut sit AB : FJ = E : Z. dico, esse AB X Z
= r^xE.

H

Eh

ducantur a punctis ^, F ad rectas AB^ Fz/ per-

pendiculares AH^ F®, et ponatur ^if= Z et F®= E.

et expleantur parallelogramma BHy ^®.
et quoniam est AB : FJ = E : Z^ et E = T©,

Z = AH, erit AB : T^ = T® : AH. itaque in

parallelogrammis BH, ^® latera aequales angulos

comprehendentia in contraria proportione sunt. paral-

lelogramma autem aequiangula, quorum latera aequales

angulos comprehendentia in contraria proportione

16. yug] om. P. 18. avfinenXriQoaad^cooav BFVp. 22. AH]
corr. ex AJ m. rec. P. 23. AH~\ post ras. 1 litt., H e

corr. V; corr. ex A@ m. rec. P. ccQttj m. 2 V. 24. at
tceqQ nsQ^ P.



120 STOIXEISiN g'. ^
l'aa iatlv ixstva' l'6ov aQa i6tl to BH TiaQakXrjXo

yga^^ov tc5 z/0 TCaQaXXrjXbyQcc^^a). TiaC i^ti t6

inev BH to vTtb tSv AB^Z' 107] yag rj AH trj Z'

ro de z/0 to vnb t6v F^, E' l'6rj yccQ rj E trj F®'
5 ro UQa VTto tcov AB, Z 7t£QLS%6^evov OQd^oycovLOV

l'60V iOtl t(p V7t6 tCOV r^, E TtSQLSXO^eVG) OQd-OyCOVLG),

^Alla drj to vnh tcov AB, Z TtSQLSxo^svov oQd^o-

yCOVLOV l'60V SatCO ttp VltO tCOV r^, E TtSQLSXO^SVG)

oQd-oycovLC)' Xsyo^ otL ai ts60aQsg svd^staL avdXoyov

10 s6ovtaL, (hg ij AB TtQog trjv Fz/, ovtcog rj E TtQog

trjv Z.

Tcov yccQ avtcov xataaxsvaed-svtcov ^ iitsl to vito

rcaii/ AB^ Z l'6ov i6tl ta vTto tmv F^, E, xaC i6tL

to [ihv vTto tcov AB, Z to BH' l'6rj yccQ i6tLV r}

16 AH trj Z* tb ds vnb tdov F^, E tb J&' l'6rj yaQ

71 r® trj E' tb ccQa BH l'6ov i6tl tc5 z/0. xaC i6tLV

C6oy(6vLa. tcov dl l'6cov xal l6oycovCcov JtaQaXXrjXo-

yQccfi^cov ccvtL7tS7t6v^a6LV at TtXsvQol al TtSQl tag t6ag

ycovCag, ^6tLV ccQa (hg rj AB JtQbg trjv i^z/, ovtcog rj

20 r@ TtQbg trjv AH. l'6ri d^ rj fisv F® tfj E, rj dh

AH trj Z' s6tLV ccQa (og rj AB TtQbg trjv F^, ovtcog

rj E TtQbg trjv Z.

'Edv ccQa ts66aQsg sv^staL dvdXoyov co6lv, t6

VTtb tcov dxQcov 7tSQLSx6^SVOV 6Qd-oy(6vLOv i'6ov i6tl

25 tS vnb t(Jov IIS6C0V jtsQLSxo^svip oQd-oycovdp' xdv tb

VTtb tK)v dxQcov 7tsQLSx6fisvov OQd-oycovLov i'6ov r] ta

V7tb tmv ^s6cov 7tSQLSxofisvG) OQd-oycovCco, al ts66aQsg

svd^staL dvdXoyov ^6ovtaL' OTtsQ sdsL dst^aL.

4. rj, E] seq. nsQLex^f^^^^'" ogd^oytoviov V, punctis delet,

E] corr. ex r@ m. 2 V. r&] corr. ex E m. 2 V. 6.
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sint, aequalia sunt [prop. XIV]. itaque BH= ^@.

et BH= ABXZ (nam AH= Z) et J® = rJxE
(nam E = F®). itaque ABxZ = FA X E.

iam uero sit ^ J5X Z = FA X E. dico, quattuor

rectas proportionales esse, AB : FJ = E : Z.

nam iisdem comparatis, quoniam AB X Z = F^
XE, et ABxZ = BH (namAH= Z\ etT/lxE
= A® (nam F® = E)^ erit BH = ^0. eadem

autem aequiangula sunt. et in parallelogrammis

aequaKbus et aequiangulis latera aequales angulos com-

prehendentia in contraria proportione sunt [prop. XIV].

itaque AB : FA = r&: AH. sed F® = E, AH= Z.

quare AB:r^ = E:Z.
Ergo si quattuor rectae proportionales sunt, rectan-

gulum extremis terminis comprehensum aequale est

rectangulo mediis comprehenso; et si rectangulum

extremis terminis comprehensum aequale est rectan-

gulo mfediis comprehenso quattuor rectae proportionales

sunt; quod erat demonstrandum.

nsQisxofisvcov oqd^oycovLcov F, sed corr. 8. rcov] mutat. in

Tcoi F. 9. oQd-oycovLcov F, sed corr. 14. satLv] om. V. 7}

AH tfi Z] xrj Z ri AH V; in F m. 2 ex r^t Z fecit r^ HZ.
15. iGYi yuQ rj — 16: to5 J®] mg. m. rec. P. 16. iGriv'] P;

sIglv BFVp. 19. r}] (alt.) postea ins. m. 1 p. 20. r&]
corr. ex H0 m. 1 p. AH] corr. ex ZH m. 1 p. 23.

(oGi PBVp. 25. x«v] xal st V. 26. ^] sgvl F. 27.

tiGGUQss] seq. ras. 2 litt. F.
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^Eccv TQstg svd-etac avaloyov (o0lv, ro vito

T(aV aXQCOV TtSQLSXOflSVOV OQd^OyCOVLOV l'60V

s6xl ta ccTCo tijg ^s^rjg tstQccycovci' xav ro

5 VTtO TCOV aXQCOV 7tSQLS%6^SVOV OQ^OycOVLOV i'0OV

fi
rc5 aTto tijg ^s6rjg tstQaycovc), aC tQstg

svd^staL avdloyov s6ovtaL,

"E6tc!)6av tQstg svd^stat dvdkoyov ai Ay B, JT, ag

7] A TtQog triv B, oi^rajg ^ B TtQog ttjv F' Xsycj,

10 ort ro vTto ro5i/ A, F TtsQisxofisvov oQd-oyoavLov i'6ov

s0tl rc5 aTto Trjg B tstQaycSv(p.

KsLa^^G) tfi B tari y\ A.

Kal sTtSL s6tLv cog rj A JtQog trjv B, ovtcog r]

B TtQog trjv F, i'ar} ds r] B tfi z/, sattv aQu (hg rj

15 A TtQog trjv B, rj A TtQog trjv F. idv ds tsaaaQsg

svd^staL dvdloyov coaLv^ ro vjto tcov axQcov JtSQis%6'

^svov [oQd^oycovLov] l'6ov iatl rc5 vno tcov ns6cov

TtsQLSxo^dvG) OQd^oycovLG). to ttQa vno t(OV A, V l'60V

s6tl ta vTto tcov B, A. dlld ro VTto tcov B, z/ ro

20 dito trjg B s6tLV' l'6r} yaQ rj B tfj A' to ccQa vtco

toov A, r TtsQLSxo^svov oQd^oycovLov l6ov s6tl rc5

aTto trjg B tstQay(6vco.

'AXld drj ro vTtb tcov A, F l'6ov s6tco ta djto

trjg B' Isyco, otL s6tlv (og rj A TtQog trjv B, ovtcog

2b r] B TtQog trjv F.

Tcov yaQ avtcov xata^xsva^d-svtcov , iitsl to vTto

tmv A, r l'6ov i6tl rc5 ditb trjg B, dXXd tb ditb

tr\g B tb vTtb tcov B, A i6tLV' l'6rj yaQ rj B tfj A'

tb ccQa vjtb tcov A, F l'6ov i6t\ tco vTtb toov J5, z/.

1. t^'] et litt. initialis m. 2 V. 2. coai codd. 4.

xai'] xat st V. 6. xijg'] insert. postea F. 8. cct tQets P.
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XVII.

Si tres rectae proportionales sunt, rectangulum

extremis terminis comprehensum aequale est quadrato

medii; et si rectangulum extremis terminis compre-

liensum aequale est quadrato medii, tres rectae pro-

portionales erunt.

Sint tres rectae proportionales A, B, F, ita ut sit

A : B = B.r. dico, esse A X T= B^

A\

B\ 1 z/i 1

r\ 1

ponatur z/ = 5. et quoniam est A : B = B \ F,

et B = zl, erit A : B = Zf : F. sin quattuor rectae

proportionales sunt, rectangulum extremis terminis

comprehensum aequale est rectangulo mediis com-

prehenso [prop. XVI]. itaque A X F = B X A.

uerum 5 X z/ = JB^; nam 5 = z/. quare

Axr=B\
iam uero sit Axr= B^. dico, esse A:B =B: F.

nam iisdem comparatis, quoniam A X F= B^,

et B^ = BX ^ (nam B = A), erit AXr= BX^.
sin rectangulum extremis terminis comprehensum

XVII. Philoponus in Arist. de anima g II.

12. %iL6%^(o yccQ P. J^ post ras. 1 litt. F. 16. cocrt codd.
17. op^oycijrtov] om. P. 19. B, z^l (prius) in ras. m. 2 V.
uXXa. — B, J'] insert. m. 1 F. 20. iaxLv ' tari] eras. F. 24.

A] B n. 26. inE^] corr. ex sn^ m. 2 V. 27. dXXa to anb
Tr}<s B x6 vno rmv B, J iauv] PBp; idem, sed T<p vno V,
F mg,; xovziGxiv tw vno xtov B, J F. 28. farj] -7} in ras. B.
Tj J] in mg. transit m. 1 V (supra est ras.).
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iav de to vito tcov axQcov i'6ov y ta vnb tav fia-

(?ov, au t£66aQsg sv&stat avdXoyov si6Lv. s6tLv aga

K)g ri A TtQog trjv B, ovtcjg r} z/ TtQog trjv F. i'6rj

ds rj B ty A" (og a^a r] A itQog tr\v 5, ovtag r\ B
5 Tt^bg trjv F.

'Eav aga tQStg svd^stat dvdXoyov g)6lv, tb vnb

tav dxQcov jtsQLSxb^svov ogd^oyavLOv t6ov i6tl rcj

aTtb trjg fLs6rjg tstQayoavG)' xdv tb vitb tcov dxQcov

TtSQLSxo^svov OQd^oycsvLOV i'6ov ij rc5 ditb trjg ^s6rig

10 tstQaycjvc) y at tQstg sv^stat dvdkoyov s6ovtaL' oJtSQ

idsL dst^aL.

Lr\.

^Anb tijg dod^SL^rjg svd^sCag rc5 dod^svtt,

svd^vyQdfi^G) oiiOLOV ts xal biiOLCog xsl^svov

16 svd^vyQaiifiov dvayQdtlfaL.

*'E6tco rj ^sv dod-st6a svd^sta r\ AB, tb ds dod^sv

svd^vyQa^^ov tb FE' dst dr] dnb trjg AB sv^sCag

rc5 FE svd^vyQd^^c) o^iolov ts xal b^ioCcog xsC^svov

svd^vyQa^liov dvayQdxpaL.

20 'ETtslsvx^^co rj z/Z, xal 6vvs6tdtco itQbg tij AB
svdsCa xal totg itQbg avty 6r\^sCoLg totg A, B tfj

^sv TtQbg rco F yovCa i'6r\ r\ vTtb HAB, tfj ds vnb

FAZ i'6r} r\ vnb ABH. XoLTtrj aQa rj vTtb FZJ tfj

vTtb AHB i6tLV i'6ri' i6oy(6vLOv aQa i6tl tb ZF^
25 tQCycovov ta HAB tQLycovco. dvdXoyov aQa i6t\v

(og rj Z^ TtQbg trjv HB, ovtcag rj ZF itQbg trjv HA,
xal rj TA TtQbg tijv AB. TtdXiv 6vvs6tdto JtQbg

tfj BH sv^sCa xal totg TtQbg avtij 6r}^sCoLg totg B,

6. (Dfft^PFVp. 7. «Wv P. 8. ^dv — 10: IWtat]
om. p. t*l 9. 1?] SGTL comp. F, supra scr. y. 18. oiioicog]
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aequale est rectangulo mediis comprehenso, quattuor

rectae proportionales sunt [prop. XVI]. itaque

A:B = ^ \r, sed 5 = z/. itaque A:B=-B:r.
Ergo si tres rectae proportionales sunt, rectan-

gulum extremis terminis comprehensum aequale est

quadrato medii; et si rectangulum extremis terminis

comprehensum aequale est quadrato medii, tres rectae

proportionales erunt; quod erat demonstrandum.

XVIII.

In data recta datae figurae rectilineae similem et

similiter positam figuram rectilineam construere.

Sit data recta AB ei data figura rectilinea FE.

oportet igitur in recta AB figurae rectiiineae FE
similem et similiter positam figuram rectilineam

construere.

Zr

r /i A B
ducatur ^Z et ad rectam AB et puncta eius A^ B

angulo ad F posito aequalis construatur L HABy
angulo autem FzJZ aequalis L ABH [I, 23]. itaque

L rZA = AHB [I, 32]. quare A ZFJ triangulo

HAB aequiangulus est. itaque ZJ : HB = ZV: HA
= r.d : AB [prop. IV]. rursus ad rectam BH et

oyLoluq n (non P). 20. z^Z] Zd P. cvvsatoto n (non P).

22. rt5] tri P. Tff»?] om. V. H^B] BAK P; ^B F;
UA^ iGi\ V. 23. i<iri\ om. V. r^] lontri t^ V. 24.

AHB] A"B'H F. iatQ om. V. 26. ag] supra F. 28.

tfi] corr. ex trjg m. 1 p. BH] H supra scr. V.
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H xfi ^lv vTtb ^ZE ycovCa: iCri rj vito BH&, Trj

ds V7c6 ZAE i6ri ^ v%h HB0. loiTCri ccQa r^ TiQog

rc5 E XoiTtri trj TtQog tc5 ianv i'6r}' i6oy(6viov ccqu

s6tl to Z/IE TQiyovov ta H®B tQLymva' ccvdXoyov

5 aQa ictlv mg rj Z^ TtQog tr^v HB, ovt(og rj ZE TtQog

trjv H0 xal rj EJ TtQog trjv ®B, idei%^ri de xal

cog rj Z^ JtQog trjv HB, ovtcag rj ZF TCQog trjv HA
xal rj r^ TtQog trjv AB' xcd cog aQa rj ZF TtQog

trjv AH, ovtcog 7] ts F^ TtQog trjv AB xal rj ZE
10 TtQog tr]v H® xal etc r] EJ JtQog trjv ®B. xal

iTtel l'6rj iatlv rj ^ev vno FZ/J yovCa tfj vTto AHB,
rj ds vjtb jdZE trj vTtb BH&^ oXrj ccQa rj vnb FZE
oXrj trj vTtb AH® iativ larj. dcd td avtd drj xal

rj vTtb rjE tfj vitb AB® iativ L6rj. eati 6e xal rj

15 fisv TtQbg t(p r tfj TtQbg ta A larj, rj ds TtQbg tc5 E
tfj TtQbg rco ®. i6oy(6viov ccQa i6tl tb A& tw FE'

Tcal tdg nsQl tdg l'6ag yovCag avtcov jtXsvQdg dvdkoyov

^XSL' ofioLOv ccQa i6tl tb A@ svd^vyQa^^ov tw FE
svd^vyQd^^c).

20 'Anb trjg dod^sCarjg aQa sv^sCag trjg AB rc5 do-

d^svtL svd^vyQa^^a t(p FE o^olov ts xal o^oCcjg xsC-

^svov evd^vyQa^i^ov dvaysyQaTttac ro A&' onsQ sdsL

7tOLrJ0aL.

L^\

26 Td o^OLa tQCyova TtQbg ccAXrjXa iv dLTtXa-

aCovL XoyG) iatl tcov o^oXoyov itXsvQov,

XIX coroll. Philoponus in anal. post. 117 . PseUus p. 57.

1. BH©] "E'H"'@ Fi 2. vTto] om. Bp. i'Gri\ om. B.

4. Jf0B] PF; HB@ B, V e corr. m. 2, p corr. ex H@@
m. 1. 5. Z^] /iZ P. ZE] in ras. m. 2 V. 6. H0]
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puncta eius B, H angulo ^ZE aequalis eonstruatur

L BHQ et angulo ZJE aequalis i HB& [l, 23].

itaque qui relinquitur angulus ad E positus, reliquo

angulo ad (9 posito aequalis est [I, 32]. itaque l\ZAE
triangulo H®B aequiangulus est. quare ZJ : HB
= ZE : H® = Ejd i®B [prop. IV]. demonstrauimus

autem, esse etiam ZJ \HB = ZTiHA = Tz/ : AB.
quare etiam ZF : AH= TA : AB = ZE:H®= EJ
: 0B. et quoniam LTZA= AHB, et L AZE=BH®,
erit L rZE = AH®. eadem de causa etiam L FAE
= AB0, et praeterea angulus ad F positus angulo

ad A posito aequalis est, et angulus ad E positus

angulo ad posito aequalis. itaque A® aequiangula

est figurae FE. et latera, quae aequales angulos com-

prehendunt, proportionalia habent; itaque figura rec-

tilinea A& similis est figurae rectilineae FE.

Ergo in data recta AB datae figurae rectilineae

FE similis et similiter posita figura rectilinea con-

structa est A®-^ quod oportebat fieri.

XIX.

Similes trianguli inter se duplicatam rationem

habent quam latera correspondentia.

in ras. m. 2 V. 0B] BG P. hkI rj Ez/ ngog xriv 0JB]
bis F, sed corr. 7. ri xs ZF P. 8. v.a.1 oog aqa — 9: xriv

.4B] om. p.
^

^IO. Ez/] "z^'E F. ^ 12. z/ZE] "Z'z/'"E F.

13. 8ia xa avxa. — 15: nqoq xtp A i'ari\ insert. in ras. F.

16. nqoq] eras. V. hxlv F. 17. avxoav] P; avxa BF Vp;
om. Augustus. 18. A©] TE P. FE] A@ T. '^ 20. xijg

AB — 23: Ttoiriaai] v,al xa s^rjg p. 21. FR oiioiov xs]

eras. V. 22. xo A@] punctis notat. F; om. B. 26.

iettv B, eras, v.
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"Eata o^OLa tQCyava xa ABF, ^EZ l6riv f^^ovra

rriv TCQos ra B yovCav rfj TCQog ra E, (05 ds ri]v

AB TtQos rrjv BF, ovrcsg rrjv ^E itQog rriv EZ,

S6rs o^oXoyov elvai rrjv BF rfj EZ' Xiyca^ ori ro

h ABF rQCyavov TtQog rb ^dEZ rQCycovov diTcXacfCova

koyov s%EL 7]7C£Q rj BF TCQog rrjv EZ.

EiXrifpd^ca yaQ rav BF, EZ rQCrrj avaloyov rj

BH, co6r6 slvai mg rrjv BF TCQog rr]v EZ, ovrcjg

rrjv EZ TCQcg rrjv B H' xal iTCs^evx^^ V ^^-
10 ^EtcsI ovv iarcv (hg rj AB iCQog rr^v BF^ ovrog

ri /dE TCQog rrjv EZ, ivaXXa^ aQa i6rlv cog rj AB
TCQog rr^v AE, ovrcog 7] BF TCQog rr^v EZ. «AA' ag

rj BF JCQog EZ, ovrcog iarlv rj EZ TCQog BH. xal

(X)g ccQa 7] AB TCQog AE, ovrcog rj EZ JCQog BH'
15 r(DV ABH, AEZ aQa rQiycovcov avmceicovd-a^Lv al

TcXEVQal ai tceqX rag l'6ag ycovCag. cov 8e ^iCav ^ca

l'6rjv ixovrcov ycovCav rQcycovcov avmce7c6v%^a6Lv at

TcXevQal ai TCeQl rag l'6ag ycovCag, l'6a i6rlv ixetva.

l'6ov ccQa i6rl ro ABH rQCycovov rc5 ^EZ rQL-

20 ycovc). xal i%eC i^rcv (hg rj BF TCQog rrjv EZ,

ovrcog 17 EZ TCQog rrjv BH, iav de rQetg ev-

^etac dvccloyov g)6lv, rj TCQoorrj TCQog rrjv rQCrr^v Sl-

7Cla6Cova loyov ^x^i 7]7ceQ TCQog rr^v devreQav, ri BV
ccQa TCQog rr^v BH dcTcka^Cova koyov ^x^l TJiceQ r}

25 FB TCQog rr]v EZ. G>g de rj FB TCQog rrjv BH,
ovrcog rb ABF rQCycovov TCQog rb ABH rQCycovov

2. Tc5 B] t6 B Y, et F, sed corr. 3. ti^v BF] BT Bp;
triv rz/ F; litt. JB in ras. m. 2 V. rijv EZ] EZ Bp. 8.

ovToa PBp. 10.^ AB] B in ras. PF. ^ tr,v] om. BFp.
ovtco P. 11. Trjv] om. BFp. 12. f^v] bis om. BFp.

13. TtQog EZ] supra m. 2 F; nQog tr}v EZ V. tijv BH Y.
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Sint similes trianguli ABF, AEZ angulum ad

B positum angulo ad E posito aequalem habentes,

js h: r u z

et AB:Br=^ AE : EZ, ita ut BF lateri EZ respon-

deat. dico, esse ABF : AEZ == BF^ : EZ\
sumatur enim rectarum BF, EZ tertia proportio-

nalis BH [prop. XI], ita ut sit BF.EZ^ EZ: BH;
et ducatur AH,

iam quoniam est AB : BF — AE : EZ, permu-

tando erit AB:AE= Br:EZ [Y, 16]. sed BT^EZ
= EZ : BH. quare AB : AE = EZ : BH, itaque in

triangulis ABHj AEZ latera aequales angulos com-

prehendentia in contraria proportione sunt. trianguli

autem unum angulum uni aequalem habentes et quo-

rum latera aequales angulos comprehendentia in con-

traria proportione sint, aequales sunt [prop. XV].

itaque A ABH= AEZ. et quoniam est BF^EZ
= EZ : BHj et si tres rectae proportionales sunt,

prima ad tertiam duplicatam rationem habet quam
ad secundam [V def. 9], erit BF : BH = TB^ : EZ\
sed TB: BH= ABT : ABH [prop. I]. itaque etiam

14. AB] B eras. F. triv dE Y. xr]v BH V. 15. aga]
supra m. 1 p. 17. tQiycovmv] om. Theon (BFVp). 19.

JEZ] Z paene eias. V. 22. dtnXccaiovaovcc P, sed corr.

m. rec. 23. ^XV P- ^ ^] ^B seq. ras. 1 litt. P. 24.

BH] seq. ras. 1 litt. P. 25. FB] (prius) BT V.

Kuclides, edd. Heiberg et Menge. II. 9
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Tcal To ABF ccQa XQCyovov TtQog to ABH dLnXaOiova

Xoyov £XEL YiTtEQ T} BF TtQog xriv EZ. i'6ov 6e zb

ABH tQiycivov r6 AEZ XQiycovc)' xal ro ABF
aQa tQcyavov tiqos to AEZ TQLycovov diTikacCova

6 koyov exsi rjjteQ ri BF TtQog trjv EZ.
Ta aQa o^oia XQCycova TtQog aXXrjXa iv dt7cXa6Covi,

X6y(p iarl rmv o/LtoAoyov nkavQ^v [otcsq ideu dsl^ai].

noQtCiia. i||

'Ex dr^ rovrov (pavsQov, ori^ iav rQstg evd-etat

10 avdkoyov (06lv, a6rLV cog rj TtQcorri JtQog rrjv rQCrrjv^

ovrag ro dno rrjg TCQcirrig sldog TtQog ro dTto rrjg

dsvrsQag rb ofiOLOV xal o^oCcog dvayQacpofievov [eTteCneQ

ideCx^^rj, cog rj FB TtQog BH, ovr(og r6 ABF rQCyovov

TtQog t6 ABH rQCyovov, rovriarL t6 ^EZ]. oTteQ

15 ideL det^aL.

X .

Td ofiOLa Ttokvyova el'g re ofiOLa rQCycova

diaLQetraL xal eig l6a ro itXri^og xal o^oXoya
rotg oAofcg, xal rb TtoXvyovov TtQog t6 TtoXv-

20 yovov dL7tka6Cova koyov 'e%eL TjneQ rj o^okoyog
TtkevQa TtQog rr^v bfiokoyov jikevQav.

"Earo ofiOLa jtokvyova rd ABFAE, ZH&KA,
bfiokoyog de e6ro rj AB rrj ZH' kiyo, orL rd ABF^E,

XX coroU. Eutocius in Archim. III p. 52, 28.

1. UQa] om. P. ABH] B supra m. 2 in ras. V. 7.

iGtCv BF. 9. idv] i- in ras. m. 2 V. 10. sgtlv] om. Bp.
11. stdog] P; tQtymvov Tbeon (BFVp), comp. supra P m.

ree. 13. f^v BH Y. 14. to] om. V. tovtsctiv P. to]
supra m. 2 F. 15. dst^ai] TCOirJGui V. 19. oXoig] post o-

1 litt. eras. p. 20. rj] om. B. 22. ABTJE] ABFJEZ
P, sed. corr.
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ABr: ABH^ BH : EZ^ erat autem ABH=^ AEZ,
quare etiam ABF-. ^EZ = BT^ : EZK

Ergo similes trianguli inter se duplicatam rationem

habent quam latera correspondentia.

Corollarium.

Hinc manifestum est, si tres rectae proportionales

sint, esse ut prima ad tertiam, ita figuram in prima
descriptam ad figuram in secunda similem et similiter

descriptam. ^) — quod erat demonstrandum.

XX.

Similia polygona in triangulos et similes et aequales

numero et totis correspondentes diuiduntur, et poly-

gonum ad polygonum duplicatam rationem habet

quam latus correspondens ad latus correspondens.

Sint similia polygona ABFJE^ ZH&KA^ ei AB
lateri ZH respondeat. dico, polygona ABF^E,

1) Hoc ex proportione ABF : JEZ = ET: BH concludi
noluit Euclides, pauUo audacius sane; nam huic corollario

post prop. 20 demum locus erat. sed tQLyavov lin. 11 sine

dubio Theoni soli debetur; nam sldog tuentur P et Campanus
et aliquatenus saltem Philoponus et Psellus (hic corollarium
8U0 numero citat) TsrQdyoavov praebentes, quod cum scriptura

sldog conciliari potest, cum tQLyavov non potest. et prop. 20
coroll. 2 in P in mg. additum et a Campano omissum a Theone
interpolatum merito uideri potest, id quod et ipsum sen-
tentiam meam de huius corollarii forma confirmat. tum
Pappus VIII p. 1100, 15 nostrum locum respicere putandus
est, et sane scriptura eius loci tam incerta est, ut inde de
numero, quem indicat, corollarii nihil adfirmari possit. itaque
{mto, Euclidem ipsum sldog scripsisse et Theonem, quo corol-

arium facilius pateret, nostrum locum mutasse et prop. 20
coroU, 2 addidisse. sed uerba insinsQ lin. 12 — JEZ lin. 14
interpolata esse putauerim, neque Campanus ea habuit; sed
Theone antiquiora sunt.

9*
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ZH®KA 7to?.vycjva eig xb oftota XQCyava dLaiQettai

Tcal aig laa ro Ttkijd-og xal o^oXoya rotg okoLg, xal

ro ABFJE TtoXvyovov itQog ro ZHSKA Ttokvycovov

8L7tla<jLOva Xoyov exbl 7]7tBQ 7] AB TtQog rrjv ZH.
5 'EjtEtBvx^caaav at BE, EF, HA, AS.

Kal BTtBl o(iol6v iari rb ABFAE Ttolvycovov

rc5 ZH@KA 7tokvyc6v(p, L6r] iarlv rj v7to BAE yo)-

vCa rfj v7to HZA. xaC ierLv cog rj BA ^tQog AE,
ovrcog rj HZ TtQog ZA. ijrfl ovv dvo rQCycovd iorL

10 ra ABE, ZHA fiCav ycovCav ^La yGivCa 1'(5tjv Bxovra,

TtBQL Sb rag i'(5ag ycovCag rag TtlBVQccg dvdkoyov,

CaoycovLOv ccQa iarl ro ABE rQCyavov tc5 ZHA
rQLycovG)' mOrB -xal o^olov torj aQa icrlv rj V7tb ABE
ycjvCa rij vTtb ZHA. s6rL ds xal oh] rj vitb ABF

15 oXfj rfi vTtb ZH® 1'67] dLCc rrjv b^iOLorrjra rcov 7toXv-

ycovcov loL7tri ccQa rj V7tb EBF ycovCa rfj VTtb AH®
icrLv l'0ri. xal i^tsl dta rrjv bfiOLorrira rdov ABE,
ZHA rQLycovcov ierlv cog rj EB 7tQbg BA, ovrcog

7} AH 7tQbg HZ, dlXd firjv xal did rrjv o^OLorrjra

20 tcov 7toXvyoovcov i6rlv (og rj AB TCQbg BF, ovrcog rj

ZH 7tQbg H@, dt' i'0ov aQa i6rlv (og rj EB 7tQbg

BF, ovrcog rj AH 7tQbg H@, xal 7tEQl rdg i'aag yco- j

vCag rdg vxb EBF, AH@ at ^tXsvQal dvdXoyov siaLV^

CaoyoovLov ccQa iarl rb EBF rQCycovov rc5 AH®
25 rQLycova' ooars xal o^olov iarL rb EBF rQCycovov

np AH@ rQLycovco. dLa rd avrd drj xal rb EFzJ

rQCycovov o^olov iari rco A®K rQLycovcj. rd aQa

5. A@] mutat. in AB F. 7. iari seq. ras. 8 litt.

8. HZA] ZHA F. xijv AE Y. 9. HZ] ZH P. ri

ZA V. 10. ymvicc] yavCav Yq>. 11. di] om. F. il

i^ar}] corr. ex laov m. rec. P. 15. ZHS] H uidetur corr.
"
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ZH&KAm triangulos et simi-

les et aequales numero et totis

correspondentes diuidi, et esse

ABTzlE : ZH&KA = AB"^

:ZH\
dueantur BE, EF, HA, A®.

et qaomsim ABTAE^ ZH@KA, exiiLBAE= HZA
[def. 1]. QiBA\AE= HZ : ZA [id.]. iam quoniam duo

trianguli sunt ABE, ZHA unum angulum uni angulo

aequalem habentes et latera aequales angulos compre-

hendentia proportionalia, erit A ABE triangulo ZHA
aequiangiilus [prop. VI]. quare etiam similes sunt

[prop. IV; def. 1]. itaque LABE= ZHA. uerum etiam

LABr= Zi/@ propter similitudinem polygonorum. ita-

que L EBr= AH@. et quoniam propter similitudinem

triangulorum ABE, ZHA est EB:BA= AH: HZ, et

praeterea propter similitudinem polygonorum AB:Br
= ZH : H&, ex aequo erit EB : BT = AH: H®
[Y, 22], et latera aequales angulos EBF, AH@ com-

prehendentia proportionalia sunt; itaque AEBririsin-

gulo AH@ aequiangulus est [prop. VI]. quare

A EBF ^ AH® [prop. IV; def. IJ. eadem de causa

etiam A EFA ^ A0K. itaque similia polygona

16. T^] P, F m. 1; XoLnri trj BVp, F m. 2. 17. lari

htCv F. 18. xriv BA V. '

'l9. AH] ABtp. ttjv HZ V.
20. tiiv BTY. 21. ZH] HZ P. triv H@ V. H&, dt'

fffov] qp; mdetnr fuisse alia scriptura am. 1. EB] B e
corr. F. 22. trjv BT Y. t^v H@ V. 23. siaiv] om. V.
2^.AH@]A@HF. 25. ^(iTi] 051. BVp. to EBT— 26:

TQiycovoj'] mg. m. 2 V; F haec uerba ut cett. codd. in textu
habet, sed dein in mg. m. 1 : coats xal oiioiov to EBF tm
AH@ tqiycovcp. 27. A&K] A@H(p', corr. ex AK@ m. 1 p.
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o^OLa Ttolvycova xa ABTAE^ ZH&KA sig xs o\Loia

TQLyova diTJQYixaL xal sig l'0a x6 jtXijd^o^.

Aayc), OXL xal b^oXoya xotg oAotg, xovxe6xiv

Saxe avakoyov elvac xa XQiyava, xal rjyov^eva ^ev

5 dvai xa ABE, EBF, EF^, enoaeva d\ avxmv xa

ZHA, AH@, A®K, Tcal oxi xb ABTJE Ttolvyavov

TtQog x6 ZH0KA Ttokvyavov dinkaaCova loyov exei

TJTteQ 7] oiLokoyog nkevQa TtQ^g xr]v o^oXoyov TtXsvQccv,

xovxe6XLv 7] AB 7tQ6g X7]v ZH.
10 'E7te^evx^(06av yaQ ai AF, Z@. Tcal iicel dia xrjv

o^OL6xr]xa xcav noXvycovcov l'6rj e6t\v 7) V7t6 ABF yavCa

trj V7t6 ZH@, xaC iaxLV (og tj AB 7tQ6g BF, ovxog 7] ZH
7tQ6g H@, i6oyc6vi6v iaxc x6 ABF xQCyavov xa ZH®
XQiycova' l'6r] ccQa icxlv 7] ^hv V7i6 BAF ycavCa xrj V7t6

15 HZ@, 7] de V7t6 BFA xrj V7t6 H@Z, xal i^tel l'6r] iaxlv

7] V7t6 BAM yovCa xfj V7t6 HZN, icxL 8\ Tcal 7] V7t6

ABM xf] vTch ZHN l6r], xal XoL7t7] ccQa 7] V7i6 AMB
XoL7tf] xfi V7t6 ZNH l'6r] i6xCv' C6oycovLOv aQa i6x\

x6 ABM XQCycovov x<p ZHN XQLycovc), ofioCog 67]

20 deC^o^ev, oxl xa\ x6 BMF XQCyovov C^oycivLov i6XL

xo HN@ XQLycjvo. avdXoyov ccQa i6xCv, cog filv 7]

AM 7tQ6g MB, ovxog tj ZN 7tQ6g NH, cog de tj

BM 7tQ6g MF, ovxog 7] HN 7tQ6g N®' o6xe xal

dt' [60V, cog 7] AM 7tQ6g MF, ovxog 7] ZN 7tQ6g

2. diuLQSLtaL qp. slg] om. BV. 5. ABE] E in ras. P.

avtcov] sic qp, sed avtOLg F. 6. A@K] SKA F, ort]

-t in ras. P. 7. noXvyoivov] -vov sustulit lacuna pergam.,
supra scr. tw m. 2 F. 12. xiiv BF BFVp. 13. triv H@ V.

iati] uQcc iatL F. 14. i'Gri] -r] in ras. P. BAF] ABT F.

15. HZ@] H corr. ex*Z p; ZH& F. H@Z] &HZ F.

16. BAM] PVp, B m. 1; "^'BMF; ABMB m. rec. HZN]
ZHN in ras. m. 2 B. ^otL] P; iSsCx^r} Theon (BFVp).
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ABFJEj ZH®KA in triangulos et similes et aequales

numero diuisa sunt.

dico, eos etiam totis correspondere, h. e. ita ut

trianguli proportionales sint et praecedentes ABE,
EBFj EF/I et eorum termini sequentes^) ZHA,AH®,
A@K, et praeterea polygona rationem duplicatam

habere quam latera correspondentia, h. e. esse

ABTAE : ZH®KA == AB^ : ZH\
ducantur enim AF, Z®. et quoniam propter

similitudinem polygonorum est L ^BF = ZH®, et

AB: Br== ZH: H®, erit AABF aequiangulus trian-

gulo ZH@ [prop. VI]. itaque L BAT = HZ® et

L BTA = H®Z. et quoniam L BAM = HZN et

L ABM= ZHN [p. 132, 13], erit etiam L AMB
= ZNH \\, 32]: quare A ABM aequiangulus est

triangulo ZHN similiter demonstrabimus, etiam

A BMF aequiangulum esse triangulo HN®. itaque

AM:MB = ZN: NH, BM:Mr= HN:N& [prop. IV].

quare etiam ex aequo AM: MF= ZN : N® [V, 22^

1) In avr(ov lin. 5 nonnihil offensionis est; sed cum ino-
fisvcc idem sit ac oqol EnofievoLy genetiuus ferri potest. et

additum uidetur uocabulum, ut significetur, ZHA esse ter-

minum sequentem trianguli ABE, AH& autem trianguli

EBr, yl07irautem trianguli EFJ. ceterum commemorandum
est, tum demum adparere, triangulos totis (h. e. polygonis
ABFJE, ZHOKA) correspondere, cum demonstratum erit,

esse ABTJE : ZH0KA = AB^ : ZH\ h. e. = ABE : ZHA
« EBF: AH@ = EFJ : A@K.

17. ABM] mutat. in BAM m. 2 B. ZHN] mutat. in

HZiV m. 2 B. AMB] ABM punctis supra A et M deletis F.

20. iOTiv F. 21. 7} (lEv p. 22. AM] M corr. ex B m.
2 V. Tijv MB V. NH] N in raa. m. 2 V. 23. ovTcog

%a£ p.
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N&. «AA' to? rj AM TtQog MF, ovtcjg tb ABM
[tQLycovov] TCQog t6 MBF, xal to AME nqog to

EMF' TiQog akXrjka yaQ h6lv cog aC ^dastg, xal (hg

aQa sv t(3v rjyov^evcov TtQog h'v tav ino^svov, ovtcog

5 anavta ta rjyovfieva TiQog anavta ta ino^ava' (hg

uQa tb AMB tQiycovov TtQog tb BMF, ovtcog tb

ABE TiQbg tb FBE. «AA' (og tb AMB TiQbg ro

BMFy ovtog rj AM nQog MF' xal (hg ccQa rj AM TtQbg

MFf ovtog tb ABE tQtycovov nQbg ro EBF tQLycovov.

10 dta ta avta drj xal cog rj ZN TtQbg N&, ovtajg ro ZHA
tQlyovov TtQbg ro HA@ tQiycovov. xaC ictiv (bg rj AM
TtQbg MFj ovtcog rj ZN TtQbg N@' xal (og aQa tb ABE
tQiyovov JtQbg ro BEF tQcycsvov, ovtcog tb ZHA
tQiyovov JtQbg ro HA& tQCyovov, xal ivakka^ (og

15 ro ABE tQCycjvov JtQbg ro ZHA tQCycovoVj ovtog

ro BEF tQCycsvov itQbg ro HA® tQCyovov. b^oCog

8rj dsClo^av imlsvxd^snSov rc5r 5z/, HK, oti xal

cog tb BEF tQCyovov TtQbg ro AH@ tQCyovov,

ovtog ro EFA tQCyovov XQbg tb A0K tQCyovov.

20 xal insC ictiv og tb ABE tQCyovov JtQog tb ZHA
tQCyovov, ovtog ro EBF TtQbg tb AH®, xa\ stt, ro

EFA TtQbg ro A@K, xal (hg aQa ^v rcor rjyovfisvov

TtQbg ^v rcor ino^svoVy ovtog anavta ta rjyov^sva

jiQbg anavta ta ino^sva' iattv ccQa (x>g tb ABE
25 tQCyovov nQbg ro ZHA tQCyovov, ovtog tb ABFAE

nokvyovov n^bg ro ZH®KA nokvyovov. dXXa ro

ABE tQCyovov n^bg tb ZHA tQCyovov dtnXaeCova

Xoyov i^SL rjnsQ rj AB b^oXoyog nXsvQcc n^bg trjp

ZH oftdAoyor nlsvQav td yaQ ofioia tQCyova iv

1. cog iiiv P. ovTcog xat p. 2. TQiyavov'] ora. P.

ngog t6 MBF, hccl t6 AME'] mg. m. 1 om. priore t6 P.



ELEMENTORUM LIBER VI. 137

sed [prop. 1] AM : MF = ABM : MBF = AME
: EMF'^ nam eandein inter se rationem habent quam

bases. itaque etiam ut unus terminorum praecedentium

ad unum sequentium, ita omnes praecedentes ad

omnes sequentes [V, 12]. itaque AMB :BMr==ABE
: FBE. sed AMB : BMF= AM : MF. quare etiam

AM: MF= ABE : EBF, eadem de causa erit etiam

ZN : N@ = ZHA : HyW. et AM : Mr= ZN: NS,
quare etiam ABE : BEr= ZHA : HA@, et permu-

tando [V, 16] ABE : ZHA = BEr: HA0. similiter

demonstrabimus ductis BA, HK, esse BEF: AH®
= ErA:A0K. et quoniam est ABE:ZHA= EBT
: AH® = EFA : A@K, erit etiam, ut unus termi-

norum praecedentium ad unum sequentium, ita omnes

praecedentes ad omnes sequentes [V, 12], itaque

ABE:ZHA= ABrAE:ZH®KA. sedABE:ZHA
= AB^ : ZH^'^ nam similes trianguli duplicatam inter

To'] om. P. 4. aQu] om. V. 8. triv MF V. 9. r^v
Mr V. 10. iV(9] N in ras. B; H@ cp (non F); rrjv N0 V.

11. rd] om. P. 12. trjv MF BFVp. triv N@ FV. 14.

HA@] corr. ex H@A m. 2 V. 16. BEF] EBFY. HA@]
mutat. in AH@ m. 2 V. 18. BEF] P, V m. 1 ; EBrBFp,
V m. 2. 19. ETJ tqCyoivov] P; EFJ Theon? (BFVp).

20. xal l«ft fffTtv tog] mg. m. rec. P.
^^

25. Z Jf^] 'H"Z^ F.

Post ovTcog eras. Trpo'? V. 29. yaq] kqcc (p.
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diitlaGCovL X6y(p i0xl tcoi/ oiioXoyciv TtkevQCJV. ^al

ABFJE aQa TtoXvyavov itQog xo ZH&KA Ttokvya-

vov dinkaaiova koyov sx^t ^'jre^ r] AB o^oXoyog

jtXevQa XQog xr^v ZH o^oXoyov TtXevQav,

5 Ta aQa o^ota Ttolvyova elg xe ofiota XQcyova

diaiQeixai, xal elg iOa x6 Jtkijd^og xal o^oXoya xotg

oXoig, xal xo nolvytovov TtQog xb Ttolvycavov diTtXa-

6i0va Xoyov e^ei rjiteQ rj ofioXoyog TtXevQa TtQog xrjv

ofioloyov TtkevQav [oTteQ edei det^ai].

10 noQi6na.
'Slaavxcag de xal inl Tcor {o^oicov] xexQanlevQOv

deix^ri^exai^ oxi iv di7tla6iovi koyci sial xcov ofiO'

koyav nXevQcov. ideix^rj de xal inl xcov XQiycsvov*

S6xe xal xad^oXov xa o^oia evd-vyQa^fia (^XT^^ccta

15 nQog aXXrjXa ev dtnXaaiovi Xoyco eicl xmv ofioXoycjv

nXevQCJv. oneQ idei det^ai.

[HoQi^^a /3'.

Kal iav xmv AB, ZH XQixrjv dvdXoyov Xd^a-

fiev xr^v iSly rj BA nQog xrjv ^ dtnXaaiova Xoyov

20 ix^^ r\neQ rj AB nQog xr]v ZH. ^x^i d\ xal xb

noXvycavov n^bg xb noXvycavov r} xb xexQanXevQOv

nQbg xb xexQanXevQOv dinXaaiova Xoyov rinsQ rj ofio-

Xoyog nXevQcc n^bg xrjv ofioXoyov nXevQav, xovxe6xiv

rj AB nQbg xrjv ZH ideix^r} 8e xovxo xal inl xdov

25 XQiycivcov m6xe xal xad^oXov cpaveQOv^ oxi, idv XQetg

evd^etai dvdXoyov co6iv, e6xai wg rj nQcoxrj n^bg xrjv

XQixrjv, ovxcog xb dnb xrjg nQcoxrjg eldog n^bg xb dnb

xrjg devxeQag xb ofioiov xal ofioiog dvayQacpofievov.]

1. iaziv F. 2. noXvyoivov] (alt.) noXvyovov p. 7. noXvyoi-

vov] (alt.) noXvytovLov cp. 10. noqiGfia] om. PBV; xa' Fp. 11.

4
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se rationem habent quam latera correspondentia

[prop. XIX]. quare etiam

ABr^E : ZH@KA = AB'' : ZH^.

Ergo similia polygona in triangulos et similes et

aequales numero et totis correspondentes diuiduntur,

et polygonum ad polygonum duplicatam rationem

habet quam latus correspondens ad latus correspondens.

Corollarium.

Et similiter etiam in quadrilateris demonstrabitur,

ea duplicatam rationem habere quam latera correspon-

dentia; et idem in triangulis demonstratum est. quare

omnino similes figurae rectilineae inter se duplicatam

rationem habent quam latera correspondentia. — quod

erat demonstrandum.

aiGavx(oq\ d>- m. 2 V. 6fioi(ov'\ supra m. rec. P. 12. staiv F,

iari Bp. 15. sial] PV, F m. 2, p; slaiv B; sari F m. 1.

IQ. onsQ sdsi dsC^cci] P; om. Theon (BFVp). Totum co-

roUarium om. Campanus. 17. noQiafia ^'] om. codd., seq.

cum coroll. priore coniunctis. lin. 18—28 in mg. inferiore m. 1 P
pro scholio, signo ^ huc relatum. 18. ZifJ JFf in ras. F.

19. rijv S] seq. ras. 1 litt. V; corr. ex t^i NS F. rj BA]
e corr. F. ^l post ras. F, ante ras. V (1 litt.). 20. AB]
BA F. 21. rj] corr. ex tiul m. 2 V; om. Bp. 23. nXsv-
Qocv] P, om. BFVp. 25. noQiaficc mg. BVp. xat ^avsQov p.

27. slSog] sequente ras. 1 litt. qp*(uestigia sunt syllabae

-ov F). TCQog] supra V. 28. Sequitur aha demonstratio
secundae partis propositionis

,
quae u. in appendice.



140 STOIXEISiN g'. 1
Ta rc5 ccvra evd-vyQcc^^o) o^oia xa\ akkr^-

koig iotlv o^oia.

"E6XC0 yccQ exdt£QOv tcjv A^ B evd^vyQd^i^cov tc5

5 r o^oLOV kiyca^ oti xal to A ta B iettv o^olov.

Ejtel yccQ o^olov i6tL to A ta F, iCoycovLov

ti ictLV avta xal tag jteQl tdg i'6ag yoviag nXev-

Qag dvdXoyov e^eL. ndXLv^ ijtel o^olov i6tL ro B
ta r, L^oycovLOv te i6tLV avta Tial tdg neQL tdg

10 l6ag ycovCag jtXevQag dvdkoyov e^eL. exdteQOv aQa

tcov A, B t(p r i^oycovLov te i6tL aal tdg TteQl tdg

l'6ag ycovCag nXevQag dvdkoyov exeL [d}6te xal jo jOM
ta B L^oycovLov te i6tL xal tdg TteQl tdg i'6ag yco-

vCag TtXevQag dvdkoyov exeL'], o^olov aQa i6tl ro A
15 TM B' oTteQ ideL det^aL.

'Edv te66aQeg ev^etaL dvdkoyov co6lv, xal

T« dn avtSv evd^vyQafifia o^olcc te xal ofioCosg

dvayeyQa^^iiva dvdkoyov e6taL' xdv td dn
20 avtoiv ev^vyQa\i\ia o\iOLd te xal o^ioCag dva-

yeyQa\ifieva dvdkoyov ij, xal avtal aC evd-etac

dvdkoyov e6ovtaL.

"E6tGi6av te66aQeg ev^etac dvdkoyov cd AB, FA,

1. xa'] m. 2 V; yiy' Fp. 4. tc5 T] t6 F BF, p, sed
corr. m. 1. 6. ianv ofioiov V. 7. ytoviag] supra F. 8.

ndXiv iTtEL] in ras. m. 2 F. ictiv cp. 9. Igtiv avT<p ] iati F.

11. Tf] om. V. 12. icag] supra m. 1 V. ooGts v,al to
A—U:dvdXoyov exsi] Theon? (BFVp); om. P. 14. t6 A
Ta> B] Pp, Vm. 1; t6 B tc5 ^ B; tco B to A Y m. 2; t6 A
To A Tco B F m. 1; t6 b' Tc5 yi Tw B F m. 2, del. tw JB.

Deinde propositionem repetit Augnstus, ut fieri solet. ' 16.
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XXU)
Quae eidem figurae rectilineae similes sunt figurae,

etiam inter se similes sunt.

Sit enim utraque figura rectilinea

A, B figurae F similis. dicO; etiam

figuras ^; B similes esse.

nam quoniam A figurae F similis

est, et aequiangula est ei, et latera

aequales angulos comprehendentia pro-

portionalia habent [def. 1]. rursus quo-

niam B figurae F similis est, et aequiangula est ei, et

latera aequales angulos comprehendentia proportionalia

habent [def. 1]. itaque utraque figura ^, B et aequi-

angula est figurae F, et latera aequales angulos com-

prehendentia proportionalia habent. quare A ^ B
[def. 1]; quod erat demonstrandum.

XXII.

Si quattuor rectae proportionales sunt; etiam

figurae rectilineae in iis similes et similiter descriptae

proportionales erunt; et si figurae rectilineae in iis

similes et similiter descriptae proportionales sunt,

etiam ipsae rectae proportionales erunt.

Sint quattuor rectae proportionales AB, F^, EZ,

1) Nam coroll. 2 p. 138, 17—28 Theoni uidetur deberi; u.

p. 131 not. 1-, om. Campanua (sed is quidem etiam coroll. 1

omisit) , et in B adscribitur mg. m. rec. sv cclXm ov yQurpEtai

Tovro.

«P'] x^' p 6t P, sed corr. m. rec. 17. mOLv] P et B, sed v
eras.; «at FVp. 23. svd-eia. F.
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E^EZ^ H&, G>s rj AB TtQog xriv F^, ovtcog rj

TtQog tijv H0, xal dvaysyQcc<pd-c)6av dno ^lv tdov

AB^ TA o\LOid ts xal ofiOLCjg KsC^sva svd^vyQa^^a

td KAB^ AFJ^ dno ds tcav EZ, H@ o^ocd ts xal

5 ofiOLOg xsLiisva svd^vyQa^^a td MZ, N®' Ksym^ ort

s&tXv 6g tb KAB JtQog tb AT^^ ovtag tb MZ
TtQbg tb N0.

Eikri<p^c} yaQ tcov fisv AB^ TA tQctrj dvdXoyov

rj S, t(5v ds EZ, H0 tQCtrj dvdkoyov rj O. zal

10 STtsC iatLv mg (ilv rj AB TtQbg trjv TA^ ovtag rj

EZ TtQog trjv H0, 6g ds rj TA jtQbg trjv ^, ovtog

rj H& TtQbg trjv O, 8i l'6ov ccQa s0tlv G>g rj AB
TtQbg trjv ^, ovtcag rj EZ %Qbg trjv O. «AA' (og ^sv

rj AB TtQbg trjv S, ovtog [xal] tb KAB TtQbg tb ATA,
15 cog ds rj EZ TtQbg trjv O, ovtcjg tb MZ JtQbg tb

N®' xal cog ccQa tb KAB TtQbg tb ATA, ovtcog tb

MZ TtQbg tb N&.
'AXXd drj s0tco (hg tl KAB jtQbg tb ATA, ov-

tcog tb MZ TtQbg tb N@' Xsyco, oti s6tl xal cog rj

20 AB TtQbg trjv TA, ovtcog rj EZ TtQbg trjv H&. sC

yaQ iLiij ietLV, cog rj AB TtQbg trjv T^, ovtcog rj

EZ TtQbg trjv H0, i6tco 6g rj AB TtQbg trjv TA,

ovtcog rj EZ TtQbg trjv HP, xal dvaysyQacpd^co ditb

trjg HP oTtotsQG) tcov MZ, N® o^olov ts xal b^oCcog

25 xsC^svov svd-vyQa^^ov tb EP,

'EtcsI ovv iativ d)g rj AB TtQbg trjv T^ , ovtcog

1. ABI B supra m. 1 P; postea insert. F. EZ] in ras.

m. 2 V; ZE Fp. 2. dvaysyQcctpcoGuv p. 5. MZ] Z e

corr. F. Post otl ras. 2 litt. F. 6. ATJ] litt. ^r in ras. m.
2 V. 11. rj] J eras. V. 13. EZ] e corr. Ytp. 14. xat]

om. P. ATJ] litt. AF in ras. m. 2 V, FAJ p. 16. Kal cog j
dQd — 17: ro N@] om. BVp. 16. AFJ] FAJ tp. 18..

'^|



ELEMENTORUM LIBER VI. 143

if0, ita ut sit AB.FJ-^-^EZ: H0,
et in ABf F^ similes et similiter

positae figurae rectilineae descri-

^ B r A bantur KAB, AFA, in EZ, H®
I J ^j—i autem similes et similiter positae

J^
—^ jg^ l^

figurae rectilineae MZ, N®. dico,

esse KAB : AFA = MZ : N&.
Sumatur enim rectarum AB, FA tertia propor-

tionalis ^, rectarum autem EZy H& tertia

S'—' proportionalis O [prop. XI]. et quoniam est

E AB:rA = EZ:H0 et rA:S = H®: O^),

JL P ex aequo erit [V, 22] AB:S=EZ:0. sed
^-^AB:S= KAB : AFA [prop. XIX coroll.] et

EZ:0 = MZ : N0 [id.]. itaque etiam

KAB : AFA = MZ : N@.

Uerum sit KAB : ATA = MZ : N®. dico, esse

etiam AB : FA = EZ : H&. nam si non est

AB : TA = EZ: H@, sit AB^TA = EZ: UP
[prop. XII], et in HP utrique MZ, N@ similis et

similiter posita construatur figura rectilinea ZIP

[prop. XVIII et XXI].

lam quoniam est AB : FA = EZ : HPj et in AB^

1) Nam ex hypothesi eet AB : TJ = TJ : ISI et EZ : H@
H@ : O; et AB : rj = EZ : H@.

ATJ] FAJ F. 19. To'] (prius) eras. F.^ iaT^v PB; comp. p.

20. 8t yccQ (iri iatLV, mg 7} AB TCQog xrv FJ, ovtcog r) EZ
nQog xriv H0] mg. m. 1 P; om. Theon (BFVp). 22. ^atca

ag rj AB TtQog tijv FJ, ovtcog ij EZ TCQog trjv TLP xal ava-
ytypaqpO^o)] P; yiyovitoa yccQ ag %tX. Theon (BFVp), P mg.
m. rec. 23. avaysyQuq)'" p. 24. onotsQa (p (non F). 25.

tv^vyQaanov] om. BFp.
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rj EZ JtQog rr]v nP, xal avayiyQaTtrai ano ^ev

rmv AB^ JTz/ o^olcc ra xal o^occog xst^sva ra KAB,
AF^^ ano de rcjv EZ, JJP ofiotd re xal b^oCag xeC-

lieva ra MZ, 2JP, e6rLv aga (og ro KAB JtQog t6

5 AFA, ovrog t6 MZ TCQog ro 2JP, vitoKeirai 8e xal

wg ro KAB TtQog ro AFA, ovrcog t6 MZ TtQog t6

N®' xal (og aQa to MZ TiQog ro ZJP, ovrojg t6 MZ
TtQog rb NS. rb MZ ccQa JtQbg exdreQov rcov N@,
ZP rbv avrbv exei koyov l'6ov ccQa i6rl rb N@ ra

10 2JP. ecrt 6e avra xal oholov xal b^oCcog xei^evov

^67] ccQa ri H® rfj 11P. xal eTtet ioriv mg t} AB
TiQbg rr}v FA, ovrcog rj EZ TtQbg rrjv 11P, l'6rj dl r^

UP rrj H@, eCrLv ccQa dyg r] AB itQbg rrjv PA, ov

rog rj EZ TtQog rrjv H@,
15 'Eav ccQa reOCaQeg ev^etaL dvdXoyov o)0lv, xa\

rd dn avrdov evd-vyQafi^a oftota re xal b^oCoog dva-

yeyQa^^eva dvdXoyov e6raL- xav rd diC avrcov ev-

d"vyQa^lia oftota re xal b^oicog dvayeyQafi^eva dvd-

Xoyov rj, xal avral at evd-etai dvdkoyov ^6ovrav'

20 OTieQ edei deli,aL,

\"Ori dij idv evd-vyQa^^a l'6a fi xal ofiOLa, aC

b^oXoyoL avrcov nXevQal taat dlXrjXaLg eCcCv, deC^o^ev

OVTfOg.

25 "Earco l'6a xal ofiOLa ev^vyQa^^a rd N@, 2JP,

xal e6rco 6g rj @H JtQbg rrjv HN, ovrcog rj PU itQbg

rrjv nU' Xeyco, OTt tarj iarlv r PU rrj @H.
EC yaQ dvL6oC eCCLV, fiCa avrcov ^eC^cov iarCv.

al

.2. KAB, AFJ] B, AF litt. in ras. m. 2 V. 3. Post
IIF duae litt. del. m. rec. P. 7. iV0] in ras. m. 1 P. ZP]
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Fz/ similes et similiter positae descriptae sunt KAB,
AT/1, in EZ, 11P autem similes et similiter positae

MZ, EP, erit KAB : AFA = MZ : SP [u. supra].

sed supposuimus, esse etiam KAB: AF^= MZ:N&,
itaque MZ : EP= MZ : N&. itaque MZ ad utram-

que N0, ZP eandem rationem habet. quare N0 = EP
[V, 9]. uerum etiam ei similis est et similiter posita.

itaque H®= UP}) et quoniam est AB:rA= EZ : 77P,

et nP= H®, erit AB:rj = EZ: H®.
Ergo si quattuor rectae proportionales sunt, etiam

figurae rectilineae in iis similes et similiter descriptae

proportionales erunt; et si figurae rectilineae in iis

similes et similiter descriptae proportionales sunt, etiam

ipsae rectae proportionales erunt; quod erat demon-

strandum.

1) Nam cum N@ : SP = H@^ : np^ [prop. 20] et

N@ = 2P, erit JTP^ = H02. ^i, e. nP = H@.
et hoc ipsum uia indirecta in lemmate ostenditur; sed cum a
ratione Euclidis abhorreat, eius modi res postea demum demon-
strare nec suo loco in demonstratione insertas, puto, lemma
subditiuum esse (sed Theone antiquius est); om. Campanus,
nec res propria demonstratione eget.

corr. ex EPP, in ras. V; supra hoc uocabulum et proxime
sequentia in V ras. est. MZ] in ras. V; Z insert, m. 1 F.

8. NG] in ras. Y. 9. Xoyov h%Bi p. ^gxlv P, comp. p.
10. avto p. 11. uqu] supra add. xat m. 2 comp. F; uqu
IgtCv V. 15. (oGi V. 16. avaysyQccyiyiEvci] seq. in»ert. in
ras. m. 1 F. 18. v.ai] m. 2 V. 21. il^aua] ^.b' p et 8

eraso F; m. rec. PBV. 22. Ss] m. rec. P. " ^] om. V.
Post oyLOiu add. V m. 2: hxiv. 23. ikC BFVp. 8si^oyi,Bv]

corr. ex 8sC^(ofiev m. 1 P. 25. td] e corr. V. iV6), 2P]
inter iV et ras 1 litt., item inter 2: et P V. 26. PJT]
mutat. in HP m. 2 V; 7TP Bp. 27. tvjv] om. F. 28.

uviaog V. stGiv] PB; slai Fp; iativ V.

Enclidei, edd. Heiberg et Menge. 71. 10
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e6t(0 fiSL^cov 7] Pn rrig @H. xal ijteC ietiv (og rj

Pn TCQog nUy ovrtog rj ®H JiQog trjv HN., xal

ivaXXcc^, 6g ^ PU TtQog trjv ®H, ovtcjg 17 HU TtQog

triv HN, ^eCloDv de rj UP trig ®H, ^eC^ov a^a

5 Kal rj nU trjg HN' Sete xal ro PZ! fiet^ov i0ti tot)

®N, aXXa xal taov oneQ advvatov. ovx aga aviGog

iativ rj HP tri H&' 1'6tj aga' oiteQ edet dftlat.]

ny .

Ta leoycovLa TtagaXXriXoyQaii^a TtQog aXXrjla

10 Aoyov ix^'' '^^'^ 6vyxeC[ievov ix tmv TtXevQcov.

"E6to CeoycjVLa JtaQaXXrjXoyQafi^a ra AF, FZ larjv

k'xovta trjv vjto BF^ ycovCav trj vito EFH' keyco,

otL tb AF naQaXXriX6yQa^}iov JtQog t6 FZ TtaQaXXrj-

X6yQa[i^ov X6yov e^eL roi' 6vyxeCfLevov ix tov jtXevQcov.

15 KeC6d-co yaQ o&te iit ev%eCag elvat tr\v BF tfj

FH in evd-eCag aQa iatl xal rj z/F trj FE. xal

Ov^TteTtXrjQCJ^d^co ro z/if 7taQaXXrjX6yQa^nov , xal ix-

xeCed^o tLg evd-eta rj K, xal yeyoveto og ^hv rj BF
TtQog trjv FH, ovtag rj K JtQog trjv A, og dl rj ^F

20 TtQog trjv FE, ovrog rj A JtQog trjv M.

Ot ccQa X6yoL trjg te K fCQog trjv A xal trjg A
TtQog trjv M ot avtoC eCdL totg X6yoLg rcoi' TtXevQoVf

tijg te BF JtQog trjv FH xal trjg AF TtQog trjv FE.

aXX' 6 trjg K JtQog M X6yog CvyxeutaL ex te rov

25 trjg K TtQog A X6yov xal tov trjg A TtQog M' o6te

xal rj K TtQog trjv M X6yov e^eL tov CvyxeC^evov

XXIII. THeon in Ptolem. p. 235. Eutoc. in ApoUon. p. 32,

id. in Archimed. III p. 236, 23.

i

1. fieC^cov — 4: (isi^cov aQu] insert. in ras. F. 1. P77] JTPP.

2. PJT] nP P. rrjv 112 Y. TtQog triv] TtQog BFp. 3.
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XXIII.

Parallelogramma aequiangula inter se rationem ex

rationibus laterum compositam habent.

Sint parallelogramma aequi-

angula AF, FZ habentia

L BFzl = EFH.
dico, parallelogramma AFj FZ
rationem ex rationibus^) late-

rum compositam habere.

ponantur enim ita, ut in

eadem recta sint BFj FH. itaque etiam z/jT, FE in

eadem recta sunt. et expleatur parallelogrammum

zJH^ et ponatur recta K, et sit

Br'.rH = K'.A et Ar'.rE = A:M.
itaque rationes K : A et A : M eaedem sunt ac

rationes laterum, Br^TH et AF^rE. sed K:M
= K : A X A : M. quare K Sid M rationem ex ratio-

nibus laterum compositam habet. et quoniam est

1) '£>t rtov TiXsvQoov per totam propositionem neglegentius
dicitur pro itt Tmv tmv nXsvgmv (Adycov); sed cum semper ita>

in codicibus traditum sit et idem apud Theonem et Eutocium
seruatum sit, de errore librarii cogitandum non est.

PJI] nP P. xriv] om. BFp. ovtmg] om. BFp. 4. trjv']

om. BFp. JTP] P, V m. 1; PJT Bp, V m. 2, F? (iSL^mv

uQu] bis p, 5. fiSL^cov F. Q. &N] N e corr. m. 2 V,
eras. F. 7. H0] @H P. ccqu sotlv P. 8. jtg' p et deleto

9 F. 11. l'aov V, corr. m. 2. 12. EFH] mutat. in EF© B.

13. rZ] in ras. m. 1 V. 14. nXsvQcov] P; nXsvQwv tov
ts ov sxsi Tj BF (corr. ex FB p) nQog FH {tri FH V, FH
mutat. in r& B) kccI tov ov k'xsL ri zlF nQog FE {trjv TE V)
Theon (BFVp). 16. FH] mutat. in T® B. sotCv B. 17.

JH] mutat. in z/0 B. 18. K] post ras. 1 litt. F. 19.

FH] mutat. in r© B. 21. -rrjvj om. BFp. 22. triv] om.
BF^. slaiv PF. 23. triv] ora. Bp. VH] mutat. in F© B.

TTjVj om. Bp.

10*
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ix tcjv TtXevQ^v. xal BTCeC ictiv (og tj BF tcqos t^v

FH, ovtag to AF 7taQakh]l6yQa^^ov TtQog to JT©,

aAA' ag rj BF TtQog trjv FH, ovrog r; K JtQog trjv

A, xal cog aQa 7] K TtQog trjv A, ovtog to AF TtQog

6 tb rS. Ttahv, iTtEL iativ mg r} AF JtQog trjv FE,
ovtODg to r& 7taQaX?.ri?.6yQa^^ov ^tQog to FZ, aAA'

cag rj ^r JtQog tr]v FE, ovtag rj A TtQog trjv M,
xal (Dg ccQa rj A TtQog tr^v M, ovrcog to FS itaQallrilo-

yQau^ov JtQog tb FZ 7taQalXriX6yQa^fiov. iitsl ovv

10 ideix^^^ ^? ^^^'^ V K TtQbg trjv A, ovtcag tb AF naQak-

Xri?.6yQafifiov JtQog tb F® naQaXkrjX^yQa^nov, (og dh rj

A TtQog trjv M, ovtog tb F® jtaQaXXrjXbyQafifiov TtQbg

tb rZ TtaQakXrjkbyQa^^ov , 6l i'6ov ccQa iatlv (og rj

K TtQbg trjv M, ovtcog tb AF TtQbg tb TZ 7taQaklrjX6'

15 yQcc^fiov. rj de K TtQbg trjv M koyov k%BL tbv avyxeC-

fievov ix tcov 7tXevQ(ov' xal tb AF aQa 7tQbg ro FZ
X6yov ix^L tbv 6vyxeL^evov ix tcov TtkevQcov.

Ta ccQa iaoycovia 7taQaXXr}X6yQay.fia 7tQbg aXXrjXa

k6yov M%eL tbv 6vyxeL^evov ix rc5i/ TtkevQav oTteQ

20 ^6eL deii,aL.

xd\

Havtbg ^taQakXrjkoyQdfifiov ta 7CeQl trjv dLcc-

^etQov jtaQaXkrjXbyQafi^a ofiOLoc i6tL rc5 te

oXoj xal akkrikoLg.

25 ^Eoto 7taQakkrjk6yQa^^ov tb ABFA, dLccfietQog de

avtov rj AF, TteQl de trjv AF 7taQakkr]k6yQa^^a eOta

ta EH, ®K' keyo, oti exdteQov tmv EH, @K 7taQakkrj-

koyQcxfi^cov oftotoV idtL okcp rc5 ABFA xal dkkiqkoLg.

1. xrv\ m. 2 F. 2. FH] mutat. in r@ B. F®]
mutat. in FH B. 3. 77] om. p. triv] om. BFp. Tif]
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Br\rH= Ar.re [prop. i], et Br:rH= k.j,
erit etiam K : A = AF -. F®. rursus quoniam est

^r:rE= r@: rZ [prop. II et ^r:rE= A:M,
erit etiam A : M= F® : TZ. iam quoniam demon-

stratum est, esse K: A = AT:T& et A : M= T@
: TZ, ex aequo [V, 22^] erit K:M=AT:TZ. sed

iC ad M rationem ex rationibus laterum compositam

habet. quare etiam AT ad TZ rationem ex rationi-

bus laterum compositam habet.

Ergo parallelogramma aequiangula inter se ratio-

nem ex rationibus laterum compositam habent; quod

erat demonstrandum.

XXIV.

In quouis parallelogrammo parallelogramma cir-

cum diametrum posita similia sunt et toti et inter se.

Sit parallelogrammum ABTJ, diametrus autem

eius ATj et parallelogramma circum AT posita sint

EH, &K. dico, parallelogramma EH, ®K similia

esse et toti ABTA et inter se.

mutat. in F® B. 4. to'] 17 p. AF^AKq corr. V; T
mutat. in z/ m. recentissima p. 5. ro] xriv p. P0] mutat.
in m B; r mutat. in z/ m. recentiss. p. 6. P©] mutat.
in TH B. 7. ttJv] om. BFp. zriv'] om. P. 10. 17

fi£v p. 11. P0] mutat. in m B. rf\ xo (p (non F).

12. r©] mutat. m E@ F, in FH B. 14. AT] PV; AF
TcaQaXlrjXoyQafi^ov Bp et comp. F. In figura litterae H,
in B permutatae sunt a m. 1, sed mutationes in textu huc
Bpectantes a m. 2 uidentur esse. 16. aqa] m. 2 V. 17.

avyy.SLfiivoav P, corr. m. 1. 21. x^' Fp. 23. iaxiv PB;
comp. p. 27. EH] (alt.) in ras. F. 28. ioxiv PBF;
comp. p. oXo)] m. 2 V.
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'Etcsl yccQ XQiycovov rov ABF Ttagcc iiiav tcov

^XsvQCDV rriv BF yixtai r} EZ, avaloyov iativ ag

7] BE TtQog trjv EA, ovtcog ij FZ TCQog trjv ZA.

TtccXLv, sTtsl tQiymvov tov ATA naQcc ^iav trjv F/i

5 rimai rj ZH, dvdXoyov i6tLv (ag rj TZ itQog trjv

ZA, ovtcjg rj ^H itQog trjv HA. dlk' 6g 7] TZ
TtQog tr]v ZA, ovtog idsLX^T] xal rj BE TtQog tr]v

EA' xal G>g ccQa i] BE JtQog tr]v EA, ovrcjg rj

^H TtQog tr]v HA, y.al Cvvd^svtL ccQa cog r] BA itQog

10 AE, ovtog r] /4A TtQog AH, xal ivalXd^ (og r] BA
TtQog trjv A^f ovtcog r] EA itQog tr]v AH. tcsv

ccQa ABTzt, EH 7taQaXlr]loyQd^nov dvdloyov eiaiv

ai jtXsvQal ai jtsQL tr]v KOLvr]v yovCav t7]v VTto BAA.
xal iitsl 7taQdkkr]k6g iotLV r] HZ tf] ^dT, l'0r] iatlv

15 r] ^sv vTto AZH yovCa trj VTtb ^TA' Tcal xoLvi]

tov dvo tQiyovov tcov A^T, AHZ r] vtco AAT
yovCa' ieoyovLOv ccQa iotl to AAT tQCyovov tc5

AHZ tQLycovo. dLcc td avtd di] xal ro ATB tQCyo-

vov CeoyovLov i6tL to AZE tQLydvo, xal oXov to

20 ABTJ 7taQaXXr]k6yQa^^ov to EH 7taQaXh]loyQd^fio

CaoycovL^v iotLV. dvdXoyov ccQa i6tlv og r] AA TtQog

tr]v z/F, ovtog r] AH TtQog tr]v HZ, cog ds r] AT
TtQog trjv TA, ovtog r] HZ JtQog tr]v ZA, 6g ds r]

AT TtQog tr]v TB, ovtog r] AZ Ttgbg tr]v ZE, xal

25 hL 6g 1] TB TtQbg ti]v BA, ovtog r] ZE itQbg tY]V EA.

2. zriv] in ras. m. 2 V, corr. ex t^ m. 2 P. EZ] HZ
m. rec. p. 3. BJE?] mutat. m BH m.' rec. p. Ey4] mutat.

in HA m. rec. p; B/1 cp. 4. ATJ^ PF, V m. 1; AJT
Bp, Y m. 2. 5. ZH] mutat. in ZE m. rec. p. 6. JH']
mutat. in z/E m. rec. p. 8. EA] (prias) Ez/ qp (non F). Seq.

in p: ovt(os r] JH Ttgos rr}v HA hccl cvvd-ivtL agoc, del. m. 1.

ovtmg xat p. 9. ccqo] om. P. 10. trjvAEY. ovtcog]

om. BFp. triv AHY. BA] AB p. 12. ccqo] P; om.
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nam quoniam in triangulo ABF uni lateri BF
parallela ducta est EZ, erit BE : EA = TZ : ZA

[prop. II]. rursus quoniam in tri-

angulo AFJ uni lateri FA parallela

\6> ducta est ZHj erit

rZ :ZA = JH:HA
^ [id.]. sed demonstratum est, esse

rZ : ZA = BE: EA, quare etiam

BE : EA = JH: HA, et componendo [V, 18]

BA:AE = JA:AH,
et permutando [V,16] BA:AA=EA :AH. itaque latera

communem angulum BAA comprehendentia parallelo-

grammorum ABTA, EH proportionalia sunt. et quo-

niam HZ rectae z/rparallela est, erit LAZH= ATA
[I, 29]; et duorum triangulorum AAT, AHZ com-

munis est /, AAT itaque triangulus AAT aequi-

angulus est triangulo AHZ [I, 32]. eadem de causa

etiam triangulus ATB triangulo AZE aequiangulus

est, et totum parallelogrammum ABTA parallelo-

grammo EH aequiangulum est. itaque^) erit

AA : AT = AH : HZ, AT : TA = HZ : ZA et

AT:TB = AZ:ZE, TB:BA= ZE:EA [prop. IV].

1) Hoc ccQa lin. 21 non ad ultima uerba, sed ad proxime
antecedentia lin. 17—19 refertur.

BFVp. EH] E postea insert. F; deinde uqcc add. m. 2 BFV.
13. at] falt.) om. F. 14. Igt}] fari Ss F. 15. AZH]F;

AHZ Theon (BFVp). yaivCa] m. 2 V. t^] P; t^ viio

Ajr 7} 8e vno HZA {ZHA F) xij Theon (BFVp). 16.

AHZ] PF, V m. 1; AZH Bp, V m.' 2. 17. yravta] om. Bp.
x6 A^r] P, V m. 1; om. F; x6 JAF Bp, V m. 2. 18.

AHZ] litt. HZ e corr. p. ^FB] ABF Y. 19. oXov] oXov
agu V. 20. laoycoviov iaxi xm EH naQaXXr}XoyQocn[io) V.

25. EA] AE, eraso E F.
'
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xal STtel idEvx^ri dxs nsv rj ^F TtQog triv FA^ ov-

tcog ri HZ TtQoq tr}v ZA^ cog de rj AF TiQog tr^v

FB, ovtcog rj AZ TtQog trjv ZE, dt' l'6ov ccQa i6t\v

wg ri AT JtQog trjv FB, ovtcjg rj HZ TtQog trjv ZE,

5 toav ccQa ABFA, EH TtaQaX^.rjXoyQd^^cov dvdXoyov

stacv a[ JtksvQal ai TtSQL tdg laag ycoviag' o^olov aQa

s0tl to ABF^ TtaQakkrjXoyQa^^ov ta EH jtaQalXrjko-

yQd^ficj. did td avtd drj tb ABFJ naQaXXrjko-

yQa^^ov xal ta K0 TtaQaXXrjXoyQd^^c) oftotov sCtiv'

10 sxdtSQOV ttQa tdov EH, SK jtaQaXXrjXoyQdfificov ta

ABFzl [TtaQaXkrjXoyQdfinc)] ofiOLov s6tLV. td 6s ta

avta svd-vyQdfifiC) ofioca xal dXXrjXoLg s6tlv ofiOLa'

xal t6 EH ccQa TtaQa^XrjXoyQafifiov ta ®K itaQaX-

Xi^XoyQdfific} ofiOLov satLv.

16 Uavtog aQa TtaQaXXrjkoyQdfifiov td TtSQl trjv 6id-

{istQOv naQalXrjkoyQanfia ofiOLd s6tL tc5 ts okcp xal

dkkrjkoLg' OTtSQ ^dsL dst^aL.

KS.

TS dod^svtL svd^vyQdfific) ofiOLOv xal dXkc)

20 T«5 dod^svtL laov tb avto 6v6trj6a6^aL.

"E0tco T( fikv 8o^\v svd^vyQafifiov , o) dst ofiotov

6v6tij6a6d-aL , t6 ABF, co ds dst l'6ov, t6 ^* dst drj

Tc5 fisv ABF ofiOLOVy t(p ds z/ l'6ov to avtb 6v6trj-

aa^d^ai.

XXV. Hero def. 116. Eutocins in ApoUon. p. 53.

1. rj] r eras. F. 2. HZ] ZH Fp. AT] eras. F.
3. rJBj B eras. F. 4. rs] BF F. 6. BtaLv] d- eras. F.

7. To] corr. ex rco m. 2 V. naQuXXriXoyQCiyL^ov] corr. ex
naQuXXriXoyqdit,yb(o m. 2 V. tc5] corr. ex x6 m. 2 V. nuQttX-

XrjXoyQanfiov V, corr. m. 2. 8. dij] drj xat F; xat add.

V m. 2. 9. naQ m. 2 F. K@] @K F. 11. naQaXXrj-
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et quoniam demonstratum est, esse ^F : FA = HZ
: ZA et Ar:rB= AZ : ZE, ex aequo erit [V, 22]

z/r : FB = HZ : ZE. eugo in parallelogrammis

ABF^j EH latera aequales angulos comprehendentia

proportionalia sunt.^) itaque ABFJ ^ EH [def. 1].^)

^dem de causa etiam ABF^ r>u K@. itaque utrumque

parallelogrammum EH, ®K parallelogrammo ABF^
simile est. quae autem eidem figurae rectilineae

similes sunt figurae, etiam inter se similes sunt

[prop. XXI]. quare etiam EH^ ®K.
Ergo in quouis parallelogrammo parallelogramma

circum diametrum posita similia sunt et toti et inter

se; quod erat demonstrandum.

XXV.
Datae figurae rectilineae similem et alii figurae

datae aequalem eandem figuram construere.

Sit data figura rectilinea, cui similem figuram

oporteat construere, ABF, cui autem aequalem opor-

teat, J. oportet igitur figuram construere figurae

ABF similem, figurae autem z/ eandem aequalem.

1) Nam demonstrauimuB BA : AJ = EA:AH{-p. 160, 10),

AJ : jr = AH : HZ (p. 150, 21), JfZ : ZE = z/F : FB
(b*n. 4), ZE : E^ = FE : BA (p. 150, 25).

2) Nam etiam aequiangula sunt (p. 150, 20). — hac ratione

diluuntur, opinor, cauillationes Simsoni p. 378; quamquam
confitendum est, Euclidem hic nonnihil a solito ordine dilucido

defecisie.

XoYQtt^fico'] om. P. iarLv] F, comp. p; iazL PBV. 12.

iartv] itaiv V. 13. uqo] om. p. @k\@ in ras. V. 14.

l«Ttv] comp. Vp; «artPBF. 16. Tf]m. 2F. 18-x7?'Fp. 20.

cvvaxTiGaa^^aL P; corr. m. rec. 21. Po8t co eras. di B. 22. avv-
cxraua^ui, P; corr. m. rec. 8s dsi faovl in ras. m. 2 V. 23. tc5]

(prios) corr. ez xo m. 1 p; x6 F. avvaxi^aaad^ai P; corr. m. rec.
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nttQa^E^lri6%^C3 yccQ TtaQCc ^sv r^i/ BF ta ABF
TQiycavG) L0OV 7taQtt?.Xi]X6yQa^^ov t6 BE, naQtt de

rrjv FE np A lOov TtttQttXlrjXoyQtt^^ov rb TM sv

yovitt rfi v7to ZFE, rj £6rLV i6ri rrj vito FBA. iit

5 BVx^eitt^ ttQtt £6rlv rj' ^sv BF rf^ FZ, rj de AE rfi

EM. xttl ellrifpQ-G) rcov BT, TZ ^£6rj avdkoyov •17

H®^ xttl avtty£yQtt<p^ca KTtb rrjg H® ra ABF oftotov

r£ xttl b^OLCog xel^£vov t6 KH&.
Kttl £7t£L iCnv cog rj BF TtQog rrjv H@, ovrog

10 rj H® TtQog rrjv FZ, iccv dh rQEtg £vd-£tttL avttkoyov

w6lv^ £6rLV (og rj JtQcorrj JCQog rr]v ^QLrrjv, ovrcog to

ttTtb rrjg TtQcorrjg Eidog TtQog rb ttTtb rrjg d£vr£Qag rb

o^OLOv Xttl o^OLcog ttVttyQtt(p6^£vov y ^6rLV ccQtt cog rj

BF TtQog rrjv FZ, ovrog t6 ABF rQCycovov TtQbg

16 tb KH& rQLycovov. alktt Xttl cog rj BF TtQbg rrjv

rZ, ovTCjg t6 BE TittQttkkrjkbyQtt^^ov TtQbg t6 EZ
TtaQttkkrjkbyQtt^fiov. xttl og uQtt rb ABF rQCycovov

TtQbg rb KH& rQCycovov, ovrcog rb BE TtaQakkrjkb-

yQtt^^ov TtQbg rb EZ TtaQakkrjkoyQtt^iiiov' ivttkkoc^

20 ccQtt og rb ABF rQCycovov JtQcg rl BE TtttQttkkrjko-

yQtt^^ov, ovrcog rb KH® tQCycovov JtQbg rb EZ
naQttkkrjkbyQtt^^ov. l'6ov dl t6 ABF rQCycovov ra

BE TtttQttkkrjkoyQcc^^o' l'6ov ccQtt xal rb KHS r^C-

ycovov ro EZ TtaQttkkrjkoyQtt^fico. dkkcc rb EZ TtaQ-

25 ttkkrjkoyQtt^^ov rco z/ i6rLV l'6ov' Xttl rb KH® ccQa

Tc5 z/ i6rLV l6ov. £6rL df t6 KH® xttl rco ABV
OflOfcOV.

T(W aQtt dod^ivrL Evd-vyQdfi^o ro ABF o^olov

1. Tc5 ABF] supra F. 4. FBA] TBA tp. 5. BT]
Fcpj V m. 1; FB Bp, V m. 2. 6. ital slXi^cpd-co] TtSQisiXri-

qp^co qp post ras. 7. HS] (prius) eras. F. rm] x6 F.
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Nam rectae BF triangulo ABF aequale adplicetur

parallelogrammum BE [I, 44], rectae autem FE

figurae ^ aequale parallelogrammum FM in angulo

ZTE aequali angulo FBA [I, 45]. itaque BT, FZ
in eadem recta sunt et item AE, EM. et sumatur

rectarum 5F, JTZ media proportionalis H® [prop. XIII],

et in H® triangulo ABF similis et similiter positus

construatur KH® [prop. XVIII]. et quoniam est

BF : H® = H® : FZ, et si tres rectae proportionales

sunt, est ut prima ad tertiam, ita figura in prima

descripta ad figuram in secunda similem et similiter

descriptam [prop. XIX coroll.], erit

Br.rz^^ABr.KHs,
uerum etiam BF : FZ — BE : EZ [prop. I]. quare

etiam ABF: KH& = BE:EZ. permutando igitur

[V, 16] ABT: BE = KH® : EZ. sed ABT= BE.
itaque etiam KH® = EZ. sed EZ = A. quare

etiam KH® = z/. erat autem etiam KH® r^ ABF,
Ergo datae figurae rectilineae ABF similis et

8. Tf] Om. V. 10. T}] eras. F. 11. IWtv] om. P. 15.

rgiyoivov] om. V. Supra BF scr. ^daig et supra FZ lin, 16
Bdaiv m. rec. P. 17. xal d>g agcc — 19: naQaXXrjXoyQafifiov]
bis p; corr. m. 1. 19. EZ] ZE j) (sed in repetitione EZ).

25. i'aov' Tiai] in mg. transit F. KH@] in ras. m. 2 F.

aga tw J laxiv i'aov] om. F. 26. iazi ds to] cp cum ras.

2 litt. ante to.
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xal ttXkco ta dod^svtc ta z/ l6ov to avto 6vvi<Statav

ro KH®' OTtsQ edeL noLrjeai,.

xg'.

'Eav aTto 7taQaXXr}XoyQd(i^ov TtaQaXlrjXo-

5 yQafi^ov dg^aiQe&fj o^olov ts tco oAco xat o^OLog^

xsL^svov xoLvrjv yavCav s^ov avta^ TtSQl trjv

avtrjv did^stQov s<5tL rc5 oAco.

'A%o yccQ TtaQakXrjXoyQa^^ov rov ABFjd naQaJ^

XrjXoyQa^fjiOV d^rjQi^ad-co tb AZ o^olov ta ABF^
10 xal ofiOLCjg xsLfisvov xoLvrjv ytovCav i%ov avta tr]v

vTto jdAB' ksycjj otL jtsQL tr]v avtrjv dtdfistQov icti

ro ABF^ ta AZ,
Mr\ ydQ, dXX' sl dvi/ardv, itfrg) [avrcov] dta-

ybStQog rj A&F^ xal ixpXrjdstaa rj HZ dLtix^co inl

15 ro 0, xal ri%d^a) dLcc rou @ bnotsQcc tav Az/, BP
jtaQdXXrjlog rj &K.

'Ejtsl ovv TtSQl trjv avtrjv dLdfistQov ieti tb ABFA
rc5 KH^ s6tLV ccQa ag rj /iA TtQog trjv AB, ovtcog

rj HA TtQog trjv AK. iatL ds xal did trjv b^OLOtrjta

20 tav ABFA, EH xal ctg rj ^dA TtQbg trjv AB, ovtcog

rj HA TtQbg trjv AE' xal d)g ccQa rj HA TtQbg trjv

1. Tco J'] P, y m. 2; om. Theon (BFp, Y m. 1). cvvC-

czaxui V. 3. %Q'' Fp. 4. iiaQaXXriXoyqapiOv P. 5. atpai-

QsQ^sv cp. xm oXoi] xo oXXov qp in ras. 8. naQuXXriXoyQdni-

fiov yuQ P. 9. AZ'] supra 2 litt. eras. sunt in V; ^EZ/f Bp.
Tfo] XO <p. 11. SGXLV F. 12. To'] Tc5 V, COIT. m. 2.

ABFJ V. 13. avxav] om. FV. U. A@r] gj; oa inter

duas ras. F. huI syi^Xi^&Btaa — 15: x6 &] P; om. Theon
(BFVp). 18. Post KH add. Theon: o(iol6v iaxL to ABTJ
Tc5 KH (BFVp). 21. v.al as UQa — p. 158 1: nqos xijv

AE] om. Bp. HA] "A'H F.



ELEMENTORUM LIBER.VI. 157

alii figurae datae A aequalis eadera constructa est

figura KH®\ quod oportebat fieri.

XXVI.

Si a parallelogrammo aufertur parallelogrammum

toti simile et similiter positum et communem angu-

lum habens, circum eandem diametrum positum est

ac totum.

Nam a parallelogrammo ABFJ auferatur paralle-

logrammum AZ simile parallelogrammo ABF^ et

similiter positum et communem habens angulum JAB.
dico, ABFA et AZ circum eandem diametrum po-

sita esse.

ne sint enim, sed, si

fieri potest, diametrus sit

A®r}) et producta HZ
ad educatur^), et per

® utrique AAj SJTparal-

lela ducatur ®K [I, 31

et 30]. iam quoniam

ABFJ et KH circum eandem diametrum sunt po-

sita, erit ^dA : AB = HA : AK.^) sed propter

similitudinem parallelogrammorum ABFJj EH erit

etiam [ def. 1 ] JA : AB = HA : A E. itaque etiam

1) Debuit ita dicere: nam si ^ZF diametrus parallelo-

grammi AF non est, sit AGT. adparet, avTcov lin. 13 ferri

non posse, sed malim cum FV delere quam cum Peyrardo in

avxov corrigere; glossema sponte et in P et in Theoninia
nonnullis ortum esse potest.

2) Uerba xal iyi^lrjdsiau cet. lin. 14—15 om. Theon, quia
in figura codd. permutatae sunt litterae E, Z et K, (9; cfr,

p. 168, 3. ego cum Augusto his uerbis retentis errorem
p. 158, 3 et figuram corrigere malui. Campani figura nostrae
iimilior est.

3) Nam similia ffunt (prop. 24); tum u. def. 1.
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y4K, ovtog rj HA 9cq6s ttjv AE. rj HA ccqu TiQog

ixat€QKv Tcov AK, AE tov avtov s%el koyov. i'6r}

ccQa iatlv 7] AE tfi AK 7] iXdttcjv tfj ^el^ovl' otieq

ietlv ddvvatov. ovx aQa ovx i6tc TteQl triv avtrjv

5 did^stQOv tb ABFA ta AZ' tcsqI trjv avtrjv ccQa

i6ti didfistQov ro ABFJ TtaQaXXriXoyQa^fiov ta AZ
TtaQaXXrjXoyQd^^c).

'Edv ccQa dico JtaQaXXrjXoyQd^^ov TtaQaXXrjXoyQa^'

^ov dcpaLQsd-ij o^olov ts ta oAco xal b^OLCog xsl^svov

10 xoLvrjv ycovCav s%ov avta^ %sqI trjv avt^v dcd^stQOV

iotL Tc5 oXcp' OTtSQ idsL dsL^aL.

4
ndvtcov tav jtaQa trjv avtrjv svd-slav TtuQ

^aXXo^ivov TtaQaXXriXoyQdiiiLcov xal iXXsLTtov-

16 tcov sldsaL TtaQaXXrjXoyQd^^OLg ofioLOLg ts xal

o^OLCjg xsL^ivoLg tc5 dnb trjg rj^L6SLag dva-

yQaxpo^svo ^syLCtov iott tb djtl tijg rj^L6SLag

TtaQapaXXo^svov [jtaQaXXrjXoyQa^fiov'] OfiOLOV

ov to iXXsLfi^atL.

20 "EGtco sv^sta rj AB xal tst^^od^co 81%^ oeatd tb

r, xal TtaQa^s^Xrjad-ci) jtaQa trjv AB svdstav tb A/1

TtaQaXXr\X6yQa\Ji\]iOV iXXstitov sldsL 7taQaXXrjXoyQd\i\iG)

Tc5 z/5 dvayQacpsvtL ditb trjg rjfiLCsLag t^g AB, tovtsGtL

t^g FB' Xsyc3, otL jtdvtav tcov TtaQa trjv AB TtaQa-

25 paXXo^isvcov TtaQaXXrjXoyQdii^icov xal iXXsLTtovtcov stds0L

[7taQaXXrjXoyQd\i\iOLg] b^iOLOLg ts xal biiOLCog xsL^iivoLg

1. AK] P; AEK, E in ras., F; AE V. AE] AB P,

.

corr. m. rec; AK V. aqa] om. P. 3. AE] AK PFBp,^
Vm. 2. AK] AE PBFp, V m. 2. iXdt(ov F, coit. m. 2.'

4. ovW] (alt.) om. BVp. Janv PFB. 5. AZ] Pg?; A@
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HA : AK = HA : AE. ergo HA ad utramque

AKy AE eandem rationem habet. quare AE = AK
[V, 9] minor maiori; quod fieri non potest. quare

fieri non potest, ut ABF^, AZ circum eandem dia-

metrum posita uon sint. ergo parallelogramma

ABF^j AZ circum eandem diametrum posita sunt.

Ergo si a parallelogrammo aufertur parallelo-

grammum toti simile et similiter positum et commu-

nem angulum habens, circum eandem diametrum po-

situm est ac totum; quod erat demonstrandum.

XXVII.

Omnium parallelogrammorum eidem rectae adpli-

catorum et deficientium figuris parallelogrammis simi-

libus et similiter positis ei, quae in dimidia describi-

tur, maximum est parallelogrammum dimidiae ad-

plicatum defectui simile.

Sit recta AB et in duas partes aequales secetur

in rj et rectae AB adplicetur parallelogrammum A^
deficiens figura parallelogramma z/5 in dimidia rec-

tae AB^ boc est in FBj descripta. dico, omnium
parallelogrammorum rectae AB adplicatorum et figuris

BVp. 6. htCv P. 10. i%ov ymviavY. avtriv'] supra m. 1 p.

12. X' Fp. 17. T6 Baxi p. 18. naQalcc[i§av6fisvov P;
corr. m, rec. naQaXXrjloyQafifiov] m. rec. P. oiiolov] corr.

ex OfiOL P. 19. ov to)] ov x6 q) in ras. iHfitfiart p. 21.

Tjjv] t^v avtriv P. AJ] J in ras. m. 2 Y; AB cp. 23.

JB] J0 qp (non F). Post hoc uocab. add. Theon: ojLiotco rs

'Aul ofioimg dvayQacpsvtL (F; pro bfiOLot Bpqp, V m. 2 hab.

opLOLOv, pro dvayQacpsvtL Bp: avayQatpsv, V iiEL[isv seq. ras.;

-Tt in F pnnctis del.). dvayQatpsvtL] P; tut Theon (BFVp).
rjfiLGsCag] rjfiLGsCag dvayQacpsvtL FV. AB] AJ cp (non F).

tovtsGtLv P. 25. slSsgl] cp (aliud uerbum habuit F); sthsaiv P.

26. nuQa}.Xr]7.oyQu^yiOLg'\ om. P.
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TCttQa trjv AB evdstav xo AZ TtaQaXXriXoyQafi^ov

ikketTCov eldec TtaQaXkrjXoyQa^^c} xa ZB 6^0i(p xs

xal o^OLog TceL^ivc) xa ^B' Xiya), oxl ^ellov eCtL xo

5 Ad tov AZ,
Eitel yaQ o^olov e6XL xo AB JtaQaXkrjXoyQa^^iov

t^ ZB TtaQallrjloyQa^fic) , TteQl xrjv avxi^v el6L dcd-

^exQov. rjx^o avxSv dLccfiexQog rj z/JB, xal xaxa

yeyQacpd^c) xo 6xrj^a.

10 ^Ejtel ovv l'6ov e6xl xo TZ tc5 ZE, xolvov d,

xo ZB, oXov ccQa xo F® okc) rc5 KE e6XLV t6ov,

dXka xo r® xa FH e6xLv t6ov, eTtel xal rj AF tfj

FB. xal to HF ccQa rc5 EK e6tLv l'6ov. xolvov

TtQo^xeC^d^o to rZ' oXov ocQa ro AZ ta AMN
15 yvcs^ovL i6tLv l'6ov' S6ts to AB naQallrjXoyQa^-

^ov, tovti6tL tb AA, tov AZ TtaQaXkrjXoyQafi^ov ^et-

t,6v i6tLV.

ndvtav ccQa tcjv TtaQcc trjv avtrjv evd^etav TtaQa-

^aXkoiiivov TtaQakkrjkoyQd^^ov xal ikkeL7t6vtov el8e6L

20 TtaQakkrjkoyQdfi^OLg o^OLOLg te xal b^oLog xeL^ivoLg

to aTtb trjg rj(iL6e{ag dvayQacpo^ivo }iiyL6t6v i6tL tb

aiti trjg rj^iL^eCag TtaQa^kTjd-iv oTteQ ideL det^aL.

n

1. TflS] ro F. 7CttQcc§sXi^a9-ai p. 2. AB] B e corr. m.
1 p. 3. TCttQaXXrjXoyQccficp p. 7. tcsqI uQa xriv Bp. 10,

taov\ supra m. 1 V. Z£] corr. ex Z0 m. rec. P. 8i] P;
TtQoa-^BLGd-ai Theon (BFVp). 11. F©] e corr. P m. rec.

KE'\ corr. ex K@ m. rec. P. 12. T©] corr. ex FE P m. rec.

13. FB] PF; hxiv tari supra add. V; TB lari hzCv Bp.
E/Tj e corr. P m. rec. 14. oXov'] seq. ras. 2—3 litt. F. 16.

AZ\ inter ^ et Z ras. 1 litt. F. 17. iati B. 18. avrijv]

om. p. 19. nttQttXXr}XoyQtt[i(iayv — 22: dst^ttij xai ra s^ijg p.
22. dsL^tti] seq. in omnibus codd. demonStratio alia, quam

in appendicem reiecimus; u. p. 161 not. 2.
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similibus et similiter positis figu-

rae z/5deficientiummaximum esse

AA. adplicetur enim rectae AB
parallelogrammum AZ deficiens

figura parallelogramma Z5 simili

et similiter posita figurae AB. dico, esse A^ ^ AZ.
nam quoniam zJB ^ ZB, circum eandem diame-

trum sunt posita [prop. XXVI]. ducatur eorum. dia-

metrus AB, et describatur figura.-^) iam quoniam

rz = ZE [J, 43] et commune est ZB, erit P®= KE.
sed r@ = FH, quoniam AF= FB [prop. I]. quare

etiam HF= EK. commune adiiciatur FZ. itaque

AZ = AMN. quare AB > AZ, h. e. A^ > AZ.
Ergo omnium parallelogrammorum eidem rectae

adplicatorum et deficientium figuris parallelogrammis

similibus et similiter positis ei, quae in dimidia

describitur, maximum est, quod dimidiae adplicatur;

quod erat demonstrandum.^)

1) H. e. producantur HZ ad et KZ usque ad z/E;
cfr. II, 7, 8.

2) Itaque is solus casus tractatur , ubi ^X > AF, nec
opus est alterum, ubi AK << AF, propria demonstratione
ostendere nec hoc moris est Euclidis. sane in codd. omnibus
additur demonstratio huius quoque casus. sed apertissime

interpolata est; nam primum ante lin. 18 sq., non post eas

inserenda erat, deinde iam ab initio in praeparatione duo
casus respiciendi erant nec hoc unquam neglexit Euclides, ubi
plures casus habet; ita etiam in altero casu eaedem litterae,

quae in priore, usurpatae essent, quod iure postulat Simsonus
p. 380. Campanus VI, 26 utrumque casum demonstrat.

Jiuclides, edd, Heiberg et Menge. II. 11
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TCYj'.

IlaQcc trjv dod^stGav evd-stav ta So^svxi

svd^vyQa^^G) iOov TtaQaXlrjloyQa^^ov TtaQa-

^akstv skkstTtov sldsL TtaQakkrjXoyQdu^G) o^oio}

5 tS dod^svtf dst ds t6 dcdo^svov svd-vyQa^^ov

[<p dst L0OV TtaQaPaXstv] ^rj ^st^ov sivat tov

djto trjg rj^iasiag dvayQafpo^svov b^oCov ta
iXXsL^^atL [tov ts dno r^g rj^L6siag xal a dst

OflOLOV ikksC7iSLv\ 1
10 "E6tG) rj ^sv dod-st^a sv^sta rj AB, t6 8s Sod^sv

svd-yyQa^^ov , tp dst iGov naQa trjv AB TtaQa^aXstv^

to r firi ^st^ov [ov] Tov dnb trjg rj^tasCag trjg AB
dvayQacpo^svov b^oCov tc5 iXXsCfi^atL, c3 dh dst ofiOLOv

iXksLJtSLV^ To z/* dst drj JtaQa tr}v $o^st6av svdstav

15 trjv AB ta dod-svtt svd^vyQa^^c) ta F t6ov naQal-

XrjXoyQa^^ov itaQa^akstv ikkstnov sldst naQakkrjko-

yQa^^o) b^oCa ovtL tc5 z/.

Tst^riGd^o rj AB dC^a xatd t6 E ^rj^stov, xal

dvaysyQacpd-cj dnb tijg EB ta A o^olov xal b^oCag

1. 717}'] om. F; X§' p. 2. sv&stav] mg. m. 1 P. 3.

naQa^dXXsLv V. 5. rco] ovtl rco V. Se] Srj PBFVp;
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xxyiii.

Datae rectae datae figurae rectilineae aequale

parallelogrammum adplicare deficiens figura parallelo-

gramma datae simili. oportet autem, figuram rec-

tilineam datam^) maiorem non esse figura in dimidia

recta descripta defectui simili.^)

Sit data recta AB, et data figura rectilinea, cui

aequalem figuram rectae AB adplicare oportet, F non

maior figura in dimidia AB descripta simili defectui,

ea autem, cui similem figuram deficere oportet, sit ^.

oportet igitur datae rectae ^B datae figurae recti-

Hneae F aequale parallelogrammum adplicare deficiens

figura parallelogramma simili figurae ^.

secetur enim AB in duas partes aequales in

puncto Ef et in EB describatur figurae ^ similis et

1) Uerba a Theone lin. 6 interpolata ideo parum necessaria

snnt, quod to 8i86[ibvov sv&vyQafi^ov ad to5 do&svTi (sc. slSsl)

lin. 5 referri non possunt, sed necessario a quouis lectore ad
Tc5 SoQ^ivxL sv&vyQcciiiia) lin. 2 trahuntur.

2) Hunc dLOQLGfiov statim praebet prop. 27. — Campa-
num VI, 27: „quod secundum eiusdem suum esse parallelo-

grammo super dimidiam datae lineae collocato minime maius
existat" non intellego, uidetur tamen potius cum P consentire.

corr. Augustus. 6. d Set i'aov naQcc^uXsLv'^ add. Tbeon
(BFVp); m. rec. P. naQU^dXleLv FV. 7. dvayQucpofisvovl P;,

naQa§aXXo(isvov Theon (BFVp). ofiOLOv} P; ofio^cov ovtmv
Theon (BFVp), P m. rec. rco iXXsLfifiatL] P; tmv iXXsifi-

fidtoiv Theon (BFVp), P m. rec' 8. tov ts — 9: iXXsinsiv']

add. Theon (BFVp); m. rec. P. 12. ov] om. P. rov]
xa (p. r^s ^B] P; om, Theon (BFVp). l^.*dvayQacpo-
^ivov'] P; TcaQa^aXXofisvov Theon (BFVp). oybolov tm iXXs^ii-

(utti'] P; 6(ioi<ov ovtcov toov sXXsi(i(idt(ov Theon (BFVp). 18.

x6 E] euan. F.

11*
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TieC^svov to EBZH, koI 6v^7i£7th]Q(6<sd^(D xo AH
7CaQaXX7]l6yQ(x^^ov.

El ^€v ovv l'6ov icrl to AH xa F, ysyovbg av

slri xo STtirax^iv' TtaQa^e^lrixai yaQ TtaQO. xtjv do-

5 d^eteav svd-etav xtjv AB xa dod-svxt svd^yQCC^^o) xa

r i6ov TtaQaXXriXoyQaiL^ov xo AH slXstitov sfdsL

TtaQaXlrjXoyQd^fic) xa HB 0^10 Cco ovxl xa z/. si

ds ov, iistlov s6X(o xo ®E xov R i'aov ds xo ®E
x^ HB' fist^ov aQa xal xb HB xov F. c) drj ^st^ov

10 s6XL xb HB xov r, xavxrj xfj vjtSQOxfj l'6ov, xa ds

z/ ofioLOv xal b^oCcss xsC^svov xb avxb 6vvs6xdx(x)

xb KAMN, dXka xb A rc5 HB [s6xlv] oholov xal

xb KM ccQa xa HB s6xlv o^olov, s6x(0 ovv 0^6-

koyos ri iikv KA xrj HE, rj dh AM xrj HZ. xal

15 sjtsl i'6ov i6xl xb HB xotg F, KM, ^st^ov ccQa i6xl

xb HB xov KM' ^sC^cov ccQa i6tl xal rj ^hv HE
xrjg KA^ rj d^ HZ trjg AM. xsC^d-co ty fisv KA
i'6ri r} HS, tfj ds AM l6ri r] HO, xal ^v^nsTtlr]-

Qoa^d^co tb SHOn TtaQaXlrjXoyQa^^ov i'6ov ccQa xal

20 o^oLov i6tL [tb HH] rfij KM [dUd tb KM t<p HB
v^oLOv i6tLv], xal tb HU ccQa tc5 HB o^olov i6tLV

tcsqI trjv avtrjv ccQa dLd^istQov i6tL tl HH tS HB,
ieta avxcov dLd[istQog rj HUBy xal xataysyQdcpd^oj

tb 6%ri^a,

1. EBZfl^JBEZHF? 2. Post nuqaXXriXoyqccikiLov add.
Theon: xo 8r} AH ^toi 1'aov iarl tco JT 7) (ist^ov avtov Sicc

tov SiOQLafiov (BVp, F mg. m. 1; pro dioQia{i6v habent FV
bQLafiov', in V corr. m. 2). 3. aatCv P; in F cum to AH
euan. 6. AH] euan. F. 8. 8s] d' F. ^atca] PF;
eatcci Bp;»l(yTt V. ds to] Ss tov B. 9. ttp] to B. HB]
H supra m. 1 V. St]] Ss uel Sst B\ Ssl'^. 12. sativ]

om. P. 13. KM] inter K ei M una litt. (s?) euan. F. 14.

KA] AK Bp. 15. HB] e corr. m. 1 p. 17. KA] AK Bp.
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similiter posita EBZH [prop. XVIII], et expleatur

parallelogrammum AH, iam si AH = T, effectum

erit propositum. nam datae rectae AB datae figurae

rectilineae F aequale parallelogrammum adplicatum

est AH deficiens figura parallelogramma HB simili

figurae A. sin minus, sit &E> F}) sed ®E=^ HB.
itaque HB > F. iam excessui, quo maius est HB
figura Fj aequale et parallelogrammo z/ simile et simi-

liter positum idem construatur KAMN [prop. XXV].

sed zJ <^HB. quare etiam KM^HB [prop. XXI].

iam correspondeant inter se KAy HE et AM, HZ.
et quoniam HB = T + KM, erit HB > KM. quare

etiam HE > KA, HZ > AM.^) ponatur HS = KA
et HO= AMj et expleatur parallelogrammum SHOH.
itaque aequale et simile^) est parallelogrammo KM.
quare etiam HH ^ HB [prop. XXI, cfr. lin. 13].

itaque HH, HB circum eandem diametrum posita

sunt [prop. XXVI]. sit eorum diametrus HHBj et

describatur figura [p. 161 not. 1].

1) Ex hypothesi; quare debuit esse saxai lin. 8, sed eGzo}

ferri posse negare non ausim.

2) Nam per prop. 20 erit HB : KM = HE^ : KA^ = If Z^
: AM^. iam cum HB > KM, erit HE^ > ^^2 H^^ > AM^,
h. e. HE > KA, HZ > AM.

3) Quia HB r^ KM, erit iOHS = KAM. itaque ifJT,

KM aequiangula sunt. quare et similia sunt (def. 1) et aequa-
lia (prop. 14). cfr. p. 144, 11.

rfj (liv KA] Bp; rij KA ^sv PF; fisv xrj KA V. 18. HO]
cbrr. ex if 6> m. rec. P; O e corr. m. 2 V; H@ F? 20. xb

HU] om. P. rc5] e corr. P. ccXXa ro KM rc5 HB ofJiOLOV

larivl ro HTI. dXXcc xo KM rm HB ofioiov iari supra m.
rec. P. KM] K in ras. m. 2 V. 21. hri BVp. IffTt

BFV, comp. p.
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sTtel ovv l'6ov i6xl xo BH totg F, KM, (av tb

HTl t(p KM ictiv l'<jov, loLTtog aga 6 TX0 yva-

^cov XoLTta t^ r L0og ietLv. y.al ijiSL loov i6tl to

OP ta ISIU, xoLVov TtQO^xsLad^co th UB' oAov a(>a

b to OB ol(p ta ISIB lcov iatCv. dkka to ^B rc5 TE
ietLV l'6ov, iTtel xal TtksvQcc rj AE TtXsvga tjj EB
iatLV i'0rj' xal to TE aQa ta OB iatLV taov. xolvov

7tQoaxBLad-(D to SU' olov aQa to TU ol(p t(p OXT
yv(6fiovL iatLV taov. aAA' 6 OXT yvco^cov rc3 F

10 idsLx^rj taog' xal to TZ aQa ta F iatLv iaov.

HaQa trjv dodstaav aQa svd^stav trjv AB rc5

dod-svtL svd-vyQcc^^G) rc5 F laov TtaQaXXijloyQa^nov

TtaQapipXrjtaL to 2JT ikXstnov stdsL 7taQakXrjloyQcc^^(p

rc5 IIB b^OLCj ovtL rc5 z/ [iTtsLdrjTtsQ ro IIB rc5 HII
16 O^OLOV iatLv]' OTtSQ ^dSL TtOLfjaaL.

x^\

HaQcc trjv do^staav svd^stav rc5 So^svtL

svd^vyQcc^lKp i'aov JtaQaXXTjXoyQa^fiov naQa-

^aXstv vjteQ^ccXXov sldsL itaQakXrjXoyQd^iKp

binoCcp rc5 do^svtt.

"Eatco rj ^sv do&staa svdsta rj AB, tb 6s do^^v

svd^vyQa^fiov , S dst i'aov TtaQcc trjv AB naQa^aXstv,

tb r, (p ds dst o^OLOv vnsQ^dlksLV , tb z/* dst drj

naQcc trjv AB svdstav t(p F svd-vyQcc^^(p i'aov naQal-

25 XrjXoyQa^^ov naQa^aXstv vnsQ^dXXov stdsL naQaXXrjXo-

yQdiiiKp b^oCco ta z/.

1. BH] in ras. m. 2 V; HB p. 2. taov ictiv p. Xol-

nov P, corr. m. rec. TX$] T^X P V. 3. Igtlv loog F.

iarCv] iarC V, comp. p. ioti] iarCv P. 5. OB] euan. F.

6. taov iativ B. Ante insC add. cp: inX. 7. OB] O in
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iam quoniam BH=r+ KM, quorumHn= KM,
erit etiam TX0 = F. et quoniam OP= ^E [I, 43],

commune adiiciatur HB. itaque OB = ^B. sed

^B = TEj quoniam AE = EB [prop. I]. quare

etiam TE = OB. commune adiiciatur SS- itaque

TE=^XT. sed demonstratum est, esse ^XT=r.
quare etiam TE = F.

Ergo datae rectae AB datae figurae rectilineae

r aequale parallelogrammum adplicatum est HT de-

ficiens figura parallelogramma UBj quae figurae z/

similis est^); quod oportebat fieri.

XXIX.

Datae rectae datae figurae rectilineae aequale

parallelogrammum adplicare excedens figura parallelo-

gramma simili datae.

Sit data recta AB, data autem figura rectilinea,

cui aequalem figuram rectae AB adplicare oportet,

sit Fj ea autem, cui similem figuram excedere oportet,

sit z/. oportet igitur rectae AB figurae rectilineae

r aequale parallelogrammum adplicare excedens figura

parallelogramma simili figurae z/.

1) Nam JJB ~ HB (prop. 24) f^ z/. uerba snsidriTisQ — ia-

xLv, ubi sine causa de HTJ mentio iniicitur, spuria sunt. alia

res est p. 170, 7.

ras. m. 2 V. 8. TS^ TB corr. ex TF m. 1 p. 9. ccXXcc Bp.
10. T2] ATl P. 11. uqtt\ om. F. 13. Supra 2T ras.

est in V. 14. ro5] (tert.) postea insert. m. 1 F. 16. H'9'']

Zy' p et F, corr. m. rec. 18. 7itt.qa%XriX6yQaiLnov] nttQttXXrjXo-

sustulit resarcinatio in F. 22. Sst] 8ri Fp. 23. vnsQ^ttXsLv F.

dst 8ri] sustulit lac. pergameni F. 24. nttQoi. — sv&vyQtt^fKo]

mg. m. 1 F. laov] in ras. F.
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Ter^7]6d^cj Ti AB dC%a Kata to E, zal avaye

yQacpd-a ccito trjg EB ta A o^olov xal o^otog xec-

fievov TtaQaXlriloyQa^^ov t6 5Z, Tcal avvafKpoteQoig

^ev totg BZ, F l'6ov, ta de A oyioiov xal o^OLog

5 xeL^evov tb avto 6vve0tdt(o to H&. o^oXoyog de

* £^rw ti fiev K0 trj ZJ, rj de KH tfj ZE. xal

enel ^et^ov eati to H® tov ZB, ^eL^cov aga eatl

xal rj ^lv KQ trjg ZA, rj de KH trjg ZE. eK^e^lri-

ad^coaav au ZA, ZE, xal tfj ^ev K& l'6r] eGtca fj

10 ZAM, tfi 6\ KH My] rj ZEN, xal av^7te:iXrjQ0ja&cj

to MN' to MN aga ta H@ lcov te eati xal o^olov.

aXXa to HQ rc5 EA eatLV o^olov xal tb MN aga

ta EA ofioLov iatLV JteQl trjv avtrjv aga dLcc^etQov

e<StL t6 EA rco MN. ijx^cj avtav dLa^ietQog rj Z^,
15 xal xatayeyQcccpd^cj to axrnia.

'ETtel l'6ov iatl to He totg EA, T, dUa ro H©
rw MN l'aov iatLv, xal to MN ofpa rolg EA^ F
laov iatCv. xoLvov dcpr]Q7]ad-o tb EA' XoLTCog ccQa

6 ^X^ yvcj^csv rc5 F iattv laog. xal inel larj iatlv

20 ^ AE rfj EB, laov iatl xal tb AN r« NB, tovteatL

rco AO. xoLvbv itQoaxeCa^o rb E^' olov ccQa rb

1

3. BZ] corr. ex HZ m. 2 V. 4. BZ, ri Z et T e
corr. p;^ JfZ, F Y. J] e corr. F. 6. H@] PF; HG-
ofioiov ccQu iGxi tb H@ rc5 ZB Bp, V mg. m. 2. 6. ZE]
EZ F. 8. K@] ©K F.' 10. KH] corr. ex KB m. rec. P.

11. Tfi] om. V. iotiv P. 12. to] (alt.) tm F, secl corr. 13.

EA] A F. iativ ofioLov V. iativ] P, comp. p; iatt BFV.
14. iatc] supra F. avt^v] avtdav r} V. 16. inEl ovv FV.

to] (prius) Tc5 F. 17. iati P.BV, comp. p. 18. iati BV,
comp. p. EA] mutat. in @A m. 1 F. 20. AE] in ras.

m. 2 V. tovtsativ P; comp. p. 21. AO] O e corr. m. 1 F.
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secetur AB in duas partes aequales in puncto E^

et in EB figurae z/ simile et similiter positum con-

struatur parallelogrammum BZ, et 5Z + F magni-

n ^ M
tudini aequale, parallelogrammo z/ autem simile et

similiter positum idem construatur H® [prop. XXY].

correspondeant ^) autem K®, ZA et KHy ZE. et

quoniam HS> ZB, erit etiam K®> ZA et KH>ZE
[p. 165 not. 2]. producantur ZA, ZE, et sit

Z4M= K@, ZEN=KH,
et expleatur parallelogrammum MN. itaque MN et

aequale et simile est parallelogrammo H® [p. 165

not. 3]. sed H0 r^ EA. quare etiam MN ^ EA
[prop. XXI]. itaque circum eandem diametrum posita

sunt EA, MN [prop. XXVI]. ducatur eorum dia-

metrus ZSj et describatur figura.

iam quoniam H® = EA + T et HS = MN, erit

etiam MN= EA -\- F. subtrahatur, quod commune

est, EA. itaque est WX0= T. et quoniam AE= EB^

erit AN — NB == AO [I, 43]. commune adiiciatur

1) Sc. in @H, EA parallelogrammis, quae figurae J simi-

lia sunt; unde etiam inter se similia sunt (prop. 21).
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AlS; l'6ov iatl Tc5 0X^ yvco^ovL. dXla 6 0XW
yvco^av ra F tCoq bGxCv Tcal tb A^El ccQa tc5 F i'6ov

£0tLV.

UaQcc trjv do%^al6av aqa sv&etav trjv AB t<p

5 dod^Evti svd^vyQa^^c} ta F i'6ov JtaQaXXriloyQa^^ov

TtaQa^d^lritaL to A^ vTtsQpdXkov sidsL TtagaXXrj^^o-

yQa^^G} Tc5 nO b^ocip ovtL tc5 z/, STtsl xal ta E/l

S6tiV O^OLOV tb OTI' OTtSQ sdsL 7t0Lrj6aL.

l\

10 Trjv dod-SL6av svd-stav TtsnsQaa^svrjv axQOv
xal ^s0ov Xoyov ts^stv.

"EctG) rj dod^SL^a svdsta TtSTtSQaO^svrj rj AB' dst

drj trjv AB svd^stav axQOV xal }is6ov Xoyov ts^stv.

'AvaysyQd(pd-(o dnb trjg AB tstQdycovov to BF,

Ib xal TtaQa^s^kiqad^o itaQa trjv AF ta BF i'6ov itaQ-

aklr]k6yQa^^ov tb F^ VTCSQ^dkkov stdsL tc5 AA
b[iOLG) ta BF.

TstQdycovov ds s6tL to BF' tstQdycovov aQa sCtl

xal tb A^. xal sTtsl i'6ov s6tl ti BF ta Pz/,

20 xoLvbv dcpriQri6%co t6 FE* XoLTtbv aQa tb BZ AotjrcS

tc3 A^ i6tLV i'6ov. s6tL dl avta Tcal i6oyc6vLOV'

tSv BZ, AA ccQa dvtL%s7t6v^a6LV al TtXsvQal at

TtSQl tdg i'6ag yoovCag' E6tLV aQa cbg rj ZE TtQbg trjv

EzJ, ovtcog ri AE TtQbg trjv EB. i'6rj dl rj ^sv ZE
25 tfj AB, r] ds EJ t/J AE, s6tLv ccQa Sg rj BA jtQos

1. dXX' F. 2. i'6og] taov cp (non F). ftrriV] F, comp. p;
htC PBV. 3. fcrt B. 4. a^a] supra comp. F. svQ^Btdv

ioTi F. 7. Tw] (alt.) rd F, et V, corr. m. 2. 9. Id'] p; F,

sed corr. m. rec. 11. rsfisiv'] supra scr. v m. 1 F. 14.

yccQ ccno F V. Post AB ras. magna F. 15. AF] corr. ex

^B m. 1 F. 20. BZ] corr. ex BT m. 1 p. 21. rm] ro cp
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E:e:. itaque A^El == 0XW. sed 0X^=r. quare

etiam ^S = F.

Ergo datae rectae AB datae j&gurae rectilineae F
aequale adplicatum est parallelogrammum ^S exce-

dens figura parallelogramma UO, quae similis est

figurae z7, quia OII ^ EA [prop. XXIV]
;
quod opor-

tebat fieri.

XXX.

Datam rectam terminatam secundum rationem

xtremam ac mediam secare.

T Z S Sit data recta terminata y^ 5. opor-

tet igitur rectam AB secundum extr^-

mam ac mediam rationem secare.

describatur enim in ^B quadratum

E ^ BFf et rectae AF adplicetur paralle-

logrammum JTz/ quadrato BF aequale

"J et excedens figura A^ simili figurae

BF [prop. XXIX]. quadratum autem est BF] itaque

etiam A^ quadratum est. et quoniam BF = Fz/,

subtrahatur, quod commune est, FE, quare BZ= A^.
uerum etiam aequiangulum ei est.^) quare in paral-

lelogrammis BZ,, A/1 latera aequales angulos com-

prehendentia in contraria proportione sunt [prop. XIV].

itaque ZE : E/1 = AE : EB. sed ZE = AB^) et

1) Nam utrumque rectangulum est.

2) Nam ZE = ^F (I, 34) et ^F = AB.

Cnon F). laov hzlv F. 23. ttJv] om. BFp. 24. AE]
AB rp. trjv] om. BFp. ZE tij AF, tovxiaTi tfj AB
Theon (BFVp). 2b. AE] AB rp. '
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trjv AE^ oi^rog 7] AE TtQog xriv EB. ^eL^av ds r]

AB tijg AE' ^sc^cov ccQa xal rj AE trjg EB.

'H ccQa AB Bv^ela axQOv xal [lieov loyov te-

t^rjtai, xata tb E^ xal to ^elt^ov avtrjg tfirjfid i6ti

5 To AE' ojtSQ sdsL TtoLri^ai.

Xa.

'Ev totg oQd^oycovLOLg tQLycovotg to djto trjg

triv OQ^riv yovCav v7totscvov6rjg TtXsvQccg sldog

taov i6tl totg ccTto tcov trjv OQd^r^v yovtav Jts-

10 QLSXOV600V jtXsvQcov sl'ds(SL totg ofiOLOLg ts xal

b^OLog dvayQaq)o^ivoLg.

"Eota tQLyovov OQd-oycovLOv tb ABF oQd-rjv sxov

trjv VTtb BAF yovCav Xiyo^ otL tb ditb trjg BF
sldog t6ov iotl totg ditb rcoi' BA^ AF stdsfSt totg

15 b^OLOLg ts xal b^oLog dvayQag)OfiivoLg.

'^Hxd-o xdd^stog rj A^,
^Ensl ovv iv oQd-oyovCo tQLycovo to ABF djtb

trjg TtQbg tc5 A OQ^rjg yoviag ijtl trjv BF ^dCLV

Tidd^stog rjKtaL rj AA, td AB^, AjdF TtQbg tfj xa-

20 d-ito tQLyova ofiotd ictt tq ts oXo t6 ABF xal

dXXi]XoLg. xal insl o^olov i6tL tb ABFtoAB^,
i6tLV ccQa 6g rj FB TtQbg trjv BA, ovTcog rj AB
TtQbg trjv BJ, xal iitsl tQstg sv^stat dvdXoyov st-

6lv, i6tLV og rj TtQcotrj TtQbg trjv tQLtrjv, ovtog tb

25 ditb trjg TtQootrjg sldog TtQbg t6 d^tb trjg dsvti^ag tb

onoLOv xal bfiOLog dvayQacpo^isvov, cog aQu rj FB

XXXI. Proclus p. 426, 14.

4. Hara] xa p. xal to] xat p. iariv P, comp. p. 6.

t6] t} P. Sequitur alia demonstratio , u. app. 6. Xcc'] non
liquet in F; om. p. 10. sldsGLv PB. t«] om. BFVp.
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^z/ = AE. itaque BA : AE = AE : EB, sed

AB> AE. quare etiam [Y, 14] AE > EB.
Ergo recta AB secundum extremam ac mediam

rationem secta est in E [def. 3], et maior eius pars

est AE'^ quod oportebat fieri.

XXXI.

In trianguKs rectangulis figura descripta in latere

sub recto angulo subtendenti aequalis est figuris in

lateribus rectum angulum comprehendentibus similibus

et similiter descriptis.

Sit triangulus rectangulus ABF angulum BAF
rectum habens. dico, figuram in BF descriptam

aequalem esse figuris in BAjAF similibus et simi-

liter descriptis.

ducatur perpendicularis AJ. iam quoniam in

triangulo rectangulo ABF 2ih

angulo recto ad A posito ad

basim ^jTperpendicularis ducta

est A^, trianguli ABA^A^T
ad perpendicularem positi et

toti ABT et inter se similes

sunt [prop. VIII]. et quoniam

ABT r^ ABJ, erit [def. 1] TB : BA = AB: B^.
et quoniam tres rectae proportionales sunt, erit ut

prima ad tertiam, ita figura in prima descripta ad

figuram in secunda similem et similiter descriptam

13. vno xo p. 14. slSsaiv P. 15. o/*otcos] bfiOLOLg V.
18. Tw] ro FV, sed corr. m. 2. 19. AJF] corr. ex AJB m.
rec. P. ccQu ngog V. 20. iauv P. 25. ro] (alt.) om. F;
inser. m. 2, sed euan.



174 STOIXEI<^N ?\ 1
TCQog rrjv 5z/, ovtcog xo ano rrjg FB sidog Ttgog

ro aTto trjg B A ro o^olov xal o^occag dvayQucpo^e-

vov. dia ra avra drj xal ag rj BF itQog rr}v Fz/,

ovrcog rb dito rijg BF eldog itQog ro dnb rrjg FA.

5 (0(?r£ xal (6g r] BF JtQbg rdg 5z/, z/F!, ovrcsg ro ditb

rfjg BF sldog JtQbg rd ditb rcjv BA, AF rd o^OLa

Tcal o^OLCog dvayQacpo^sva. i'6rj d^ rj BF ralg B^dy

z/jT* l'6ov aQa xal ro djtb rrjg BF sldog rotg dnb

rcov BA, AF ddaOv roig b^oCoig rs xal o^otcjg dva-

10 yQacpoiisvocg. ^
^Ev aQa rotg oQd-oycavCocg rQcyoivoig rb ditb rr]^

rrjv OQd^rjv ycovcav VTtorsLVOvCrjg JtXsvQag sldog l'6ov

s6rl rotg ditb rojv rrjv OQd^riv yavCav 7tSQLSxov6(DV

TtXsvQmv sl'ds6L rotg o^oCoLg rs xal bnoCcog dvayQatpo-

j5 ^svoLg' oTtSQ sdsL dst^aL.

^Edv dvo rQCycova 6vvrsd-fj xard ^iCav yco-

vCav rdg 8vo JtXsvQag ratg dv6l TtXsvQatg dvd-

koyov s%ovra S6rs rdg b^oXoyovg avrdov nksv-

20 Q^^ ^^^ TtaQakkrikovg slvaL, aC XoLTtal rc5v rQL-

ycovcov TtksvQal iit sv%sCag i6ovTaL.

"E6rc3 dvo rQCycova rd ABF, ^dFE rdg dvo TtXsv-

Qag rdg BA, AF ratg dv6L nksvQatg ratg ^T^ /AE
dvdXoyov sxovra, G)g ^sv rrjv AB TtQbg rr]v AF^

25 ovrcog rrjv z/F TtQbg rr^v ^E, TtaQdXkrjkov dh rrjv

2. dvayQacpofisvov] -yg- in ras. qp. 4. t6 dno tijg FA — 6;

slSog nqog'] om. p. 5. BJ , J F] ^ B, JF tp. 6. tcovj

tijg qp. 9. BA] A e corr, m. 2 V. stdsGLV P. dvaygcccpo'

fiEvog (sic) P. 11. iv dga] in ras. post ras. 3 litt. m. 1 Bj
tQiyoovoig] om. p. 13. iati] taig tp. 14. slSsglv P^

Sequitur alia demonstratio , u. app. 16. Ziy' F p. 17. gvv^
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[prop. XIX coroll.]. quare ut FB : 5z/, ita figura

in FB descripta ad figuram in BA similem et simi-

liter descriptam. eadem de causa erit etiam ut ^jT: Fz/,

ita figura in ^r* descripta ad figuram in FA descrip-

tam.^) quare etiam ut BF: B^ -\- ZlF, ita figura in

BF descripta ad figuras in 5^ et AF similes et

similiter descriptas.^) sed BF= Bzi -{- z/jT. itaque

etiam figura in ^JT descripta aequalis est figuris in

BAj AF similibus et similiter descriptis.^)

Ergo in triangulis rectangulis figura descripta in

latere sub recto angulo subtendenti aequalis est figu-

ris in lateribus rectum angulum comprehendentibus

similibus et similiter descriptis; quod oportebat fieri.

XXXII.

Si duo trianguli duo latera duobus lateribus propor-

tionalia habentes in uno angulo coniunguntur, ita ut

correspondentia latera etiam parallela sint, reliqua

latera triangulorum in eadem recta erunt posita.

Sint duo trianguli ABT, JTE duo latera BA, AF
duobus lateribus z/F, AE proportionalia habentes,

ita ut sit AB : AF= AF: AE, et AB parallelum

1) Nam ABT r^ AzlF. itaque BF : TA =^ TA : FJ.
2) Sint figurae in BF, AF, AB descriptae a, h, c. demon-

strammus BF : BJ = a : c, BF : FJ = a :h. itaque

BT : a= Fz/ :h = B^ : c. FJ : BJ = h : c.

rj -{- Bd : BJ = h -\- c: C.

rj-\-Bd:h-\-c= BJ:c= Br:a. BF : FJ -\- BJ = a:h -\- C.

3) Nam BF : a = FJ -{- B^ :h -{- c = Br :h -\- c. quare
a = h -\- c[Sf, 9].

XE^ij ] nQ00ze%-fi V, corr. m. 2. 20. zov xQLycavov V. 23.

jr'] rj V. ' JE] FE P. 24. AB] BA FV. AF] A
e corr. m. 2 V. 25. ovt(o P. z/T] e corr. m. 2 V.
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ft£i/ AB tfi z/F, rriv 8b AF rfi AE' Uycj, oti in

sv&eiag i(5tlv ij BT tf] FE.

^EitEl yccQ TtagdXXrjXog ictiv rj AB tij z/F, xal

sig avtag i^TteTttcjxEv evd-ela 7} AF, ai ivaXXd^ yo'

5 vLat a[ vTto BAF, AF^ lcai dXXrikaLg eiGiv. did td

avtd drj xal rj vitb F/IE tij vnb ATA Idri iotCv.

S6ts xal 7] vTtb BAF tfj vnb F^E ictiv l'6r]. xal

ijtel dvo tQiycovd i6tv td ABF^ ^FE ^iav yavCav

trjv TtQbg rcj A iiia ycavCa trj TtQbg ta A i'0r}v ix^v-

10 ta^ JteQl 8e tdg l'6ag yavCag tdg itlevQdg dvdkoyov,

Sg trjv BA TtQbg trjv AF, ovtcog trjv F^ JtQbg trjv

^E^ iaoycovLov aQa iatl tb ABF tQCyovov rc5 AFE
tQLycjvG)' tOrj ccQa rj vjtb ABF yavCa trj vitb AFE.
ideCxd^rj dh xal rj vTtb AF^ tfj vitb BAF t0rj' oXrj

15 ccQa rj vTtb AFE dvol taig vnb ABF, BAF iarj

ictCv. xoLvrj JiQoaxeCad^co rj vnb AFB' ai aQa vnb

ATE, Arb tatg vnb BAT, ATB, TBA taai eiaCv.

dlX' ai vnb BAT, ABF, ATB dvelv oQd^atg taai

eiaCv xal ai vnb AFE, AFB aQa dvelv oQd-atg i'0aL

20 eiaCv. nQbg drj tivL evd-eCa tfj AF xal rc3 nQog

avtfj 6rjiieCco ta F dvo sv^staL ai BF, FE firj im
td avtd iiBQrj xeC^evaL tdg icpe^ijg ycovCag tdg vnb

AFE, AFB dvalv OQd^atg taag noLOvOLV' in ev^eCag

aQa iatlv rj Br tfj FE.

25 ^Edv ccQa dvo tQCycova Cvvte^fj xatd ^iCav ycovCav

3. ^r] AT tp (non F). 4. atl mutat. in ¥.uC m. rec. F,

xat' p. 5. BAr^ "ABT^ F. Blai Vp. 6. AFJ^ "ATJ F.

iariv tarj V. 10. di] comp. supra m. 1 F. 11. BA] AB P.

AT] in ras. m. rec. V, FA F. 12. iatCv P. JTE] P;
"JTE F ; rz/E Bp et in ras. m. 2 V. 13. JTE ymvCa V.

14. BAF] TA supra scr. B m. 1 F. 15. tari hzCv] P,

V m. 1, comp. p; tar} iarC BF; taui slaCv V m. 2. 17. BAT]
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lateri JF, AF autem lateri z/£J

parallelum. dico, jBF et FE in eadem

recta esse.

nam quoniam AB rectae z/F

parallela est, et in eas incidit recta

Ar, alterni anguli BAF, AT/l
aequales sunt [I, 29]. eadem de causa etiam

i TAE == AT/i. quare etiam iBAT== TJE.
et quoniam duo trianguli sunt ABT, ATE unum
angulum, qui ad A positus est, uni angulo, qui ad A
positus est, aequalem habentes et latera aequales

angulos comprehendentia proportionalia,

BA:AT=^TA: JE, erit A ABT
triangulo ATE aequiangulus [prop. VI]. quare

i ABT=^TE.
sed demonstratum est, esse etiam /. ATA = BAT.
quare erit i ATE == ABT -f- BAT communis

adiiciatur i ATB. itaque

ATE + ATB == BAT + ATB + TBA.
uerum BAT-\-ABT-\-ATB duobus rectis aequales

sunt. quare etiam ATE+ ATB duobus rectis aequa-

les sunt. itaque ad rectam ^r* et punctum eius T
duae rectae BT, TE non ad eandem partem positae

angulos deinceps positos ATE, ATB duobus rectis

aequales efficiunt; itaque BT et TE in eadem recta

sunt [I, 14].

Ergo si duo trianguli duo latera duobus lateribus

P; B"A'rF; FAB BVp. AFB] ABT P. FBA] supra
scr. F; AFB P. 18. ccXV ut — 19: bIglv] om. P. ABT]
ATB V. ATB] FBA V. 19. slat BVp. 20. sto^ BY,

Euclides, edd. Heiberg et Menge. II. 12
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41

tag dvo TtkevQccg tcctg dv6l nksvQatg avdkoyov sxovta

Sots tag o^oloyovg avtcjv TtXevQag xal TiaQalli^Xovg

elvai^ ai koiTtal tcjv tQiycavov nXevQal eit evd-etag

66ovtar OTteQ edet det^at.

5 Ay'.

'Ev totg l'60Lg Kvy.koig ai yovLat tov av-

tov 6%ov6l Xoyov tatg TteQKpeQeCaig^ e(p' ov
Pe^rjKa6LV, edv te JtQog totg xevtQOLg idv t£

TtQog tatg TteQLcpeQeCaLg (66l pePr}xvtaL,

1<) "E6tci6av l'60L TcvxloL 06 ABF^ AEZ^ xal itQog

^ev totg Kev^QOLg avtcjv totg H, Q ycovCaL e6tG)6av

aC vTto BHF, E@Z, TtQog dh tatg 7teQL(peQeCaLg «^^
vTtb BAF, E^Z' keya), otL e6tlv cog rj BF TteQLcpeQeLccU

TtQog tr}v EZ TteQLCpeQeLav
., ovtcjg rj te vno BHF

15 ycjvCa TtQog tr^v vjtb E0Z xal rj vTtb BAF TtQog

trjv vnb EAZ.
KeC6%Gi6av yccQ tfj ^ev BF JteQLcpeQeCa i'6aL xatd

t6 e^rjg b6aidr]notovv ai FK^ KA, tfi d\ EZ neQL-

(peQeCcc i6aL b6aLdrj7totovv au ZM, MN, xal enet,ev%-

20 ^(X)6ccv aC HK, HA, @M, @N.
'Enel ovv l'6aL ei6\v (d BF, FK, KA neQLcpeQeLaL

XXXIII. Cfr. Zenodorus ap. Theon. in Ptolem. p. 11 Bas.

3. nXBVQaC] om. p. 5. Z-^-' p et F, corr. m. rec. 7.

Xoyov ixovai, V. xdg nsQLcpsQELaSy corr. m. 2 V. 8. idv

T8 TiQOs rotg y,tvTQOLg] mg. m. rec. P. 9. ooaiv PB. ^*^^-
kvlccl] post hoc uocabulum add. Theon: hi de yial ol rofiELg

dx8 {oLxs F) TtQog xotg -nsvxQOig GvvLGxafisvoL {avvsGrafXBvoL F)

(BFVp), Pm. rec. 12. BHT] litt. HF in ras. F. E0Zj E
in ras, m. 1 B. 16. Post Ez/Z add. Theon: xai txL {eoxl

comp. p) 6 HBSr (in ras. m. 2 V, HBZF P et seq. ras. F)

xofiEvg TiQog xov SEUZ (in ras. m. 2 V) xofLsa (BFVp);

i
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aequalia habentes in uno angulo coniunguntur, ita

ut correspondentia latera etiam parallela sint, reliqua

latera triangulorum in eadem recta erunt posita; quod

erat demonstrandum.

XXXIII.

In circulis aequalibus anguli eandem habent ra-

tionem quam arcus, in quibus consistunt, siue ad

centra siue ad ambitus positi suni^)

Sint aequales circuli ABF, ^EZ, et ad centra

eorum H, & positi sint anguli BHFj E@Zj ad ambitus

autem BAF, EAZ. dico, esse

arc. BT : arc. EZ = L BHF : E0Z = BAF^E^Z.
ponantur enim deinceps arcui BF aequales quot-

libet arcus FK, KA, arcui autem EZ quotlibet aequa-

les ZM, MN, et ducantur HK, HA, ©M, ®N,
iam quoniam arcus BF == FK = KA, erit etiam

1) De interpolationibus Theonis lin. 9 et lin. 16 cfr. p. 183
not. 1; om. Campanus VI, 32.

m. rec. P. 21. i'actL] nal P, corr. m. rec. * daCv'] om. p.

TK'] "K'r F.

12*



180 STOIXEIiiN g'.

dXXiiXaLg, lcai dal xal ai vtco BHF, rHK, KHA
yovCai dlXriXaig' l^aTikacCcav aga sGtlv r} BA TteQL-

q)iQ£ia tijg BF, roOavtaTtkaaCcov iatl Ttal i] vTto BHA
yavCa tijg vtio BHV. did td avtd drj xal oGanla-

5 aCav i0tlv rj NE TtSQL^pSQSia tijg EZ, to^avraTtXaeCcjv

i0tl Tcal 7] VTto N&E ycovCa tijg vno E®Z. el aQa

l'6ri iatlv ri BA nsQLCpiQeLa tij EN TteQLtpeQeCa, larj

i6tl zal yovCa rj vTto BHA tij v%o E@N, :tal el

lieClav i6tlv rj BA jteQLCpiQeLa tijg EN 7teQL(peQeCag,

10 iieC^mv iotl xal rj vno BHA yovCa tijg vito E@N,
jcal el iXdaacov, ildaaov. teaadQCov drj ovtcov ^eye-

d^cov, dvo ^ev 7teQL(peQeLcov tcov BF, EZ, dvo 8e yco-

VLOV tcov vTto BHFy E@Z, eiXr]7ttaL tijg ^ev BF
TteQLtpeQeCag xal tijg vTtb BHF ycovCag iddiCLg TtoXXa-

15 TtXaaCcov r] ts BA itsQLfpiQsia xal ri vno BHA yco-

vCa, tijg d^ EZ itSQLcpSQsCag xal tijg vito E&Z yco-

vCag rj te EN TteQLtpiQeLa xal rj vito ESN yoovCa.

xal dideLXtai, otL et vneQixei rj BA jteQLCpiQeLa tijg

EN 7teQL(peQeCag, vTteQi^eL xal rj vitl BHA ycovCa

20 rijg VTto E®N ycovCag, xal eC L'0ri, l'6ri, Ttal ei ikd<S0cov,

ikd6(Scov, e(SrLV aQa, (og rj BF iteQLCpiQeia itQog rrjv

EZ, ovtcog rj vxb BHF yoovCa TtQog trjv vTto E@Z.
dXX* og iri VTtb BHF yovCa TtQog trjv vnb E@Z,
oijtog r] z7tb BAF TtQog trjv vTtb E/IZ' dLTtkaaCa

25 ydg ExatiQa exatiQag. xal (xtg aQa rj BF 7teQL(piQeLa TtQbg

trjv EZ 7teQL(piQeLav , otJrog r] te V7tb BHF yovCa

TtQog tijv V7tb E@Z xal rj vTtb BAF 7tQbg tijv

V7tl EdZ.

1. l'GaL dlXi^Xaig PV; in P laai del. m. rec. slaiv PBF.
2. BA] J eras. F. 3. iarLv P. 5. iazL' F. 6. vno

E0Z] EGZ BFp. 8. sarLv P. el] in ras. P. 10. iatLv P.

I
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L BHr = rHK = KHA [III, 27]. itaque quoties

multiplex est BA arcus BFj toties multiplex est etiam

L BHA anguli BHF. eadem de causa quoties multi-

plex est NE arcus EZ, toties multiplex est etiam

L N&E anguli E@Z. iam si BA = EN, erit etiam

L BHA = E@N, et si BA > EN, erit etiam

L BHA> ESN, et si BA < EN, erit

LBHA<E&N
ergo datis quattuor magnitudinibus, duobus arcubus

BFf EZ et duobus angulis BHT^ E&Z, sumpti sunt

arcus -Br et anguli BHF aeque multiplices arcus

BA et angulus BHA, arcus autem EZ et anguli

E@Z arcus EN et angulus E®N et demonstratum

est, si arcus BA arcum EN superet, etiam L BHA
angulum E®N superare, et si aequalis sit, aequalem

esse, et si minor, minorem. itaque [V def. 5] erit

arc. Br : arc. EZ = L BHT : ESZ. sed

LBHr:E®Z = LBAF.E^Z [V, 15];

nam uterque utroque duplo maior est [III, 20]. quare

etiam

arc. Br : arc. EZ = L BHr:E®Z = BAT : E^Z.

11. iXuTTcov iXaTTcov F, 12. ftaV] supra F. ds] supra F.

13. E@Z] @EZ F. 17. yajv/Ta] add. m. 2 F. 20. ymvLas]
P; om. Theon (BFVp). iXdTT(ov F. 21. iXccaGcov'] comp. F.

7}] om. V. 22. BHF] F add. m. 2 V. 24. dtjr^laatcov V.
25. ydQ iaTLv Bp. 27. vtto E@Z] E@Z F. vjrd] v-

supra m. 1 P.
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£%ov0i Xoyov tatg 7t£QL(p6QeLatg, icp' cov ^s^riicaGLv

idv ts TtQog totg xavtQOLg idv te TCQog tatg %eQL(pe-

QeCaLg €o6l ^e^riKvtaL' ojteQ edeL det^aL.

1. 'Ev] inter s et v^ ras. 1 litt. V; s seq. ras. 2 litt. F.

2. §e§^^a6L p. 3. idv r« — 4: ^s^rjyivicci] Kal^zcc f|^s p.

3. nsvtQOLg'] yiv%XoLg B. tag nsQLcpsgsiag V. 4. coglv B. In

fine libri EvyiXsLdov atoixsiaiv 5' PB, Evv,Xsl8ov Gtoixsioiv

xijg @ia>vog iyiSoasoag ?' F.
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Ergo in circulis aequalibus anguli eandem habent

rationem quam arcus, in quibus consistunt, siue ad

centra siue ad ambitus positi sunt; quod erat demon-

strandum.^)

1) Sequitur additamentum Theonis in BFVp, de quo ipse
profitetur comm. in Ptolemaeum I p. 201 ed. Halma = p. 50
ed. Basil.; om. P m. 1 (add. manus recens in mg.) et Cam-
panus; huc pertinent etiam additamenta p. 178, 9 et 16.

demonstratio u. in app.



r.

a . Movds ietLV, xad'' 7]v kxaarov rmv ovrcav

^v XeyeraL,

p\'^QLd-^iS ds rb ix. ^ovddov avyicei^svov

5 TtXrjd^os.

y' . MeQog ierlv ccQid^^og aQtd^fiov 6 iXdaaav rov

^eCt,ovog^ orav xara^erQtj roi^ ^eCt,ova.

8'. MeQTi d£, orav ^ij xara^erQpj.

s'. nokka7ikd6Log 8\ 6 ^eC^cjv roi; iXda6ovog,

10 orav xara^erQTJrai vno rov iXdaSovog.

<s'."AQrLog aQLd^iiiog i6rLV 6 8C%a dLaLQOv^evog.

J'. UeQLCaog d} 6 firj diaLQOv^evog dC%a rj [6]

liOvddL dLa(peQC3v aQrCov aQLd^fiov.

f]'. 'AQrLdxLg ccQrLog aQL^^og icrLV o vTto

15 aQrCov aQLd^^ov ^erQOv^evog xard aQrLOv aQLd-^ov.

d''. 'AQrLdxLg dl neQL066g i6rLV 6 vnb aQrCov

aQLd^^ov ^erQOv^evog xard neQLCCov aQLd^^ov.

Def. 3—5: Psellus p. 7. 6—7: Martianus Capella VII, 748.

8. lamblichus in Nicom. p. 27. Philop. in Nicom. ed. Hoche
1864 p. 16. 9. lamblichus p. 31.

1. oQoi] om. PB. numeros om. codd. 2. iart, PBFp.
7]v] BFV. 10. BXdTxovog V. 12. 6] om. P. 14. TtqoG-

vncfAOVGtsov (lovov P mg. m. 1. 16. ^gtiv] dQLd-fiog htiv P,

BOtiv oLQiQ^^ios p. %ai'ra:'i;'&'a nQoavncLv.ovGiiov ' ^ovov mg. m. 1 P.

tov KQtLov deleto tov V.



VII.

Definitiones.

1. Unitas est ea, secundum quam unaquaeque res

una nominatur.

2. Numerus autem est multitudo ex unitatibus

composita.

3. Pars est minor numerus maioris, ubi maiorem

metitur.

4. Partes autem, ubi non metitur.

5. Multiplex autem maior minoris, ubi minor eum

metitur.

6. Par numerus est, qui in duas partes aequales

diuiditur.

7. Impar autem, qui in duas partes aequales non

diuiditur, siue qui unitate differt a pari numero.

8. Pariter par est numerus, quem par numerus

secundum parem numerum metitur.^)

9. Pariter autem impar |est, quem par numerus

secundum imparem numerum metitur.^)

1) Def. 8 scriptor nescio quis, qui Philoponi commen-
tarinm in Nicomachnm retractauit, apud Hoche Philop. 1865

p. V in quibusdam dvrLyQcicpoig ita inuenit expressam: ccq-

TiaiiLg uQXLog iatLV ccQLQ-fiog 6 vno ccqtlov ccQL&fiov y.citcc ccqxlov

dQLd^uov yiovcog (i8TQOv(i£vog, de qua scriptura falsa u. Studien
p. 200.

2) De def. l' interpolata u, Studien p. 198 sq, ; om. ed
Basil. et Gregorius,
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[i\ nsQiOijccKLg dQticg eCXLV 6 vno 7tSQi66ov

aQLd^^ov ^stQOv^svog xaxcc aQtiov aQi^ii6v\

ia\ nSQLeOCCKLg ds 7tSQL66bg CCQLd^^Og S6tLV

6 V7C0 7CSQL00OV aQLd^flOV ^StQOV^SVOg Tiata 7tSQL660V

5 CCQLd^^OV.

L^'. IlQStog aQid-^og s6tLV 6 ^ovddL ^ovtj ^s-

tQOv^svog.

Ly\ IlQCJtOL 7tQ6g dlX^^kovg aQLd^^oL sl6lv ol

^Ovddi ^OVf] ^StQOVflSVOL XOLVa ^BtQ(p.

10 Ld\ Uvvd^stog aQLd-y.og s6tLV o dQL^^a tLVL

^stQOv^svog.

LS\ Uvvd^StOL ds 7tQ0g dlXrikovg dQL^llOL SL6LV

OL dQLd^^CJ tLVL ^StQOV^SVOi KOiVa ^StQC).

L?\ '^QLd^^og dQid-^ov 7tokXa7tXa6id^sLV ksys-

15 rat, otav, o6aL slalv iv avta ^ovddsg, toaavtdmg

avvtsd^fi 7toXXa7tXa6La^6^svog, xal ysvrjtaL tLg.

L^' . "Otav d^s dvo dQL^^^ol 7CoXXa7tXa6id0avtsg dXXri-

Aoug 7toLoo6i tLva, ysv6^svog S7tL7tsdog xaXsltai,

7tXsvQaL dl avtov ol 7toXXa7tXa6Ld6avtsg dXXi]Xovg

20 dQLd^ilOL.

LYj'. "Otav ds tQstg dQid^^ol 7toXXanXa6Ld6avtsg

dXXiqXovg 7Colc56l tLva, 6 'ysv6^svog 6tSQs6g s6tLv,

7tXsvQaL ds avtov ot 7ioXXa7tXa6Ld6avtsg dXXrjXovg

dQLd^^OL.

4

12. lamblichus p. 42. Martianus Capella VII, 751. Philop.

in anal. post. fol. 15 "^. 13. Alexander Aphrod. in anal. pr.

fol. 87. Martianus Capella VII, 751. Philop. in anal. post.

fol. 15 '^. 14. Philop. in anal. post. fol. 15 ^. 16— 17. Psellus

p. 6. 18—20. Psellus p. 7,

1. 8s ccQtLog P, litt. ccQT- in ras. aQxioq ccQid^fios p. nQoa'

vjtccyiovazsov nui ncitcc ccQtiOv mg. m. 1 P. 3. aQid^aog]
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10. Impariter autem impar numerus est, quem

impar numerus secundum imparem numerum me-

titur.

11. Primus numerus est, quem unitas sola me-

titur.

12. Primi inter se numeri sunt, quos unitas sola

communis mensura metitur.

13. Compositus numerus est, quem numerus ali-

quis metitur.

14. Compositi inter se numeri sunt, quos numerus

aliquis communis mensura metitur.

15. Numerus numerum multiplicare dicitur, ubi

quot sunt in eo unitates, toties componitur numerus

multiplicatus, et oritur aliquis numerus.

16. Ubi autem duo numeri inter se multiplicantes

numerum aliquem efficiunt, numerus inde ortus planus

uocatur, latera autem eius numeri inter se multi-

plicantes.

17. Ubi autem tres numeri inter se multiplicantes

numerum aliquem efficiunt^ numerus inde ortus soli-

dus est, latera autem eius numeri inter se multi-

plicanfes.

18. Quadratus numerus est aequaliter aequalis,

siue qui duobus aequalibus numeris comprehen-

ditur.

om. V. 8. df nQoq P. 14. nolvnXuaiutBiv PBp. 16.

noXlanXaaia^ofievos] -^o^svog e corr. m. 2 p. 18. noioaaLV

PB. 22. noLooaLv B. iazLv] F, comp. p; iarL P, Psellus;
y.ccXELtuL BV. 23. Supra ol in P m. rec. 8vo.



188 STOIXEIS^N ^'.

Ld'\ TsrQccyavos aQcd^^og iaxLv 6 iedxig i'6og

rj [6] VTtb dvo tOcov aQid^^cjv jtSQLSxo^svog.

k\ Kv^og ds 6 lcdKig laog iadxcg rj [6] VTto

tQLmV t6C0V CCQld^flCOV TtSQLSXOflSVOg,

5 xa\ ^AQid^^ol dvdkoyov sldv, orai/ 6 TtQ^tog

tov dsvtSQov Tcal 6 XQLtog tov tstdQtov [iadxig ^
TtoXXaTtXdOiog rj to avto fiSQog rj td avtd ^sqtj co6iv.

Kp\"O^0i0i STtiTtsdoi Tcal atSQSOL aQid-^Oi M
sl(5iv OL dvdkoyov s^ovtsg tdg TtXsvQdg. "

10 ^y' . Tslsiog aQi^^og s6tiv 6 tolg savtov fiSQS-

6iv l'6og Sv.

a .

Avo dQi^ybmv dvi6ov sxxsifisvov, dv^
vcpaiQOv^svov ds dsl tov skd66ovog dno rot)

16 [LSilovog^ idv 6 XsiJto^svog ^ridsTtots Kata^is-

tQTJ tov jtQo savtov, scjg ov lsi(pd-7J fiovdg,

OL i^ ciQXVS aQi&^Oi jtQcotOi TtQog dXXr Xovg

s6ovtai.

^vo yaQ [dvi^ov] aQid-^ov tcov AB, F^ dvd--

20 vcpaiQOv^svov dsi tov sXd66ovog dito roi} ^sC^ovog o

IsiTto^svog ^rjdsTtots xata^stQSLtco rov TtQo savtov,

scog ov Xsicpd"^ ^ovdg' Xsyco, oti ot AB, F^ TtQotoi

TtQog dXXriXovg st6iv, xovts6tiv oti tovg AB, T/i

fiovdg ^ovrj ^stQst.

25 Ei yaQ ^7] sl6iv oC AB, Jz/ TtQcotOi JtQog dXXrj-

Xovg, (istQi]6SL tig avtovg aQid^^og. ^stQsCtco, xal

23. Martianus Capella VII, 753.

2. 6] om. PB. 3. 6] om. P. 4. iVcov] om. P; mg.
m. 1 V, supra m. 2 B; hab. Psellus, Fp. dQid-fiav laoav P.

6. Ante ladHLS in F add. ^'; idem V supra scr. m. 1. 10.
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19. Cubus autem est aequaliter aequalis aequaliter,

siue qui tribus aequalibus numeris comprebenditur.

20. Numeri proportionales sunt, ubi primus se-

cundi et tertius quarti aut aeque multiplex est aut

eadem pars aut eaedem partes.

21. Similes numeri plani et solidi sunt, qui latera

proportionalia habent.

22. Perfectus numerus est, qui partibus suis aequa-

lis est.

I.

Datis duobus numeris inaequalibus et minore sem-

per uicissim a maiore subtracto, si reliquus nunquam

proxime antecedentem metitur, donec relinquitur uni-

tas, numeri ab initio dati primi erunt inter se.

Nam duorum numerorum ABy F^
T^ minore semper uicissim a maiore subtracto

^l „ reliquus ne metiatur unquam proxime

j

Irr antecedentem , donec relinquitur unitas.

! 1 _ dico, numeros AB^ Fzf inter se primos

i

\^ esse, hoc est, unitatem solam numeros

i ^ i AB, rj metiri.

nam si A 5, FA inter se primi non erunt,

aliquis numerus eos metietur. metiatur et sit E. et F^

iavtov'] avTOLg V, corr. in avrov m. 2. 12. oc'] om. V.
13. dvo] P; iav 8vo Theon (BFVp). iytKSLfiEvcov] Ih-

ras. F. dv&vcpaLQOfisvov V; corr. m. 2. 14. Ss] P; om.
iheon (BFVp). 15. idv] P; om. Theon (BFVp). Post
Ismofjisvos ras. 2 litt. V. 16. Xrjcpd-fj V. 19. dv^acov] om. P.

Twv] Tc3 F, V add. m. 2. dvd^vcpaiQOiisvov F. 21. nqo] su-

pra m. 2 V. 22. Iricpd-fj V. 23. stai Vp. 26. dQLd-}i6s av-
rovs F. ^sTQT^tca P, corr. m. rec.
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e6r(o 6 E' Tial o ^av Fz/ tov BZ ^et^wv KHTtixa

eavrov tkd66ova rbv TjA^ c de AZ, rov AH ^stQcov

XsLTthca iavrov eldCGova rbv HF, 6 de HF rhv ZQ
^ierQ^v XeLTcerco ^ovdda rrjv 0A.

5 ^ETtel ovv 6 E rbv FA ^erQet, o de F^ rbv BZ
^erQet, xal 6 E aQa rbv BZ ^erget' ^erget de xal

oAov rbv BA' xal XoLTtbv aQa rbv AZ ^erQTj^et.

6 de AZ rbv AH [lerQet' xal 6 E aQa rbv z/if

lierQet' ^ierQet de xal oXov rbv AF' Kal koLTtbv ccQa

10 rbv FH iierQYiGeL. o 8e FH rbv Z& ^erQet' xal o

E aQU rbv Z-® fierQet' ^erQet dl xal oAoi/ rbv ZA'
xal koLTttjv aQa rrjv A& ^ovdda iierQYiCeu aQL&^bg

Sv oTteQ i6rlv ddvvarov. ovk aQa rovg AB^ Jz/

aQL^^ovis ^erQriCeL rLg aQLd^iiog' ot AB^ F^ aQa

15 TCQ^roL TtQcg dXXrikovg elcCv' oiteQ edeL det^aL.

^'.

Avo dQLd-^cov dod^evrcjv ^rj TtQcircjv TtQbg

dlXi]lovg rb ^eyL6rov avrcov xoLvbv ^erQOv

evQetv.

20 ^'E6rco6av oC dod^evreg dvo dQLd^^ol ^rj ^QooroL

TtQbg dXXi^Xovg ot AB, PA. det drj r^v AB^ FA
rb fieyL^rov xolvov ^erQOv evQetv.

1. BZ] PF; AB BVp, P m. rec; yg. xov AB F mg. m. 1.

2. z/H] PF; ^r BVp, P m. rec, yg. xov ^T mg. m. 1 F.

3. HF] FH P. HF] FH P. Z0] PF; ZA Bp et A
ia ras. V, P m. rec, F m. 2. 5. rz^l d F Y in ras., p.

BZ] ZB P. 6. JBZ] ZB P. 7. xov] xo ^. BA] AB Pp.
uqk] supra comp. F. xov] x6 p. [lexQT^aei 6 E V. 9.

iisxQst] (prius) PF; fisxQ^qast BVp, F e corr. m. 1. xov]

x6 p. ^ r] rj P. 10. x6v] x6 p. (isxQricsL 6 E V.

11. ^sxQSt] (prius) supra m. 2 V. xat'] bis F. 21.
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numerum BZ metiens relinquat^) se ipso minorem

Z^^, AZ autem numerum AH metiens se ipso mino-

rem relinquat HT, HF autem numerum Z& metiens

relinquat unitatem 0A.

iam quoniam E metitur FzJ , et i^z/ metitur 5Z,

etiam E metitur BZ. uerum etiam totum BA meti-

tur; quare etiam reliquum AZ metietur. sed AZ
metitur zJH quare etiam E metitur AH uerum

etiam totum ^F metitur. quare etiam reliquum FH
metietur. sed FH metitur Z0. quare etiam E meti-

tur Z(9. uerum etiam totum ZA metitur. quare

etiam quae relinquitur, unitatem A0 metietur, cum

ipse numerus sit; quod fieri non potest. itaque non

metietur numeros AB, FA numerus aliquis. ergo

AB, FA inter se primi sunt; quod erat demon-

strandum.2)

II.

Datis duobus numeris non inter se primis maxi-

mam mensuram communem inuenire.

Sint duo numeri dati non primi inter se AB, JTz/.

oportet igitur numerorum AB, FA maximam men-

suram communem inuenire.

1) Sc. ex AB. neque enim dubitari potest, quin BZ in

P et optimo Theoninorum seruatum uera sit scriptura, cum
(ictQiLv semper apud Euclidem significet: sine residuo metiri,

cfr. lin. 5, 8. eadem est ratio lin. 2—3 et p. 192, 11 sq.

2) Retinui in librie VII—IX figuras codd., id quod ipsa
res suadere uidebatur, uelut statim ratio prop. I; nam ii, qui
pro lineis puncta substituunt, et in alias difficultates incurrunt
et ad certos numeros confugere coguntur, quod ab Euclide
alienissimum cst.

Post prius rj add. V: xal i'at(o iXccaaoiv 6 FJ. 22. noivov]
y.OL- in ras V.
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El fiev ovv 6 r^ Tov AB fietQst, ^stQet de Tcal

eavtov, o F^ aqa tcov Fz/, AB kolvov ^stqov satLV.

ical cpavsQOv, oti xal ^syL0rov' ovdslg yccQ ^isl^cov

tov Fzl tbv Iz/ ^stQT^asi.

5 EC de ov fietQet 6 Fz/ tov AB, tcov AB, JTz/

avd^vqxxLQOv^evov asl rou e2.d60ovog aTto tov ^ei^o-

vog keo(pd")]6etaL tug aQLd-iLog, og ^etQrjcSeL tbv JtQO

savtov. fiovag ^sv yaQ oi XsL(pd"i]()StaL' sl d^ i^^|
s6ovtaL OL AB, r^ TtQcotoL TCQog dlXi]Xovg' otzsq ov^

10 vTCOTiSLtau. XsLg)d"rj0staL tLg ccQa dQLd-^bg, og ^stQrjasL

tbv jtQo eavtov. Tcal 6 ^ev F^ tbv BE ^etQcov

XsLTtstco savtov ikdaaova tbv EA, 6 d^ EA tbv z/Z

^stQcov ksLTtstco savtov skdaaova tbv ZF, 6 ds FZ
tbv AE [istQSitco, STtsl ovv 6 rZ tbv AE ^stQst,

15 6 ds AE tbv AZ ^stQst, xal 6 TZ ccQa tbv z/Z

^stQ7]0Si' ^stQst dh Tial savtov xal oXov ccQa tbv

FA iistQrJ0si. 6 dl FA tbv BE ^stQst' xal 6 FZ
ccQa tbv BE fietQst' fistQet ds xal tbv EA' xal oAor

ccQa tbv BA ^stQi^asi' ^stQst ds xal tbv FA' b TZ
20 ccQa tovg AB, TA ^stQst. 6 TZ ccQa tcov AB, TA

xoivbv fistQOV s6tCv. ksyco drj, oti xal ^syiOtov.

ei yccQ (ii^ iativ 6 TZ tcov AB, TA [isyiatov xoivbv

fistQov, iistQri^si tig tovg AB, TA dQid-^ovg dQid^-

fibg ^si^cov ^v tov TZ. ^stQSitco, xal s0tco 6 H.

25 xal ijtsl 6 H tbv TA ^stQst, 6 6} TA tbv BE ^s-

2. r^, AB] AB, rj P. fcrrt BFV; comp. p. 5. de]
8' F. 6. aisl Theon (BFVp). iXccTtovog FV. 7. Xr^-

(pd^T^asrcciY-p, corr. m. 1. 8. Xr/qpO^ijorfTat p; P, corr. m. rec.

10. Irj^pQ-^GSTUL p. ccga] supra m. 1 F. ccqcc rtg V. og]

supra m. 1 F; mg. m. rec. B. 11. £E] PF; ^B BVp,
P m. rec, yQ. tov AB mg. m. 1 F.^ 12. ^Z] PF; FJ p;
z/r" B, V in ras. m. 2, P m. rec; tov zIF F mg. m. 1. 13.
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iam si Fz/ metitur AB^ et etiam se ipsum metitur,

Fz/ communis erit mensura numerorum F^, AB. et

adparet; eum etiam maximam esse. neque enim

ullus numerus numero Fz/ maior metietur Fz/.

at si Fz/ non metitur AB, minore numerorum

AB, TJ semper uicissim a maiore subtracto relin-

quetur numerus aliquis, qui proxime ante-

A- cedentem metietur. unitas enim non re-

£i -r linquetur; sin minus, AB, FA inter se

iz primi erunt [prop. I]; quod contra hypo-

thesim est. ergo numerus aliquis relin-

B-
i Jl
\_ quetur, qui proxime antecedentem meti-

etur. et TA metiens BE relinquat se

ipso minorem EA, EA autem z/Z metiens relin-

quat se ipso minorem ZF, TZ autem AE meti-

atur. iam quoniam FZ metitur AE^ AE autem

z/Z metitur, etiam TZ metietur z/Z. uerum etiam

se ipsum metitur. quare etiam totum TA metie-

tur. sed jTz/ metitur BE-, quare etiam TZ metitur

BE. uerum etiam EA metitur. quare etiam totum

BA metietur. uerum etiam TA metitur. ergo TZ
metitur AB, Fz/. itaque TZ communis est mensura

numerorum AB^ JTz/. dico iam, eum etiam maximam
esse. nam si TZ numerorum ABj Fz/ communis

mensura maxima non est, aliquis numerus maior

numero TZ numeros ABj TA metietur. metiatur,

et sit H. et quoniam H metitur Fz/, TA autem BE

¥
Zr] rz BVp. di] om. B. 14. Ante tnsi in V est: 6

81 E J (in ras. m. 2) savtov iXocaaovoi ov ^BXQst xb {xov m. 2)

rz. 21. iatl BV, comp. p.

Euclidos, edd. Heiberg et Mengo. II. 13
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rQ8t, Tcal 6 H aQa rhv BE ^srQst' ^erQet ds xal

oAoi^ rov AA' xal XoLTtov ccQa rov AE ^erQ^Gec.

6 8e AE rov zlZ fierQet' tcal 6 H aQa rbv AZ ^e-

rQrjOeL' ^erQet de xal oAov toz^ z/F* xal Xomov aQa

5 Toi' rZ ^erQfj^ei 6 ^eL^cjv rov ek(x66ova' oTteQ ecrlv

ddvvarov ovx aQa rovg AB, JTz/ aQid-^ovg aQid-^og

ng ^erQiqCei ^ec^cjv cov rov FZ' 6 FZ ccQa rcov ABy
TA ^eyiOrov e6ri xoivov ^erQOv [oTtSQ edsi det^ai},

HoQiOfia.

10 'Ex dfj rovrov (paveQov, orf^ iav aQid^fiog dvo uQid^-

/Ltovg ^erQTJ, xal ro ^syiCrov avrtav xoivbv ^erQOv

HsrQ7J6si' oJtSQ sdsi dsth,ai.

I

y •

TQidiv ccQid^^ojv doO-fVrcov ^rj jtQcarcov TtQog

15 dXXrjXovg rb ^eyi6rov avrmv xoivbv ^erQov

SVQStV.

"E6rG)6av 01 dod-svrsg rQstg dQid^^ol ^r] TtQcoroi

TtQbg dkXrjXovg ot A, B, F' dst drj rc5v A, B, F rb

fisyi6rov xoivbv ^srQov svQstv.

20 ECXrjcp&a yccQ dvo rc5v A, B rb ^syi6rov oioivbv

^srQOV 6 A' 6 drj A rbv F Tjroi ^srQst 7] ov ^srQst.

ItsrQsCrco TtQorsQov' ^srQst ds xal rovg A, B' 6 A
ccQa rovg A, B^ F ^srQst' 6 A ccQa rcov A, J5, F
xoivbv ^srQov i6riv. Xeyca d?j, or^ xal ^eyi6rov.

i

3. (isxQst' Kcci] corr. ex asxqr^ast. m. 1 p. xov z/Z aQCi F.

liSXQTiGsi] fisxQst F. 4. rov] corr. ex x6 m. 1 p. JF]
rj p. 5. SGXLv] om. B. 8. sgxiv PV. 10. xovxo P,

sed corr. 12. dnsQ ^'dsi dst^ai] P; om. BFVp. 19. fis-

xQOv] bis p. 20. dvo yccQ p. 22. iisxQst] (alt.) om. F.

24. sGXLv] comp. Fp; hxC PBV. drj] om. P.
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metitur, etiam H metitur BE, uerum etiam totum

BA metitur. quare etiam reliquum AE metietur.

sed AE metitur AZ. quare etiam H metietur z/Z.

uerum etiam totum z/JT metitur. quare etiam reli-

quum rZ metietur maior minorem; quod fieri non

potest. ergo numeros AB, TA non metietur numerus

maior numero TZ. ergo TZ maxima est communis

mensura numerorum AB^ TA.

Corollarium.

Hinc manifestum est, si numerus duos numeros

metiatur, eum etiam maximam eorum mensuram

communem mensurum esse.^) — quod erat demon-

strandum.

III.

Datis tribus numeris non primis inter se maximam
mensuram communem inuenire.

Sint tres numeri dati non

primi inter se A^ B, T. opqrtet

igitur numerorum A, B, T
maximam mensuram commu-

nem inuenire.

sumatur enim duorum numerorum A, B maxima

mensura communis z/ [prop. II]. A igitur aut meti-

tur T aut non metitur. prius metiatur. metitur

autem etiam A^ B. A igitur numeros A^ B, T meti-

1
-

1

b\
1
r

1
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eC yocQ ^7] iativ 6 z/ toov A, B, F ^eyL^rov xoti/oi^

^stQOv, ^8tQrj6£L tLg tovg A^ B, F ccQLd-^ovg aQLd-^bg

^£L^OV aV TOV ZJ. fl£tQ£LtC3, Xal £0tCO 6 E. £7t£l

ovv 6 E tovg A, B, F ^£tQ£L, %al tovg A, B aQa

5 ^£tQrjd£L' xal to tc3V A, B aQa ^iyL^tov kolvov fi£-

tQOv ^£tQi]0£L. tb ds tCJV A^ B ^tyLGtov xoLvbv IIE-

tQOV £6tlv A' 6 E CCQa tbv A ll£tQ£L 6 ^EL^CJV

tbv ikdaaova' ojC£q iatlv ddvvatov. ovx aQa tovg

A, B, r aQLd-^ovg aQLd-^vg tLg ^£tQri6£L ^sl^cjv mv

10 tov A- 6 z! ccQa tav A^ B, F ^iiyLatov iatL xoLvbv

^itQOV.

Mrj ^£tQ£Ltc3 dri b A tbv F' Xiycj 7tQC3tov, otL

01 r, z/ ovK slaL TtQcitoL JtQbg dkXi^kovg. i7t£l yccQ

OL A, B, r OVX slaL TtQCJtOL TtQbg dkkrjlovg, ^£tQ7]a£L

15 tLg avtovg dQLd^^og. 6 drj tovg A, B, F [lEtQCJV xal

tovg A, B ^£tQrja£L, xal tb t^v A, B fiiyLatov xol-

vbv ^itQov tbv A \ji£tQria£L' ^£tQ£L dl xal tbv F'

tovg z/, r ccQa UQLd^^ovg aQLd^fiog tig fi£tQrja£L' ol

A, r aQa ovx eiaL jtQcotoL TtQbg dXXrikovg. EtXrjtpd^a)

20 ovv avtcov tb ^iytatov xoLvbv ^itQov 6 E. xal iTtsl

6 E tbv z/ ^£tQ£L, 6 dh A tovg A, B ^£tQ£t, xal 6

E ccQa tovg A, B ^£tQ£L' ^EtQst d£ xal tbv F' 6 E
ccQa tovg A, B, F ^£tQ£L' 6 E ccQa tcov A, B, F xol-

v6v iati fiitQov. Xiyco dri, otL xal ^iyLatov. £l

26 yocQ ^ri iatLV 6 E tcov A, B, F tb ^iytatov xoLvbv

1, yccQ] corr. ex ya m. 2 P. yioLvov (isyL6tov V. 3. cov]

om. V. 4. ovv] om. BFp. 7. E] corr. ex JT m. 2 F.

8. icTLv] om. Fp. 9. dQid^fiog] om. F. rtg] om. P.

Sv] om. P. 12. jttTj] STipra F. 13. T, z/] J, F BVp.
15. dQid-fiog avxovg F. rovg] corr. ex xov m. rec. F. 17.

Tov] x6 FV. yLhXQTiGBi tov d p. 18. a^t^O-ftovff] m. 2 V;
om. BF. dQi^^og] F, dQi&fiovg q). 21. iiexqsl'] (alt.)
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tur. quare z/ communis mensura est numerorum

Aj B, r, dicO; eundem maximam esse. nam si ^
numerorum A^ B, F maxima mensura communis non

est, numerus aliquis numero z/ maior numeros A, 5, F
metietur. metiatur et sit E. iam quoniam E nume-

ros A, Bj r metitur, etiam A, B metietur. quare

etiam maximam mensuram communem numerorum

A, B metietur [prop. II coroll.]. uerum maxima men-

sura communis numerorum A^ B est z/. itaque E
metitur z/ maior minorem; quod fieri non potest.

itaque numeros A, B, F non metietur numerus maior

numero A. ergo A maxima est mensura communis

numerorum A, B, F.

iam ne metiatur z/ numerum F. dico primum,

numeros JT, z/ non esse primos inter se. nam quo-

niam A, Bj F primi non sunt inter se, numerus ali-

quis eos metietur. qui autem Aj jB, F metitur, etiam

Aj B metietur, et z/ maximam mensuram communem
numerorum Aj B metietur [prop. II coroll.]. uerum

etiam F metitur. quare numeros Aj F numerus ali-

quis metietur. itaque z/, F primi non sunt inter se.

sumatur igitur eorum maxima mensura communis

E [prop. II]. et quoniam E metitur Aj A autem A^ B
metitur, etiam E metitur A^ B. uerum etiam T me-

titur. E igitur A., Bj T metitur. quare E numero-

rum Aj 5, T communis est mensura. iam dico, eun-

dem maximam esse. nam si E numerorum A^ Bj T

bis F. v.aX h E aqa zovq A, B (isrQSv] mg. m. 2 B. 23.

r] insert. m. rec. B. yiotvov'] bis P, sed. corr. 24. ^rj]

om. P, 25. t6] om. p.
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^BtQOV, ^£tQl]06L tig rOi;g A^ B.r CCQLx^lLOVg aQL%-

ILog fiSL^cov av tov E. ^stQSLtco, xal eotco 6 Z. xccl

BTtel 6 Z tovg A, B, F ^etQst, xal rovg A, B ^iEtQet'

xal tb tav A, B aQa ^syLOtov xolvov fistQOv ^s-

5 tQYi^SL. tb ds tSv Ay B ^isyLetov tcolvov fistQOv

s(3tlv 6 z/* 6 Z aQa tbv z/ ^stQst' ^stQst ds xal

tbv F' 6 Z ccQa tovg z/, F ^stQst' xal tb tcov z/, F
aQa fisyL^tov xoLvbv ^stQov ^stQT^6sL. tb ds tmv z/, ll

r [isyL^tov xoLvbv ^stQov sGtlv b E' b Z ccQa tbv

10 E fistQst 6 ^SL^CDv tbv sXd66ova' oitSQ sOtlv ddvva-

tov. ovK ccQa tovg A, 5, F aQLd-^ovg dQLd-fiog tLg

^stQri^SL iiSLt,cov av tov E' 6 E ccQa tSv Ay B, r
[isyLOtov i0tL xoLvbv iistQOV OTtsQ sdsL dst^aL.

16 '^'ATCag aQLd-^bg Ttavtbg aQLd^^ov 6 ikd66cov

tov ^SL^ovog ijtOL ^SQog iatlv rj ^sqtj.

*'E6t(Q6av dvo aQLd^^ol ol A, BF, Tcal s6tco ikda-

6C0V b BF' Xsyco, otL b BF roi5 A TJtOL ^SQog i6tlv

rj iisQrj.

20 Ol A, BF yccQ 7]tOL TtQcotOL TtQbg dXXi^Xovg sl-

6lv 7] OV. £6tC06aV TtQOtSQOV 01 A, BF TtQCOtOL TtQbg

1. ccQLd^ixovg^l om. P. 4. ccqu] om. V. (litQov] om. P.

7. rdvl x6 F, sed corr. rd] supra m. 1 P. J, F e corr.

m. 2 V. 11. aQid-^ovs] comp. F; om. Vp. 13. tazLv V.

Post iiitQOv add. BV: tQioiV uQa ccQLd^fimv do&ivtcov rjvQTjtcci

ro lisyLGtov V.01V0V (istQov. dst^at] P; TcoLrJGccL Theon (BFVp).
Seq. in p , B in mg. imo m. 1 , V mg. m. 2 : 7c6ql6(icc. bv. drj

(eras. B) tovtov (tovtcov V) tpavsQov, oti sav ccQL&fiog tQSig

aQid^fiovg (iBtQrij y.al to (liyLGtov avtcav tiolvov (litQOv (istQri-

6Bi. 6(iOLa)g Se xat nXsLovojv aQL&fimv Sod^ivtoav (irj nQcotcov

TtQog dXXi^lovg to (isyi6tov avrfov (om. Vp) tiolvov (istQov

svQL6v,staL xat t6 n6QL6(ia nQoxcoQ^6SL. Praeterea V in textu
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maxima non est mensura communis, uumerus aliquis

maior numero E numeros ^, B, F metietur. metiatur

et sit Z. et quoniam Z numeros ^, J5, F metitur,

etiam ^, B metitur; quare etiam maximam numero-

rum A, B mensuram communem metietur [prop. II

coroll.]. uerum numerorum A, B maxima mensura

communis est z/. Z igitur z/ metitur. uerum etiam

r metitur. Z igitur z/, F metitur. quare etiam nu-

merorum z/, F maximam mensuram communem me-

titur. uerum numerorum z/, F maxima mensura com-

munis est E. Z igitur E metitur maior minorem;

quod fieri non potest. itaque numeros A, B, F
non metietur numerus maior numero E. ergo E
maxima est communis mensura numerorum A, B JT;

quod erat demoustrandum.^)

IV.

Minor numerus maioris semper aut pars est aut

partes.

Sint duo numeri A, BF, et minor sit BF. dico

BF numeri A aut partem aut partes esse.

nam A, BF aut primi sunt inter se aut non primi.

prius A, BF primi sint inter se. diuiso igitur BF

1) Cfr. p, 194, 12. proprie Dec dft|at nec TroiTjaat, sed
svQBLv dicendum erat (Studien p. 62); nam propp. II—III no-
QiGuara sunt (ib. p. 61), inde consecuta est uariatio scripturae.

habet: zov avxov 81 tQonov y.al tcXelovcov aQi^fioov 8od-svTcov

t6 (isyiatov noivov (istQOv svQrjaofisv. 15. "Jnag] "A littera

initialis add. m. 2, ut semper fere, V; eras. B; habent Ppqp.
17. sXatt(ov F. 18. Xsyoi oxi\ in ras. cp. 6 BF tov A]

eras. F. 21. TiQOtSQOi V. ot A, B F] mg. V.
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dXXi^Xovg. diaLQed^evrog drj roi!) BF £tg rccg iv avnp

^ovddag 'e^rai iKd^rr] ^ovdg rcov iv rcp BF ^SQog n
Tov A' Sore iieQTq i6rlv 6 BF rov A.

Mrj e0r(D6av drj ot A^ BF TtQoorot TtQog dX'kr\-

5 Xovg' 6 drj Br rbv A ijroi, ^erget rj ov ^erQet. el

^ev ovv 6 BF rbv A ^erQet, ^eQog icrlv 6 BF
Tov A. et 8e ov, eiXrjcpd^cj rmv A, BF ^iyi^rov xoc-

vbv fierQOv 6 A, xal dLrjQrjGd-o) 6 BF eig rovg ra A 11

i6ovg rovg BE, EZ, ZF, Tcal inel b A rbv A ^e-

10 rQet, ^eQog i0tlv 6 z/ roi; A' l(5og de b A eKdorcp

rcov BE, EZ, ZV' xal exaerog aQa rmv BE, EZ, ZT
rov A fieQog iarCv co6re ^eQrj idrlv b BF Toi) A.

"ATtag ccQa dQid-fibg jtavrbg aQid-^ov b ikd66cov

Tot5 ^ieilovog rirot ^eQog iorlv 7] neQri' oTteQ edei

15 det^ai.

e'.

^Edv aQid^iibg aQtd-^ov ^eQog
fj,

xal ereQog

ereQov rb avrb (leQog ?}, xal Gvva^cporeQog

avva^cporeQOV rb avrb fieQog §arai, oTtSQ 6

20 elg To€ £voff.

^AQid-^bg yaQ b A [aQid-^ov] tov BF ^eQog earco,

ical ersQog 6 ^ ereQOv toi; EZ rb avrb ^eQog, oneQ

b A rov BF' Xeyco, oTt xal avvaficporeQog b A^ A
avvaiicporeQov rov BF, EZ rb avrb ^eQog iariv, OTteQ

26 A Toi) BF.

'Ejtel ydQ, o ^eQog iarlv 6 A rov BF, rb avrb

1. Si^] yaQ, supra scr. diq F. savtm p et F (corr. qp).

2. Tt] F; x6 tp. 4. ot A, BT] om. V. aXXriXovg oi A, BTY.
7. TO (liyLGzov BFp. S. o BF] F; ABF q>. t« ] corr.

ex x6 p. 9. v.ccl] om. BFp. 10. ds] ^rj P. syiatEQOi Y cp.

11. xat] F ; 6 qp. UQa zov V. 13. iXcctT(ov qo. 18, ^]
P; om. BFVp. 21. (xQLd-nov] om. P. fisQog] F, (lovog cp.
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E-

in suas unitates unaquaeque unitas in jBF compre-

hensa pars aliqua erit numeri ^; quare

BF numeri ^ partes erunt.

iam ne sint Jl, BF inter se primi.

itaque BF aut metitur A aut non metitur.

iam si BF metitur ^, pars est BF nu-

meri ^. sin minus, sumatur numerorum

Aj BF maxima mensura communis ^
[prop. 11], et diuidatur BF in partes numero ^
aequales, BE, EZ, ZF. et quoniam z/ metitur A,

pars est z/ numeri A. sed ^ = BE = EZ = ZF,

quare etiam unusquisque numerorum BE^ EZy ZT
pars est numeri A, quare BT partes sunt numeri A.

Ergo minor numerus maioris semper aut pars est

aut partes; quod erat demonstrandum.

V.

Si numerus numeri pars est, et alius numerus

alius numeri eadem pars, etiam uterque utriusque

eadem pars erit, quae unus unius.

nam numerus A numeri BT pars

p, sit, et alius numerus A alius nu-

jj
meri EZ eadem pars sit, quae A

^ numeri BT. dico, etiam A -\- A nu-

2 meri BT -\- EZ eandem partem esse,

quae sit A numeri BT.

nam quoniam quae pars est A numeri BT^ eadem

22. jLif^og] [iBQog iattv (-tv m. 2 e corr.) V. 23. Xeyo) — 25:
Br] mg. m. 2 V. 24. EZ] F, BZ cp. 26. o] supra m.
1 V. t6 avTo'] tovxo P.
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^BQog B(3rl xal 6 A xov EZ^ o6ol aQa ei6iv iv rc5

BT aQi^iiol L'6oi rc5 A, roaovroL Ei6i xal iv ra EZ
aQid-^ol i0oi ra A. difjQTjad-cj 6 ^ev BF etg rovg

rc5 A taovg rovg BH, HF, 6 de EZ etg rovg rc5 z/

5 laovg rovg E®^ ®Z' earai dri l'6ov rb itkijd^og tmv

BH, HF ra Ttli^^ei rcjv E®, &Z. xal eTtel l'6og

e0rlv 6 ^ev BH ra A, 6 de E@ rc5 z/, xal ot" BH,
E& aQa rotg A, A i'60i, dia ra avra drj xal of

HF, &Z rotg A, A. o6oi ccQa [ei6iv] ev ra BF
10 aQid-^ol l'60i rc5 A, ro(?oi)rot ei6i xal ev rotg BFj
EZ l'6oi rotg A, A. o6a%Xa6icov aQa i6rlv 6 BF
rov A, ro6avra7tla6icov e6rl xal 6vva^(p6reQog 6

BF, EZ 6vvay.cporeQOv rov A, A. 6 ccQa ^eQog i6rlv

6 A rov BF, ro avro ^BQog e6rl xal 6vva^(p6reQog

15 6 ^, z/ 6vva^cporeQOv rov 5F, EZ' oneQ ^dei detl^ai.

s'.

'Eav ccQid-^og aQid^^ov ^BQrj
fj,

xal ereQog

ereQOv ra avra iiBQT} fj, Tcal 6vva^cp6reQog 6vv-

a^cporsQOv ra avrd ^BQrj e6rai, oTteQ 6 elg

20 Toi} ev6g.

^AQid-^og yccQ 6 AB ccQid^^ov roi) F ^eQtj e6ro3y

xal ereQog 6 AE ereQOv rov Z ra avra ^bqyj, aneQ

6 AB roii F' Xeyco, on xal 6vva^cp6reQog 6 AB, AE

1. S6tiv F. yiai] in ras. m. 2 p , insert. m. 2 F. z/]

corr. ex A m. 2 p. ccga] aga ccQid^^OL V. 2. ccql&^ol] om. V.

A] ^ q). slaiv PB. 7. Post J add. Theon: 6 BH uqu xco

A laog B6tC (kriv B) (BFVp). 8. ccqcc] om. Theon (BFVp).
rcot] om. Theon (BFVp). ta avtd] tavra V. Post d^
add. Theon: yial 6 HF tm A taos (F, igov qp) s6tLv {s6tC V,

comp. p) (BFVp). In V' praeterea add. v.al 6 @Z tm J.

ot Hr, 0Z tots A, ^] o HT ta A l'6og s6tLv, 6 ds &Z
Tc5 z/ P; 6 Hr Totff AJcp (non F). In emendatione praeiuit
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pars est etiam A numeri EZ^ quot sunt in BT
numeri numero A aequales, totidem etiam in EZ
numeri sunt numero z/ aequales. diuidatur ^F in

numeros numero A aequales BHy HFy EZ autem in

E&, @Z numero z/ aequales. erit igitur multitudo

numerorum BHj HF multitudini numerorum E®, &Z
aequalis. et quoniam est BH=Aj E® == A , erunt

BH -\- E® = A -\- A. eadem de causa etiam

Hr-\-®Z = A + A.

itaque quot sunt in BF numeri numero A aequales,

totidem sunt etiam in 5F + EZ numeris A -\- /1

aequales. quare quoties multiplex est BT numeri A^

toties multiplex est etiam BT -\- EZ numerorum

A +• A. itaque quae pars est A numeri BT^ eadem

pars etiam A + A sunt numerorum BT -\- EZ\ quod

erat demonstrandum.

YI.

Si numerus numeri partes siint, et alius numerus

alius numeri eaedem partes, etiam uterque utriusque

eaedem partes erunt, quae unus unius.

Nam numerus AB partes sint numeri T^ et alius

AE alius Z eaedem partes, quae AB numeri T.

Augustus. 9. zolq\ aga xoLg V. z/] J 1'gol eIoIv V. o6oi]

06- in ras. m. 2 F; i'6ri cp (non F). sl^iv] om. P. 10.

ti6iv PB. 12. 86tIv P. 13. o] om. cp (non P). (iSQog] F,

(itv (p. 15. 6'ft|at] 7ioir]6cci, V. 17. fiSQOg p. 21. ccQid'-

(lov'] ccQi&iiov (p (non F). 22. JE] E supra m. 1 V. 23.

ozi 6vvaa(p6xBQOL ot p.
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6vvtt^(poreQOV rov F, Z rcc avrcc ^sqyj eGriv^ ccTtsQ

6 AB Tov r.

'EtcsI yttQ, a ^sgrj s6rlv o AB rov F, rcc avra

^sQYj xal 6 ^E Tov Z, o6a aga s6rlv sv rcp AB
5 iiiQri rov F, roOavrcc s6rL xal sv rS ^dE ^sgrj rov

Z. dtrjQT^ad^cj 6 ^sv AB sig ra rov F ^iSQrj ra AH,
HB, 6 ds ^E slg ra roi) Z ^SQrj ra A&, &E'
sorau drj l'0ov ro TtXrjd-og rcov AH, HB rw Ttkri^^SL

rcov z/0, &E. xal STtsc, o ^SQog s6r\v 6 AH tov F,

10 To avro fiSQog s6rl xal 6 AS tov Z, o ccQa [isQog

s6rlv o AH rov J^, ro avro ^SQog S6rl xal 6vva^-

(porsQog 6 AH, A® 6vva^(porsQOv rov F, Z. dia

T« avrcc dr] xal o ^isQog s6rlv o HB rov F, t6 avro

^SQog s6rl xal 6vva^<p6rsQog 6 HB, ®E 6vva^(pors-

15 Qov Tot; r*, Z. a ccQa ^SQrj i6rlv 6 AB rov F, ra

avrcc ^isQrj s6rl xal 6vva^(p6rsQog 6 AB, AE 6vvaii-

(porsQOv Tov P, Z* OTtSQ sdsL dst^aL.

r.

'Eav ccQLd-^bg aQLd^^ov [iSQog ?y, onsQ acpaL-

20 QS^^slg a(paLQsd^svrog, xal 6 XoLitog rov Xol-

Ttov t6 avxb iiSQog s6raL, oTtSQ 6 oXog rov oXov.

'AQid^^bg yccQ 6 AB ccQLd^nov tov FA fiSQog ^6roj^

OTtSQ acpaLQsd-slg 6 AE d(paLQsd-svrog rov TZ' Xsyco.^

orL xal koLTtbg 6 EB XoLTtov tov ZA rb avrb ^SQog

25 s6rLv, OTtSQ oXog 6 AB oXov rov FA.

4. z/E] £ e corr. m. 2 F. 5. sgti] om. B. Q. AH^
A corr. ex z/ F. 7. z/E] E^ p. 10. tatCv BF. 11.

l0TtV] eotIv kul F, sed yicci del. xat] xat 6 p. 13. dr]]

del. m. 2 P. iaxL V. t6 avto (isgog iatC] yicci b E@ xov

Z* o ocQu fiSQog iazl to HB tov V P. 14. xat'] v,a.l 6 p.

15. «] supra m. 1 V. 16. iativ PB. 18. ^'] om. V, in
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"O yccQ fiSQOs e6tlv o AE xov JTZ, to avxb as-

Qog 80X0 xccl 6 EB xov FH. nal eTtSL, o ^8Qog

s6xlv AE xov rz, xo avxo ^ieQog a6xl xal 6 EB
xov FH, aqa ^SQog s6xlv 6 AE xov FZ, xb avxb

5 iLSQog 86x1 nal 6 AB xov HZ. o ds ^sQog 86xlv 6

AE xov rZ, xb avxb ^SQog vTtoxsLxac xal l AB
xov FA' o aQa ^SQog s6xl xal 6 AB xov HZ, xb

avxb ^SQog i6xl xal xov FA' i'6og aQa s6xlv 6 HZ
X(p FA. xoLvbg aq)rjQri6d^(o 6 FZ' Xoiitbg aQa 6 HF

10 XoLTia xa ZA s6xiv l'6og. ytal insC, o [isQog s6xlv

AE xov rZ, xb avxb fiSQog [s6xl] xal 6 EB roufll

Hr, l'6og ds 6 HF xa ZA, o ccQa ^SQog s6xlv 6

AE xov rZ, xb avxb iiSQog i6xl Tial 6 EB xov ZA.
aXXa o \isQog i6xlv 6 AE xov FZ, xb avxb ^SQog

15 i6xl Tcal 6 AB xov FA' xal koLTtbg ccQa 6 EB XoLitov

xov ZA xb avxb ^SQog i6xCv, onsQ olog b AB okov

XOV FA' OJtSQ sdsL dst^ccL.

n

'

^Eav ccQL^^bg ccQLd^^ov ^sqtj
fj,

ansQ acpaL-

20 Qsd^slg cccpaLQsd^svxogj xal b koLnbg xov koLnov

xa avxa hsqtj i6xai, ansQ 6 oXog xov oXov.

^AQLd-^bg yccQ 6 AB aQLd^^ov xov FA ^sqtj s6xg),

ansQ a^paLQsd^slg b AE dcpaLQsd^svxog xov TZ' Xsyca,

7. Igziv PB, comp. p. HZ] corr. ex HF m. 1 F. 8.

v.ai\ xal AB Theon (BFVp); o AB add. in mg. m. rec. P.

Post T/1 add. Theon: o AB aga syiarsgov tav HZ, FJ x6

avxo fisQog sGxCv (BFVp); idem P, mg. m. rec. HZ] ZH
Vp. 9. xotvcoff P, corr. m. 1 et insuper m. rec. 10. Haog iart V.

11. iaxC] om. P. 12. HT] F in ras. F. ds] 8s naC Vp.
6 HF T<p z^Z F in ras. «>«] om. F. 13. satCv P. EB
xov ZJ] AB rov Fz/ F, corr. m. 2. 14. dXX' P, corr. m. 1.
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nam quae pars est AE numeri PZ, eadem pars

sit EB numeri FH. et quoniam quae pars est AE
numeri FZ, eadem pars est EB numeri FH, etiam

AB numeri HZ ea-
A E B ,

! 1
dem pars est, quae

H r Z ^ AE numeri FZ
[prop. Y]. supposu-

imus autem, AB numeri FA eandem partem esse, quae

sit AE numeri FZ. itaque quae pars est AB numeri

HZj eadem idem pars est numeri FA. itaque HZ= FA,

subtrahatur, qui communis est, FZ. itaque HF= Zz/.

et quoniam quae pars est AE numeri jTZ, eadem est EB
numeri ffJJ et HF= Zz/, quae pars est AE numeri

rZj eadem est EB numeri ZA. uerum quae pars est

AE numeri FZj eadem est AB numeri Jz/. ergo

etiam reliquus EB reliqui ZA eadem pars est, quae

totus AB totius Jz/-, quod erat demonstrandum.

VIII.

Si numerus numeri partes sunt eaedem, quae abla-

tus numerus ablati, etiam reliquus reliqui eaedem

partes erunt, quae totus totius.

Nam numerus AB numeri FA eaedem partes sint,

quae ablatus AE ablati FZ. dico, etiam reliquum

dXXa. ] in ras. m. 2 F ; o aga post ras. plus quam 2 linn. V.
JE] EB V; e corr. F.

^
FZ] in ras. F; Zz/ V.

^
16. Post

rj add. Bp: 6 aga fiSQOS aorlv 6 EB xov Z/i, x6 avxb (i£-

Qog iaxl v.al 6 AB xov FJ; idem P mg. m. rec. Jtal loiTtog

uQa] v.ai mutat in o et in mg. add, aQa [leQog soxlv F m. 2

{loLTtbg apa in init. lin. seq. (a m. 1) intactum relinquitur).

16. lotCY. 17. Fz/] BF F. 21. 6] om. Pp; m. 2 F,

22. T//] r add. m. rec. P.
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otL %al XoLTcbg 6 EB koinov xov 2,A xa avxa ^bqt]

S6XLV, aTtSQ oAog o AB oAov xov Fz/.

KsCad^o yccQ xa AB tcog 6 H®. a aQa fisQrj

s6xlv 6 H® xov FzJ, xa avxa ^sqtj sCxl xal 6 AE
5 xov rZ. diriQriCd-o l ^sv H0 slg xa xov jTz/ ft£^?/

xa HK, K&^ 6 ds AE sCg xa xov FZ ^SQrj xa AA^
AE' saxat dij l'6ov xo nXrid-og xcov HK, K@ rc5

TcXTjd^sL xcQv AA, AE. xal insi, o ^sQog i6xlv 6

HK xov Fz/, xo avxo [iSQog s6xi xal o AA xov JTZ,

10 iLsCt^Giv ds Fz/ xov rz, fisC^cov ccQa xal 6 HK xov

AA. 7tsC6&G} xS AA taog o HM. o ccQa ^isQog i6xlv

HK xov TA^ xo avxb fiSQog iexl xal 6 HM xov

rZ' Kal XoLTtog ccQa 6 MK Xoiitov xov ZA xb avxb

liSQog idxCv, OTtSQ oXog 6 HK oXov xov FJ. JtccXiv

15 insC, ^SQOg i6xlv 6 K® xov Pzf, xb avxb ^sQog

i^rl Kal 6 EA xov FZ^ ^sC^cov ds 6 FA xov FZ,
^sC^cav aQa otal 6 ®K xov EA. xsCad-co xcj EA laog

6 KN. CLQa ^BQog iaxlv 6 K& xov FA, xb avxb

^SQog s6xl xal 6 KN xov TZ' xal XoLitbg aQa b

20 N0 XoiTtov xov ZA xb avxb ^SQog iaxCv., otcsq oXog

6 K® oXov xov TA. idsCxd-f} dl xal XoiTtbg b MK
XoLTtov xov Z^ xb avxb fisQog Sv, onsQ oXog 6 HK
oXov xov TA' xal 6vva^(p6xsQog ccQa 6 MK, N®
xov AZ xa avxa iiSQrj iaxCv^ aitsQ oXog b ®H bXov

1. Jtat] xat 6 V. Zd] zj add. m, 2 F. 2. oXoc] 6

oXog B. 4. eotl] iatCv F. 8. AE] in ras. V. 9. HK]
K postea insert. V. iotCv PV. v.aC] om. P. 11. HM]
MH Vp. 11. sotCv PF. 16. sotCv F. zov TZ] m. 2 supra
scr. F. 17. 0K] K@ P. 18. KN] corr. ex KH m. rec.

p; mutat. in iCH m. 2 V. 19. (i8(i8Qog P; corr. m. 2.

iotCv F. xat XoLTiog] Xoinog V. 20. N@] corr. ex H&
m. rec. p. Zz/] z/ eras. V. onsQ] m. 2 V. 21. idsL-

X&r] 6e — 23: FJ] mg. V. 21. kccC] v.al 6 BFV. 6] om. p.
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EB reliqui Zz/ easdem partes esse^ quae sit totus

^B totius r^.

ponatur enim H® = AB. itaque quae partes est

H® numeri i^z/, eaedem est etiam AE numeri JTZ.

diuidatur H® in HK^ K® partes numeri Fz/, AE
autem in AA, AE partes numeri JTZ. itaque multi-

_ rr > tudo numerorum HK. K@ mul-
1 Z zJ

i
!

1 titudini numerorum AA, AE
^ "^ "

f "^ f aequalis est. et quoniam quae

A A E B ^ pars est HK numeri F^,
eadem est AA numeri JTZ, et

Fz/ > rZ, erit etiam HK> AA. ponatur HM= AA.

itaque quae pars est HK numeri FA, eadem est

HMnumeri FZ. quare etiam reliquus MK reliqui ZA
eadem pars est, quae totus HK totius Fz/ [prop. VII].

rursus quoniam quae pars est K@ numeri FA, eadem

est EA numeri FZ, et FJ> FZ, erit etiam @K>EA.
ponatur KN= EA, itaque quae pars est K® nu-

meri FA, eadem est KN numeri JTZ. quare etiam

reliquus N® reliqui Z^ eadem pars est, quae totus

K0 totius FA [prop. VII]. demonstrauimus autem,

esse etiam reliquum MK reliqui ZA eandem partem,

quae totus HK totius sit F^. quare etiam MK -f- N0
eaedem partes sunt numeri z/Z, quae totus ®H totius

22. mv] om. p, ov V. HK] KH P. 23. FJ] JF FVp.
MK] eras. V N9] corr. ex H& m. 2 p. 24. JZ] AZ F;
ZJ Vp. 9H] H0 FVp.

i
Euclides, cdd. Heiberg et Menge. IT. 1 •{
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rov r^. i6og de avvafig^orsQog fisv o MK^ N®
Tw EB, 6 ds 0H rc5 BA' xal loiitog ccQa 6 EB
XoiTtov tov Zzf ra avta iiSQrj iettv, ccTtsQ oAog 6

AB oXov rov JTz/* oTtSQ idei, dst^ac.

6 »\
'Eav aQid^^og aQtd^^ov fiSQog tj, xal stsQog

stsQov to avto iLSQog y, xal ivaXXd^, o (iSQog

s6tlv 7] ^SQfj 6 jtQootog roi5 tQLtov, tb avto

^SQog s0taL ^ ta avta ^sqyi xal 6 dsvtsQog

10 ror tstccQtov. 1
'AQtd^fibg yccQ 6 A dQi%\i,ov tov BF ^iSQog ^^ro,

xal stsQog 6 z/ stsQOV toi EZ tb avtb ^SQog, CTtSQ

A tov BF' Xsyco, oti xal svaXXd^, o fiSQog ifStlv

6 A roi5 z/ 7} (ISQ7J, tb avtb fiSQog idtl xal b BF
15 rot5 EZ 7] fisQTj.

^Eitsl yccQ fiiQog i6tlv b A tov BF, to avtb

fiSQog i6tl xal 6 ^ tov EZ, o6ol aQa slelv iv rcr

BF aQL^fiol i'60L tip A, toCovtoC si0L xal iv ta EZ
l'0OL rc5 z/. dLrjQi^6d^G) 6 fisv BF sig tovg rw A

20 i!0ovg tovg BH, HF, 6 dh EZ slg tovg ta ^ l'6ovg

tovg E®, 0Z' s6taL dri l'6ov tb TtXrjd-og tmv BH,
Hr rc5 Ttkrjd-SL tav E®, &Z.

Kal iitSL i'60L sIgIv ol BH, HF aQLd-fiol dXXr\-

Aotg, £1^1 b\ xal OL E®, @Z dQLd^fiol i'60L dXXrikoLg^

1. rz/] z/r BF. ^e] V corr. ex dri', dri PBFp. |*fv

6] 6 ftsv V. MK, N@] mutat. in HM, KN m. 2 V; Xol-

nog aqa 6 MK, N9 tco EB i'aog iariv mg. m. 2 V. 2. rco]

e corr. m. 1 F. EbYbE V m. 1, AE m. 2. @H] ©Np.
BA] mutat. in MK m. rec. p. 3. ZJ] corr. exJZ m. 2 V,

z/Z F. 6. Post ETSQog ras. 6 litt., dein tov nqtotov fisi^ovog

tov dsvtsQOv punctis del. F; totam protasin ita, ut apud nos

legitur, in mg. repetit m. 2. 7. ^] P; om. BFVp. 9.
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r^. sed MK + N® = EB') et &H=BA. ergo

etiam reliquus EB reliqui Zz/ eaedem partes sunt,

quae totus AB totius r!^; quod erat demonstrandum.

IX.

Si numerus numeri pars est et alius numerus alius

numeri eadem pars, etiam permutatim, quae pars uel

partes primus est tertii, eadem pars uel partes erit

secundus quarti.

Nam numerus A numeri BF pars sit, et alius A
alius numeri EZ eadem pars sit, quae A numeri BF,

dico, etiam permutatim numerum BF eandem partem

uel partes esse numeri EZ^ quae pars uel partes sit

A numeri z/.

Nam quoniam quae pars est A numeri jBP, eadem

est ^ numeri EZ, quot sunt in ^jT

!
numeri numero A aequales, totidem

etiam in ^Z sunt numero z/ aequa-

- les. diuidatur jBF in numeros BHy
Hr numero A aequales, EZ autem

in E0, &Z numero z/ aequales. ita-

que multitudo numerorum BH, HF
multitudini numerorum E0, 0Z aequalis est. et quo-

niam BH^HF et E@= 0Z, et multitudo numerorum

H

-r -

1) Nam HM + MK + XiV + iNT® = ^^ + ^E + EB,
et HM= AA, KN = EA.

iatai] iati comp. p. 11. Post 1'atw add. Y: rj ra avtcc ^bqti

pimctis del. {liQog torai p. 13. Post BF add. BVp, F mg,
m. 2: lldttcav ds Iffreo 6 A tov J {J in ras. m. 1 B"). o]
sopra 8cr. onsQ m, 1 p. 14. iat^v F. 17. iativ PF.
%aQ om. P. 18. elaiv PB. 21. htai] iatL F , corr. m. 2

24. tlaiv P. E0] EZ p.

14*
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.

y.aC i6tLV l'0ov t6 TtXrid-os tcov BH, HF ra iikri^-Bi

t^v E®, ®Z, o ccQa ^EQog e6x\v o BH toz E@
rj ^SQtj, to avtb fiSQog iatl xal 6 HF tov &Z rj

ta avta ^eQrj' Sots xal o ^SQog i6tlv o BH tov

5 E® 7] ^SQTj, to avto ^SQog i6tl xal 6vva^q)6tSQog

6 BF ^vva^cpotsQOv rov EZ rj ta avta ^SQrj. i'6og

de 6 [isv BH rc5 A, 6 ds E0 tc5 z^* o aQa ^SQog

iatlv 6 A tov A r\ ^SQTj, tb avtb ^SQog ietl xal

o BF tov EZ rj ta avta fisQrj' oitsQ ^dsL dstlai,.

10 i .

'Eav ccQid-nbg aQLd-fiov iiSQrj jj, xal stSQ

stsQOv ta avta fisQti fj, xal ivaXkd^, d ^SQrj

iatlv 6 TtQcotog tov tQttov ^ ^SQog, td avtd

iiSQrj siStaL xal 6 SsvtSQOg tov tstaQtov ^ to

15 avtb ^SQog.

'AQLd^^bg ydQ 6 AB aQLd-^ov tov F ^SQrj s6to,

xal stSQog 6 ^E stSQOv tov Z td avtd ^SQrj' Xsyo),

otL xal ivalXd^, a (iSQri i6tLv o AB tov ^E rj fis-

Qog, td avtd fiSQrj i6tl zal 6 F tov Z ij tb avto

20 flSQOg.

'EtcsI yaQ, d [iSQrj i6tlv o AB tov F, td avtd

lisQTj i6tl xal ^E tov Z, o6a aQa i6tLV iv ta

AB fisQri tov r, to6avta xal iv tS AE fiSQrj tov

Z. diTjQr^^d^co b fisv AB sig td tov F fiSQrj td AH,
25 HB, i ds AE sig ta tov Z (iSQrj td A0, SE' S6tai

oT|

2. E0] corr. ex EZ m. 1 F. 4. mats] -ts in ras. V.
7. Ss] d^ P. ^ 12. ^] P; om. BFVp. 13. Ante ^ in p
del. %at. (Ji^sQog] corr. ex (isqt] p. 14. satat (isqt] V.
jtat] m. 2 F. IQ. AB] inter A et B duae litt. eras. V.
kctoo] qp, ^ctaL? F. 17. Post (isQrj add. BFYp: sGtto ds
{ds m. 2 F; iXuttcov Ss SGtca B) b AB tov JE IXccaaoov (m.
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BHj HF multitudini numerorum E&^ @Z aequalis

est, erit etiam HF numeri 0Z eadem pars uel partes,

quae BH numeri E&. quare etiam quae pars uel

partes est BH numeri E@^ eadem pars uel partes

est BT numeri EZ [prop. V et VI]. sed BH = ^,

E@ = ^. ergo quae pars uel partes est A numeri

jdy eadem pars uel partes est etiam BF numeri £JZ;

quod erat demonstrandum.

X.

Si numerus numeri partes sunt, et alius numerus

alius numeri eaedem partes, etiam permutatim quae

partes uel pars primus est tertii, eaedem partes uel

pars est secundus quarti.

Numerus enim AB numeri F partes sint, et alius

z/£ alius numeri Z eaedem partes. dico, etiam per-

mutatim numerum F easdem partes uel partem esse

numeri Z, quae AB numeri ^ E.

nam quoniam quae partes est AB
numeri P, eaedem est etiam z/£J nu-

meri Z, quot sunt in JIB partes uu-

meri F^ totidem partes numeri Z in

^E sunt. diuidatur AB in AH,
HB partes numeri F, ZlE autem

in ^0, &E partes numeri Z. erit
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drj l'6ov to 7ckri%-0Q tcav AH^ HB rc5 7t?.7]d-et tav

^@, ®E. xal insL, o ^sgog iatlv 6 AH rov T, ro

avto ^SQog ictl xal 6 z/0 tov Z, xal ivaXld^, o nsQog

i6tlv 6 AH tov z/0 Yi ^BQT]. tb avto fiSQog iatl

5 Tcal o r tov Z 7] ta avta fiSQrj. dca ta avta d^

xai, o ^SQog iatlv 6 HB tov &E 7] iisQrj, t6 avtb

^SQog i6tl xal b F rot; Z 7] ta avta iisQr}' S6t6

TiaC [o iiSQog i6tlv b AH tov J® ri (iSQrj, tb avtb

fisQog i6tl xal b HB tov @E ^ ta avta iiSQrj' xal

10 aQa ^SQog i6tlv 6 AH tov A0 ?} f*£()?y, tb avtb

^SQog i6tl xal b AB tov ^E r/ ta avta fisQTj' aAA'

o nEQog i6tlv b AH xov z/0 ^ i^^(>^9 t^o avtb [iSQog

idsLxd-rj Tcal 6 F tov Z rj ta avta ^SQrj, xal] a [aQa]

fisQrj i6tlv 6 AB tov AE 7] fiSQog, ra avta fiSQrj

15 iotl xal b r tov Z rj tb avtb ^SQog' otcsq ^dsc dst^ai.

I

'Eav

»slg

XoiTt

20

la .

lav rj G)g oXog TtQbg oAov, ovtog dcpaiQS-

' TCQbg dfpaLQsd-ivta, xal b loiTcbg TCQbg tbv

/lULjcbv ^6taL, (og oXog TCQog oXov.

''E6tG) ag oXog b AB TCQbg okov tbv Jz/, ovtcag

d^patQsd-slg b AE TCQbg dtpaiQS^svta tbv FZ' Isyco,

oxi xal loLTcbg b EB TCQbg koiTcbv tbv ZJ i6xLv, cog

olog AB TCQbg oXov tbv FA.

^Etcsl i6tLV (og b AB TCQbg tbv FJ, ovxag b AE

1. ^T]] di p. AH, HB] in ras. qp. 2. ^@, 0E]
eras. F. 3. xat'] (alt.) Pp, B m. rec; om. F V. 4. zf 0] ©^ P.

5. r] post ras. 1 litt. F. ru avra] om, p.
^
dia ra — 7:

ft^97]] om. V; (oaxE %ccl 6 HB xov @E to avto lcri fiSQog r)

fiSQri, OTiSQ 6 iGog tc5 HB, tovrsaTLV 6 AH, ra i'c(o r<p J@,
rovrsatLv tm @E p; idem V mg. m. 1 bis (fiSQog sariv , tov
HB tovrsari). 6. HB] BH F. t6 avto (iSQog] bis P,
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igitur multitudo numerorum AH^ HB multitudini nu-

merorum ^&^ @E aequalis. et quoniam quae pars est

AH numeri T, eadem est ^@ numeri Z, permutatim

quae pars uel partes est AH numeri z/0, eadem pars

uel partes est etiam F numeri Z [prop. IX]. eadem de

causa etiam quae pars uel partes est HB numeri

&Ej eadem pars uel partes est F numeri Z. quare

etiam quae partes uel pars est AB numeri ^E, eae-

dem partes uel pars est etiam F numeri Z^); quod

erat demonstrandum.

. XI.

Si est ut totus ad totum, ita ablatus ad ablatum,

etiam reliquus ad reliquum erit, ut totus ad totum.

Sit AB : rj = AE : FZ. dico, esse etiam

EB:Z/i = AB : Fz/.

quoniam est ^5 : FA = AE : FZ, erit AE eadem

1) Nam AH eadem pars uel partes est numeri JS, quae
HB numeri @E. ergo (prop. V et VI) AB numeri JE eadem
pars uel partes est, quae AH numeri d@ siue quae F numeri
Z. — sed quae hanc ipsam ratiocinationem continent uerba
lin. 8—13, merito auctoritate codicis P Theoni tribuenda esse

uideri possunt (Campanus in his libris arithmeticis tanto opere
a Graecis discrepat, ut perraro ex eo documenta peti possint).

corr. m. 2. 7. fiigog] eras. F. ictl xaH om. F. 8. o

(liQog — 13: (ligr} na/'] mg. m. rec. P. 8. o ccqu (jbiQog F. 9.

ccQu (liQog Vp. HB zov — 11: xat 6] om. Vp. ifjB]

H9 F.^ 10. J&] A0 F. 11. AB]A&F. ZIE]AEF.
13. aQa] m. rec. P. 14. iariv] iatL xat Vp. 15. iati'v P.

17. (og] om. p. 22. 6 loLnog 6 V. Post nQog add. V: oXov
tov rj TtQog Tov, del. m. 1. ZJ] JZ P. 24. Post ins^
add. yuQ FV m. 2, P m. rec. 6] (alt.) in ras. m. 1 B.
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TtQog tov rZ, ccQa ^£Qog iGxlv b AB tov Jz/ ^
[isQi^y t6 avto ^BQog e6tl xal o AE tov FZ ^ ta

avtk ^aQrj. zal loLiibg aga 6 EB lotJtov tov Zz/ t6

avto fiSQog i6tlv ^ ^iQ^i^ ajteQ b AB tov F^. sativ

5 aQa G)g 6 EB JtQog tbv Zzt, ovt(og b AB JtQog tbv

r^' oJteQ edec del^aL.

'Eav d>6Lv b7to6oLOvv aQLd^^ol dvdXoyov,
ietat mg elg tcov rjyovfisvcov Ttgbg eva tav

10 eTtOfievav, ovtcog ditavteg ot rjyov^evoL TtQog

djtavtag Tovg ejto^iivovg.

"E6tco6av bitoaoLOvv dQL%^iiol dvdloyov ot A^ B,

JT, ^y (hg b A TtQog tbv 5, ovtcog b F TtQog tbv A'

Xiyo, otL ictlv (hg b A JtQcg tbv B, ovtcog ot A^ F
15 TtQbg tovg B, A.

'Ejtel yaQ ictLV mg b A ngbg tbv 5, oi^^Tog 6 F
TtQbg thv ^, o aQa fiiQog iatlv 6 A tov B rj ^iQrj,

tb avtb ^iQog ictl xal b F tov A rj ^igrj. xal 6vv-

a^ipoteQog dga b A, F 6vva^(potiQov tov B, ^ tb

20 avtb (liQOg i6tlv rj td axTtd ^iiQrj, diteQ 6 A tov B.

i6tLv aQa (bg b A JtQbg tbv 5, ovTog ot A, F JtQbg

tovg B, A' OTteQ edeL detl^aL.

Ly.

'Edv ti66aQeg aQLd^iiol dvdXoyov co6lv, xal

25 ivakXd^ dvdXoyov e^ovtat.

XUI. Philop. in anal. post. fol. 18.

1 Tov] om. V. 2. lcxiv F. 3. loinog] Xoinov p. Zz/]

\dZ V. 4. unsQ] -nsQ eras. F. 6] bie p. 12. uvuXoyov]
om. Vp, euan. F. 13. 6 T] di cp. 6 P — 14: B, ovroog]
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pars uel partes numeri FZ, quae ^B nu-

meri JTz/ [def. 20]. quare etiam reliquus EB
reliqui Zz/ eadem pars uel partes erit, quae

AB numeri Fz/ [prop. VII. VIII]. ergo

EBiZ^ = AB : FJ
B- d- [^®^- ^^]*? quod Grat demonstrandum.

r-

Z

XII.

Si quotlibet numeri proportipnales sunt, erunt, ut

unus praecedentium ad unum sequentium, ita omnes

praecedentes ad omnes sequentes.

Sint quotlibet numeri proportio-

nales A, B, F, A, ita ut sit

A:B = r:^.
dico, esse A : B = A + T : B + ^.

nam quoniam est A : B = F : ^^

quae pars uel partes est A numeri

By eadem pars uel partes est etiam

r numeri A [def. 20]. quare etiam A -\- F eadem

pars uel partes sunt numerorum B -{- A^ quae A
numeri B [prop. V. VI]. ergo

A:B = A-i-r:B + ^ [def. 20];

quod erat demonstrandum.

XIII.

Si quattuor numeri proportionales sunt, etiam

permutatim proportionales erunt.

om, p. 16. A] in ras. m. rec. P. rdv] rd cp. 17. o]
7] (p (non F). Tov~\ tov cp. 19. 6] e corr. V, m. 2 F.

20. hxCv] comp. F, euan. Dein in F seq. 23 folia perga-
meni recentissimi (qp); incip. ^axlv rj -axX., desin. IX, 15 fin.

:

dBt^aL. 21. Post tcxLv in B: o, del. m. 2. 24, coat Vpqp.
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"E0tG)0av T866aQsg ccQid^^ol avKkoyov ot A, B, F,

z/, G)g o A TtQog xov B, ovtcog 6 F TtQog tov A' Xsyco,

otc xal svalXa^ avdkoyov s6ovtai, (hg l A TtQog tov

r, ovtcog 6 B TtQog rov z/.

5 ^ETtsl yocQ s0tLV cog 6 A TtQog tov B, ovtcjg 6 F
TtQog tbv z/, ccQa fiSQog s6tlv 6 A tov B 7] nsQt},

to avto iiSQog s6tl xal 6 F tov z/ tJ toj avta fisQi].

svaXXa^ ccQa, o fiSQog s6t\v 6 A rov F ^ /"'^V^? "po

avro ^SQog s0tl xal 6 B tov A i] ta avta ^sqtj. s6tLv

10 ccQa d)g 6 A itQog tov F, ovtcog 6 B TtQog tov z/'

OTtsQ sdsL dsL^aL.

Ld\

'Eav C06LV o7to60LOvv aQLd-^OL xal dXXoL

avtotg l'60L to JtXijd^og 6vvdvo ka^pavo^svoL
15 xal iv t(5 avta koyco. xal dt' l'6ov iv tco avrco

XoyG) s6ovtaL.

"E6tG)6av OTto^OLOvv aQLd^^ol OL A, B, r xal dkloL

avtolg l'60L to. Ttkrjd-og 6vvdvo ka^PavofisvoL iv ta

avtG) XoyG) OL A, E, Z, G)g ^lv 6 A JtQog tov B,

20 ovtcDg 6 z/ TtQog tbv E, G)g d^ 6 B TtQbg tbv F, ov-

tcag 6 E TtQbg tbv Z' ksya), ott xal dL l'6ov i6tlv

G)g 6 A TtQbg tbv F, ovtcog b A itQbg tbv Z.

'Ejtsl ydQ i6tLV G)g b A TtQbg tbv B, ovtag 6 A
TtQog tbv E, ivakkd^ aQa i6tlv G)g o A TtQbg tbv z/,

25 ovtcog 6 B JtQbg tov E. JtdkLV, iits^ i6tLV G)g 6 B
TtQbg tbv r, ovtog 6 E TtQbg tbv Z, ivakkd^ aQa

i6tlv G)g 6 B TtQbg tbv E, ovtcog 6 F TtQbg tbv Z.

G)g ds B TtQbg tbv E, ovtcag 6 A TtQbg tbv\d' xal

I

9. B] e corr. V. ixsgrj xd avta p. 15. xat] om. Vpqp.
l6yco\ m. rec. B. 17. P] T, z/ p. 27. cos] om. p.
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Sint quattuor uumeri proportionales A, By F, z/,

ita ut sit ^ : 5 = r* : ^. dico, esse etiam permutatim

A:r=B'.J.
nam quoniam est A\ B = F : ^, quae

pars uel partes est A numeri 5, eadem pars

uel partes erit etiam F numeri z/ [def. 20].

, itaque permutatim quae pars uel partes

est A numeri Fy eadem pars uel partes

est etiam B numeri z/ [prop. X]. ergo

- A : r = B : J [def. 20]; quod erat de-

monstrandum.

XIV.

Si quotlibet numeri dati sunt et alii iis numero

aequales bini simul coniuncti et in eadem proportione,

etiam ex aequo in eadem proportione erunt.

Sint quotlibet numeri Ay B, F et alii iis numero

aequales bini simul coniuncti in eadem proportione

I
1

1 i

.

A , E, Z, ii2L ut sit A : B = zt : E et B : r= E : Z.

dico, esse etiam ex aequo A : F= ^ : Z.

nam quoniam est A : B = A : E, permutatim erit

A : A = B : E [prop. XIII]. rursus quoniam est

B:r= E:Z,
permutatim erit B:E= r:Z [id.]. sed B:E= A:A.
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(hg aQa 6 A TtQog tov ^, oZtcog 6 F TtQog xov Z'

ivaXXcc^ ccQa iatlv ag o A %Qog xov F, ovrcog 6 A
jtQog tov Z" o%eQ edet del^ai.

le .

5 ^Eav ^ovag aQid^^ov rtva ^etgrj, lcaTiig de

eteqog aQtd^^og aXXov tivd aQid^^ov (letQTJ, xal

ivaXXa^ i6aKLg rj ^ovag rov tQitov aQi^^ov
^etQ7]6eL xal 6 devteQog tov tetaQtov.

Movag yccQ 7] A dQi^iiov tiva tbv BF ^etQeLtcj,

10 tadxtg de eteQog aQL^^og 6 /1 dXXov tivd dQi^^ov

Tov E7j \jLetQeCtci' Xeyco, Zti xal ivaXXd^ lcdmg ^ A
^ovdg tov A aQLd^^ov ^etQet xal 6 BF tov EZ.

^Eitel yaQ iGdxLg rj A ^ovdg t6i/ BF aQLd^^bv

fietQet xal l ^ tbv EZ.^ 06aL ccQa elclv iv tcj BF
15 ^ovddeg, to6ovtoL ei6L xal iv t<p EZ aQLd-^ol l6ol

Tc5 z/. dLTiQri^^o 6 ^ev BF eig tdg iv eavta fto-

vddag tdg BH, if©, 0F, 6 dl EZ eig tovg ta A
l'6ovg Tovg EK^ KA., AZ. e6taL dr] i'6ov tb jtX^^d^og

tav BH, H©, ®r Tc5 nXri^eL tav EK, KA, AZ.

20 3««^ i^sl i^dcci' ti6lv at BHy H®, GF ^ovddeg dXXrj-

XaLg, ei6l de xal oC EK, KA, AZ dQLd^^ol 1'6ol dXXri-

Aotg, otaC i6tLV i'6ov tb itXrjd^og tav BH, H@, ©F fio-

vddav Tffll 7tXri%^eL tmv EK, KA, AZ dQLd-^csv, e6taL

ccQa G)g r} BH fiovdg JtQog tbv EK aQLd^fiov, ovtog

25 r} H® fiovdg TtQbg tbv KA dQLd^fibv xal rj GF fio-

vdg TtQbg tbv AZ aQLd-fiov. e6taL aQa xal cog elg

2. ivaXXcc^ ccqo] in ras. m. 1 p. ^] in ras. (p. 6.

dQLd'(i6v'] om. p. 7. dQLd-(i6v'\ om. B. 8. (xszqsl B. 9. tLva']

e corr. V. (lEXQi^Ta) B qp. 10. 8s] supra m. 1 V. 6 z/]

snpra m. 1 V. xlvcc] xlvcc [isxqslzco V, XLvd (isxqtjxco cp.
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quare etiam A\ /i = T \Z. ergo permutatim erit

A\ T= ^ \Z [id.]; quod erat demonstrandum.

XY.

Si unitas numerum aliquem metitur, et alius nu-

merus alium numerum aequaliter metitur, etiam per-

mutatim unitas tertium numerum et secundus quartum

aequaliter metietur.

Nam unitas A numerum aliquem BT metiatur, et

alius numerus ^ alium numerum EZ aequaliter me-

tiatur. dico, etiam per-

^
, f -^ f f mutatim unitatem A nu-

A merum ^ et BT nume-

~Z , „ rum EZ aequaliter me-
E K A Zj

1 1 1 1 tiri.

nam quoniam unitas A numerum BT et A nume-

rum EZ aequaliter metitur, quot sunt in jB JT unitates,

tot etiam in EZ numeri sunt numero A aequales.

diuidatur BT in unitates suas BH, HS^ ®T et EZ in

numeros EK, KA, AZ numero A aequales. erit igi-

tur multitudo numerorum BH, H@, &T multitudini

numerorum EK, KA, AZ aequalis. et quoniam

BH=H0 = &T
et etiam EK = KA = AZ, et multitudo unitatum

BH, H@, @T multitudini numerorum EK, KA, AZ
aequalis est, erit BH : EK= H@ \ KA = @T\ AZ.

11. (lEtQslrm] om. V qp. laccing] om. p. 12. (istqec

Ccayiig p. 16. Elaiv PB, ccQi&iim p. 16. 6] 7] (p. sav-
Tw] PB, avTM Yj)(p. 18. dri] ds p. 19. KA] K e corr. V.

23. rmv EK] tc5 M, EKtp. 24. mg] m. 2 V. tov]
om. p. ovtmg] in ras. m. 2 V. 25, iI0] in ras. m. 2 V.
KA] in ras. m. 2 V. v,ai 17—26: aQi^iiov] mg. m. 2 V.

26. aQiS-iiov] om. B. ?atai] iativ comp, p.
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tcav tjyov^svcov TtQog eva tmv eTto^evcov, OfTcag anav-

tsg oi rjyov^svoL TCQog ajtavtag tovg STto^evovg' s6tLV

aQa G)g rj BH ^ovag TtQog rox/ EK aQid-^ov, ovtcog

6 BF TtQog tbv EZ. Larj ds r^ BH (lovag trj A fto-

5 va8i^ b\ EK ccQLd^^bg tS A aQtd^iKp. s6tLv aQa (og

rj A ^ovag TtQbg tbv A aQLd^^ov, ovtog b BF TtQbg

tbv EZ. iedxLg aQa rj A fiovag tbv d dQLd-^ibv ^s-

tQst xal 6 BF tbv EZ' onsQ sdsi dst^aL.

IL<5 .

10 Edv dvo dQid^^ol 7toXXa7tXa6Ld6avtsg dD^rj

kovg 7tOL(D6L tLvag, oC ysvo^svoL s^ avtcov tCOL mw

dkXrikoLg s6ovtaL. f|
"E6tc36av dvo aQLd^^ol ot A, B, xal 6 (ilv A tbv

B 7tokka7tka6Ld6ag tbv F 7toisLtcj, 6 dl B tbv A 7tokka-

15 7tka6Ld6ag tbv A 7tOLSLtG)' ksyco, otL l'6og s6tLv b F
ta /d,

'E7tsl yccQ 6 A tbv B 7tokka7tka6Ld6ag tbv F tis-

TtOLrjxsv, 6 B aQa tbv F ^stQst xatd tdg iv ta A
^ovddag. ^stQst ds xal rj E ^ovdg tbv A aQLd^fibv

20 xatd tdg iv avta fiovddag' l6dxLg aQa rj E ^ovdg

tbv A dQLd^^bv [istQst xal 6 B tbv F. svakkd^ aQa

i6dxLg rj E ^ovdg tbv B aQLd-^bv ^stQst xal b A
tbv r. 7tdkLV, STtsl 6 B tbv A 7tokka7tka6Ld6ag tbv

z/ 7tS7tOLrixsv , A aQa tbv A (istQSt xatd tdg sv

25 ta B ^ovddag. ^stQst ds xal r\ E ^ovdg tbv B
xatd tdg iv avt^ fiovddag' l6dxLg aQa r] E ^ovdg

tbv B dQL&fibv ^stQst xal 6 A tbv z/. i6dxLg ds

rj E iiovdg tbv B aQLd-^bv i^stQSL xal 6 A tbv F'

3. ccQccl ccQU Aui p. jrpoff] bis P. 4. 6] 7\ p. ao-

va8C\ -Sl in ras. V. 7. •^] 6 P. A] supra m. 2 V. |tio-
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erit autem etiam, ut unus praecedentium ad unum se-

quentium, ita omnes praecedentes ad omnes sequentes

[prop.XII]. q\xa>ieBH:EK=Br:EZ. sedSH=^,
et EK = z/. quare erit A: ^ == BT.EZ, ergo uni-

tas A numerum ^ ei BF numerum EZ aequaliter

metitur; quod erat demonstrandum.

XVI.

Si duo numeri alter alterum multiplicans numeros

aliquos efficiunt, numeri effecti inter se aequales erunt.

Sint duo numeri A^ B, et sit

AxB = r, BxA = zJ,

dico, esse r= ^.

1
1 A nam quoniam AxB= r, B

I \B numerum F secundum unitates

r 1 1 numeri A metitur. uerum etiam

/j 1
1 unitas E numerum A secundum

1—lE unitates eius metitur. itaque

unitas E numerum A et B numerum F aequaliter

metitur. itaque permutatim unitas E numerum B et A
numerum F aequaliter metitur [prop. XV]. rursus quo-

niam BX A = ^^ A numerum A secundum unitates

numeri B metitur. uerum etiam unitas E numerum

B secundum unitates eius metitur. itaque unitas E
numerum B et A numerum ^ aequaliter metitur.

uerum unitas E numerum B et A numerum F aequa-

vag] om. P. aqi&yi.ov] om. P. ftsi^QV V- H- ^oimatv B.
14. Ttoiiqra) V, sed corr. 19. 17] supra m. 1 p. E] e corr. p.

20. uvxij p. uQo] in ras. V. 21. ladv.i(: aqa Pm. 1, corr.

m. rec. 22. lad%Lq\ om. p. iiovdq tad%ig p. 23. ^] in

ras. m. 1 B. 25. tm] avtm P, corr. m. rec. 27. tbv
J — 2S: Tial 6 A] om. p. 28. ^yi^itQBi] P; yi.Btqet BVqp.
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C6cixLg ccQa l A ixdxsQov rcov F, z/ ^exqsi. l'6os

aqa s6tlv 6 F ra A' cTtsg sdst dstlai.

4'.

'Eccv ccQLd-^bg dvo ccQL&fiovg jtolXaTcXaCidoag

5 jtoLTJ TLvag, oC ysvo^svoL s^ avtav tbv av-

tov s^ov6l Xoyov tolg 7toXXa%Xa6Lai5^sl6iv.

^AQL^\i6g yccQ 6 A dvo ccQLd-^ovg rovg 5, F noXka-

7tka6Ld<3ag tovg z/, E TtOLSLtco' XsyG)^ otL iotlv mg

6 B TtQog rov F, ovTog 6 A TtQog tbv E.

10 'Ejtsl yccQ 6 A rbv B TtoXlaTtXaOLdaag tbv A 7ts-

TtOLTjxsv, b B ccQa tbv A ^stQSt xatcc tccg iv ta A
liovddag, ^stQst ds xal rj Z ^ovag tbv A uQLd^^bv

xatd tdg iv avta ^iovddag' lcdmg ccQa rj Z fiovdg

tbv A aQid^fibv ^stQst xal 6 B tbv A, ^0tLV ccQa

15 cog ^ Z ^ovdg TtQbg tbv A aQLd^^oVy ovtcog 6 B
TtQbg tbv A. dLa td avtd drj xal d>g rj Z fiovdg

JtQbg tbv A aQLd-^ov, ovtcjg 6 F JtQbg tbv E' xal

mg ccQa 6 B TtQbg tbv /d, ovtcog 6 F itQbg tbv E.

ivaXkd^ aQa iatlv mg 6 B nQbg tbv F, ovrcjg 6 ^
20 ^?^ff 'fo^ ^* oTtSQ sdsL dst^aL.

ir\.

^Edv ^vo dQL^\io\ aQLd^fiov tLva TtoXkaTtka-

6Ld<5avtsg 7toLco6L tLvag, oC ysvofisvoL i^ av-

Tcoi/ rbv avrbv s^ov^c koyov rotg Ttokkanka-

25 6Ld6a6Lv.

1. 6 A] om. p. rwv] tov p. 5. rbv avtov^ supra V.
7. noXXcc7tXaaicc6&8iCL p. 8. tovg] in ras. V. 11. rc5] avtm P,

avtm t<p m. rec. 13. avtij p. 15. 17] aupra m. 1 p. «91-9"-

(lov] orQ. P. 17. xal cog — 18: nqog tov E] om. P. 18.
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liter metiebatur [p. 222, 22]. itaque A utrumque

numerum T, z/ aequaliter metitur. ergo T— /1\ quod

erat demonstrandum.

XVII.

Si numerus duos numeros multiplicans numeros

aliquos efficit, numeri ex iis effecti eandem rationem

habebunt, quam habent numeri multiplicati.

Nam numerus A duos numeros J5, T multiplicans

numeros z/, E efficiat. dico, esse B\T— A -.E.

i \A

B\ 1 ri 1

I—iZ

quoniam enim A numerum B multiplicans z/ effe-

cit, B numerum A metitur secundum unitates numeri A.

uerum etiam Z unitas numerum A secundum unitates

eius metitur. itaque unitas Z numerum A et B nu-

merum A aequaliter metitur. quare Z : A = B : A
[def. 20]. eadem de causa erit etiam Z : A == T : E.

quare etiam B : A = T : E. itaque permutando [prop.

XIII] B : T = A : E'^ quod erat demonstrandum.

XVIII.

Si duo numeri numerum aliquem multiplicantes

numeros aliquos efficiunt, numeri inde effecti eandem

rationem habebunt, quam multiplicantes.

tov J] J Y q). 24. sxovOL P. noXXanXaGiaGaoi, p, noXXa-
nXaaut^ovat, V cp. Dein seq. in V : dvo yag ccQLd^iiol ot A^ B
aqi^[i6v zLva zov T noXXanXaoidoavTsg noimot zivag ot ysvo-

Hsvot. i'% avTcov zov avtov a^ovoi zotg noXXanXaoiaoa (ras. 2

litt.); punctis del. m, 1.

Euclidea, edd. Ueiberg et McQge. II. 15



226 ^TOiXEiiiN r.

z/vo yccQ aQi^^ol oC A, B aQL^iiov tiva tbv F
jtoXXa7cXa6Ld6avteg tovg z/, E TtouCtco^av' kiyo^ otc

ictlv G)g b A TCgbg tbv B, ovtog b A TtQog tbv E,

'EtcsI yccQ b A tbv F 7tokka7cXa6id0ag tbv jd ns-

5 TCocrjTtsv, xal o F aQa tbv A TCokkaTckaCidcag tbv z/

TCETCoCriTiSv, dvd td avtd drj otal 6 JT tbv B TCoXka-

TCkaCid^ag tbv E TCSTCoCrjxsv. aQLd-^bg drj b F dvo

aQtd^^ovg rovg A, B TCoXXaTcXaetdGag tovg ^, E tcs-

TCoCrjKSV. s6tiv aQa mg b A iCQbg tbv 5, ovtcog b

10 A TCQbg tbv E' otcsq sdst dst^ac.

4'Eav ti66aQsg aQLd^fiol dvdXoyov (66tv,

sx TCQcotov xal tstdQtov ysvo^svog aQtd-fibg

l'6og s6tai rw ix dsvtiQov xal tQCtov ysvo-
15 fi£va> aQtd^^a' xal idv 6 ix iCQcotov xal tstdQ-

tov ysvo^svog aQtd^^bg l'6og ij ta ix dsvtiQov

xal tQCtov, OL ti66aQsg aQtd^^ol dvdXoyov
s6ovtat.

"E6ta)6av ti66aQsg dQid-^ol dvdXoyov oi A, B, F,

20 ^j cog b A TtQbg tbv B, ovtcog o F TtQbg tbv ^,

xal 6 fisv A tbv A 7toXXa7tXa6td6ag tbv E 7totsCtco,

b dl B tbv r 7toXXa7tXa6td6ag tbv Z 7totsCtco' XiycOj

ott l'6og i6tlv b E ta Z.

'O yaQ A tbv F 7toXXa7tXa6td6ag tbv H jtotsCtco.

25 ijtsl ovv 6 A tbv r 7toXXa7tXa6Ld6ag tbv H 7tS7toCrjxsv,

tov dh A 7toXXa7tXa6Ld6ag tbv E 7iS7toCr\xsv , aQt^-

(ibg drj b A dvo dQtd^(iovg tovg F, z/ 7toXXa7tXa6Ld6ag

1. xov rj om. p. 2. xbv F xovq p. noirixtoacLv qp. 3.

a)q icTiv p. 5. xatj m. 2 Y; om. p. uqcc] del. V, om. qp.

6. did xd — 8: nsnoCrjKSv] mg. m. 2 V, om. cp. 7. Svo]
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Duo enim numeri Ay B numerum aliquem F mul-

tiplicantes z/, E efficiant. dico, esse A: B = zl i E,

^,
,

nam quoniam A nu-

^ I

,
merum F multiplicans nu-

^ ,
I

merum z/ effecit, etiam F
I

1 numerum A multiplicans

numerum A effecit [prop.

XVI]. eadem de causa etiam F nunierum B multi-

plicans numerum E effecit. itaque numerus F duos

numeros A, B multiplicans numeros z/, E effecit.

itaque erit A : B = A : E [prop. XVII]; quod erat

demonstrandum.

XIX.

Si quattuor numeri proportionales sunt, numerus

ex primo quartoque effectus aequalis erit numero ex

secundo tertioque effecto; et si numerus ex primo

quartoque effectus aequalis est numero ex secundo

tertioque effecto, quattuor numeri

proportionales erunt.

Sint quattuor numeri propor-

tionales A, Bj JT, z/, ita ut sit

A : B = r : A, Qi A X zJ = E,

Bxr= Z. dico, esse E = Z.

nam sit ^ X r= if. iam quo-

niam AxT=H et AxA= E,

numerus A duos numeros F, z/ mul-

euan. V. 11. ^9"'] om. qp, ut semper deinceps. 13. uQid--

l^os] om. p. 14. Ix dsvteQOv] PB, iyi zov devTeQOV Y(p;
dsVTtQip p. XQizO} avyKBllltVO} OCQld^fim p. 17. CCQLd-flOL]

om. p, dvdloyoL p. 21. E] in ras. V. Post noieirca ras,

8 litt. V. ^ 25. Ttsnoirjyit Ycp. 26. di] supra V.

15*
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tovg H, E TteTCoCriTiav. satLv ccqk cjg b F tcqos tov

z/, ovtog 6 H TtQog tov E. akk* (og 6 F itQog tbv

^, ovtag b A TCQog tbv B' xal mg ccQa 6 A JCQog

tbv B, ovtcog b H TCQbg tbv E. Tcdhv^ iTCel 6 A
5 tbv r TCoXkaTClaGLccaag tbv H TceTCOLrjxav , ahXa fir^

xal 6 B tbv r TCokkanXaOLaCag tbv Z TceTCOLrjxev,

dvo drj aQLd^^ol ol A, B aQLd-^ov tLva tbv F tcoX-

XaTckaaLaCavtag tovg H, Z nenoLrixaGLv. eOtLv ccQa

(og o A TCQbg tbv B, ovtcjg 6 H iCQbg tbv Z. akka

10 iiriv Kal Sg A TCQog tbv 5, ovtcjg 6 H iCQbg rbv

E' xal (og ccQa 6 H JCQbg tbv E, oikog 6 H nQog

tbv Z. H ccQa JCQog exccteQov tav E, Z tbv avtbv

e%ei Xoyov i'6og aQa e6t\v b E ta Z.

"Ecta drj tcccXlv i'6og b E to Z' keyo, ott eatlv

15 (og b A ^Qbg tbv 5, ovtcsg 6 F JCQbg tbv A.

Tov yocQ avtov xataaxevaad^evtov , eicel iaog

iatlv b E to Z, eatLV ccQa og b H TCQog tbv E,

ovtcog H TCQbg tbv Z. ^aAA' mg filv 6 H TCQbg

tbv E, ovtcjg F TCQbg tbv z/, (bg dl o H TCQbg

20 tbv Z, ovtcog A TCQog tbv B. xal (og ccQa b A
TCQbg tbv B, ovt(og 6 F TCQbg tbv A' oTceQ edeL det^ai.

2. oytcog 6 H — xov d] mg. m. 2 V. 2. if ] z/ p. dXX'

mg] P; cos di Bpq). 3. xat dtg aqa 6 A Ttgog rov B, ovtoag]

ovxcog ds V , om. qp. tog aga] cogtzsq P. 4. ovtoag v.aC p.

6 H nQog rbv E] om. qp. Post E in V add. m. 2: coff o A
TtQog xov B. Hic qp mg.: ovrcag ds xai. 6 H TCQog rov E mg
6 A TCQog rov B. 6. nsnoCrjyis Ycp. 12. iyidrsQa cp. 16.

insi] del. m. rec. P, adscripto Xsinsi. Post snsC add. Vpqo:
6 A rovg {nQog rovg p) T, J noXXanXaGidaag xovg if, E ns-

noCriycsv , k'6riv uQa cag 6 F nQog rov z/, ovrcag 6 H nQog rov

E; idem praemisso snsC P mg. m. rec. et item praemisso
snsC et additis: i'aog ds sariv 6 E rw Z' ^ariv ccQa dtg 6 H
nQog xhv E B mg. m. 2, deletis lin. 16: i'aog sarCv — 17: xbv E.

taog] i'aog d« Vpqp. 17. sarCv] mutat. in ds m. rec. P. E]
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tiplicans numeros Hy E effecit. erit igitur

r.^ ==H:E [prop. XVII].

uerum T : /1 = A : B. quare etiam A : B = H: E,

rursus quoniam Axr = HQiBxr=Zf duo nu-

meri A, B numerum aliquem F multiplicantes nume-

ros Jf, Z effecerunt. itaque A:B = H:Z [prop. XVIII].

uerum etiam A:B = H:E. quare etiam H: E= H:Z,

H igitur ad utrumque Ej Z eandem rationem habet.

ergo £ = Z [V, 9].

Sit rursus E = Z. dico, esse A : B = F : A.

nam iisdem comparatis quoniam E = Z, erit

H:E = H:Z [V, 7].^)

uerum H:E = r:A [prop. XVII] et H:Z = A:B
[prop. XVIII]. quare etiam A : B = F : zl'^ quod erat

demonstrandum.

1) Cum Enclides plerasque propositiones libri V propria

demonstratione ueus de numeris iterum demonstrauerit, in

quibusdam hoc neglexit, uelut V prop. 11 in his propositio-

nibuB saepissime utitur, p. 228, 13 eiusdera libri prop. 9,

nostro loco prop. 7 , et similiter in aliis.

e corr, hl 1 p. sativ aqu — 18: xov Z] mg. m. 2 V. Bativ']

Uzi <p. E] Z (p. ^IS.^Z] E (p.
^

19. z/] in^ ras.^ V.
Post zJ add. Vp^): xal ag aQa o F nqog xov z/, ovtojs 6 H
ngog xov Z; idem inser. B m. 2, mg. m, rec. P. 20. xat]

om. Vqp. 21. Sequitur in Vpqp propositio de tribus numeris pro-
portionalibus ; om. P m. 1 (in mg. adscripsit m. recens) et

Campanus (u. p. 231 not.); in B in mg. legitur a manu 1.

itaque Theoni tribuenda esse uideri potest; u. appendix.
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t

Ol iXdxL6tOL ccQid-^ol tcjv Tov avtov Ao-

yov i%6vtcDv ccvtotg ^atQOvOL tovg tov avtbv
loyov e%ovtag iaaxLg o ts ftftjoi/ tov ^sitova

5 xal 6 ildaacov tbv iXd66ova.

"E6tG)6av yccQ ikd%i6tOL aQid-^ol tav tov avtov

koyov i%6vtG)v totg A, B ot Fz/, EZ' Xeyco, oti

iodxtg 6 JTz/ tbv A ^etQst xal 6 EZ tbv B.

'O r^ yccQ tov A ovx. i6ti fisQtj. sl yaQ dvva-

10 tov, ^6tG)' xal 6 EZ ccQa tov B td avtd tieQrj i6tiv,

ccTCeQ 6 F/d Tov A. o6a ccQa i6tlv iv tw Fz/ ^sqi]

Tov A, to6avtd i6ti xal iv ta EZ ^SQrj Toi) B.

dirjQT^^d-o 6 ^sv Fz/ sCg td tov A ^sqt} td FHj iifz/,

6 ds EZ sig td tov B ^sQtj td E&^ ®Z' s6tai drj

15 l'6ov tb Ttlijd^og tmv FH^ HA tc5 nXi^d^si tmv E®^
@Z. xal iitsi i'6oi si6iv of FH, HJ «^tO-ftol dk-

liqloig, si6l ds xal oC E@^ ®Z aQi&^ol i'6oi dkkiq-

Aotg, xaC i6tiv i'6ov t6 Jtkrjd^og tdav FH, ifz/ tc5

TCki^d^Si tcjv E@, ®Z, i6tiv ccQa dig 6 FH TtQog tbv

20 E®, ovtog H/1 TtQbg tbv 0Z. s6tai ccQa xal cag

sl^ Tc5i/ rjyov^evcjv TtQbg sva tmv STto^svov, ovtog

anavtsg oC rjyovfisvoi TtQbg dnavtag tovg STtOfisvovg.

s6tiv aQa og 6 FH JtQbg tbv E®, ovtog 6 JTz/

TtQbg tbv EZ' ol FH, E0 aQa totg Tz/, EZ iv

1. h'] xa' Vpg?, P m. rec; in B non liquet. 8. tov

A'] corr. ex t6 A V. 9. iativ B. 10. IWco 6 FJ xov

A iLEQri Vpqp. Tov B] postea add. V. 11. otcsq B, corr.

m. 2. 12. l6Tiv B. Tov] bis V. 14. ©Z] 0H P; corr.

m. rec. iaov di} ^GTUi p. 8ri'] in ras. qp. 16. xat

insi — 19: Tav E@, @Z] del. V, om. (p. 16. i^oi slalv]

om. V. dXXrikoig] laoL dXl^^Xoig slaCv V. 17. BlaC] slaCv P,

iaoi p. i'aoi] om. p. 19. E&] @ e corr. V. 22. dnoc-

Tfg P, corr. m. rec.
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XX.0

Numeri minimi eorum, qui eandem ac ipsi ratio-

nem habent; numeros eandem rationem habentes ae-

qualiter metiuntur, maior maiorem et minor minorem.

Sint enim Fz/, EZ minimi numeri eorum,

qui eandem rationem habent, quam Aj B.

B dico, Fz/ numerum A et EZ numerum B
aequaliter metiri.

nam FA numeri A non est partes. nam

j

si fieri potest, sit. quare etiam EZ numeri

\_
B eaedem partes sunt, quae JTz/ numeri A
[prop. XIII, def. 20]. itaque quot sunt in FA

„ partes numeri A, tot etiam sunt in EZ nu-

meri B partes. dmidatur FA m jTif, HA par-

^ tes numeri A, EZ autem in E@j ®Z partes

,2 numeri B. erit igitur multitudo numerorum

I

rHy HA multitudini numerorum ES^ ®Z
~^

aequalis. et quoniamFH—HA et ES= @Z,

et multitudo numerorum TH, H/1 aequalis est mul-

titudini numerorum E®^ 0Z, erit

TH\E® = H^'.BZ.
quare etiam ut unus praecedentium ad unum sequen-

tium, ita omnes praecedentes ad omnes sequentes [prop.

XII]. quare TH : E& = TA : EZ. itaque Tif, E&

-H

1) De propositione hic omissa haec habet Campanus "VII, 20
add.: non proponit autem Euclides de tribus numeris continue
proportionalibus

,
quod ille qui ex ductu primi in tertium pro-

ducitur, sit aequalis quadrato medii, et si ille qui ex primo
in tertium producitur, fuerit aequalis quadrato medii, quod
illi tres numeri sint continue proportionales , sicut proponit in

16 sexti de tribus lingis. hoc enim facile demonstratur per
hanc 20 cett.
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rw avta loycp sIgIv iXa^aovBg ovtsg avtcoV OTtsQ

i^tlv ddvvatov vnoKsivtai yaQ ot Fzt, EZ iXdxLGtOL

tmv tbv avtov loyov ixovtov avtotg. ovk aQa ^eQfi

i^tlv 6 r^ tov A' fiiQog aga. xal 6 EZ tou B to

5 avto (i6Qog i^tCv^ oitSQ 6 FJ roi) A' ladxLg aQa

6 FA tbv A ^EtQSL xal b EZ tbv B' otisq sSsl

dsL^aL.

xa\

Ol TiQStOL TtQbg dXXriXovg aQL^fiol ikd%L6to\

10 si0L tc3V tbv avtbv koyov ixovtcov avtotg.

*'E6tGi6av TCQcotOL JiQbg dXXi]Xovg aQLd-fiol ol A,

B' Hyco^ otL ol A^ B iXd%i6toi s16l tc3v tbv avtbv

koyov ixovtcov avtotg.

Ei yccQ [iri^ seovtaC tLvsg tcov A, B iXdacovsg

15 aQLd-^ol iv rc5 avta koyco ovtag totg A^ B. s6toaav

ot r, j,

^Ensl ovv OL ildxL6toL aQid^^ol t(ov tbv avtbv

Koyov ixovtcDV iistQOvGi tovg rbv avtbv koyov ^x^v-

tag Ladmg Z ts fisC^cov tbv ^sC^ova xal 6 iXdttov

20 rov iXdttova^ tovts6tLV o ts rjyov^svog tbv rjyov-

^svov xal ino^svog tbv snofisvov, iadmg ccQa 6 F
tbv A ^stQst xal A tbv B. oad-HLg drj b F tbv

A fistQst, toOavtaL fiovddsg iatooav iv rc5 E. xal

1

1. ovrfff] om. qp. 2. iaTiv] P, om. BVpqp. 3. tov]

om. B. avTov'] om. (p. 4. EZ] P; EZ ccqu BVpqp. 5.

iGa^tS UQU rj Tov A] mg. qp. Sequitur propositio quae-
dam noua in BVpqp, a Theone interpolata; om. P (add. mg.
m. rec.) et Campanus (u. p. 233 not.); u. app. 8. xa'] ny'

BVp, P m. rec. \Q. daiv PB. 12. siaiv F.
^

14, Post

jLtjJ add. Theon: slaiv ot A, B iXdxiGTOL tcov xov avtov Xoyov
i%6vTcov ciVTOig (BVpqp). 15. B] corr. ex T m. 1 p. 18.

ixovTCOv avTOtg Vpqp. 19. o xe] oti gp. iXdcocov Vpqp. 20.

iXccacova Vpqp. TOVTeaTi qp.
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minores numeris Tz/, jEZ in eadem proportione sunt;

quod fieri non potest; nam supposuimus, F^, EZ
minimos esse eorum, qui eandem habeant rationem.

itaque Fz/ non est partes numeri A, pars igitur erit

[prop. IV]. ei EZ numeri B eadem pars est ac F^
numeri A [prop. XIII-, def. 20]. ergo FA numerum

A et EZ numerum B aequaliter metitur; quod erat

demonstrandum.

XXI.0

Numeri inter se primi minimi sunt eorum, qui

eandem rationem habent.

Sint primi inter se numeri A^ B. dico,

numeros Ay B minimos esse eorum, qui

eandem rationem habeant.

nam si minus, erunt numeri aliqui mi-

nores numeris A^ B, qui in eadem pro-

portione sint ac A^ B. sint F, A. iam

quoniam numeri minimi eorum, qui ean-

dem rationem habent, eos, qui eandem ra-

tionem habent, aequaliter metiuntur, maior

maiorem et minor minorem [prop. XX], h. e. prae-

cedens praecedentem et sequens sequentem, F numerum
^ et ^ numerum B aequaliter metitur. quoties igi-

tur r numerum A metitur, tot sint in E unitates.

I

1) PropOBitionem omissae similem habet Campanus in addi-

tamento suo VII, 19: hic autem demonetrare uolumus aequam
proportionalitatem in quotlibet numeris duorum ordinum in-

directae proportionalitatis
,
quam deraonstrat Euclides per 23.

quinti in quantitatibus in genere. dicimus ergo: si quotlibet

numeri totidem aliis fuerint indirecte proportionales, extremi
quoque in eadem proportione proportionales erunt, cett.
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6 A UQa tbv B fi6tQ£i xatcc tag iv ta E ^ovddag.

Tial iTtel 6 r tov A ^EtQel xata tag iv ta E ^ovd-

dag, xal 6 E aQa toi' A ^etQet xatd tdg iv ta F
fiovddag. dtd td avtd drj 6 E xal tbv B fiatQet

5 xatd tdg iv rc5 z/ ^ovddag. 6 E aQa tovg A, B fie-

TQet TtQcotovg ovtag TtQog dXXi^Xovg' ojieQ iatlv ddv-

vatov. ovK aQa e^ovtaC rtvfg tmv A^ B iXdCGoveg

aQvd^liol iv rc5 avtci l6y(p ovteg totg A, B. oi A^ 1
B aQa iXdxL<3toC ei6i rcor rov avtov Xoyov ixovtav

10 avtotg' oTteQ edet det^ai.

^^Oi ikdxiOtoi aQi^-inol ttov tov avtov koy

ixovtcov avtotg TtQStoi TtQog dXkriXovg eioCv.

*'EctGi6av ildxiCtoi aQi^iiol tmv tov avtbv Ao-

15 yov ixovtov avtotg ot A, B' Xeyco, oti ot A, B
TtQcotOi TtQog dlXrjkovg etaCv.

El ydQ firj ei6i jtQcotoi TtQbg dXXi^Xovg, iietQridei

tig avtovg aQid^^og. fietQeCtco, xal iatco 6 F. xal

ocdxig ^ev 6 F tbv A fietQet, toCavtai ^ovddeg

20 e6tco6av iv rc5 z/, badxig de b F tbv B fietQet, ro-

aavtai fiovddeg e6tco6av iv rc5 E.

^Ejtel 6 r tbv A fietQet xatd tdg iv rc5 z/

fiovddag, 6 F aQa tbv z/ 7toXka7tka6id6ag tbv A

XXII. Alexander Aphrod. in anal. pr. fol. 87.

2. xai stieC — iLovccdag'^ om. P (abesse non possunt).

E] supra qp. 4. xd avra] ruvttt B. o E xa?] xal 6

E Y(p. 9. bIglv PB. 11. x5' BVp, P m. rec. 12.

avxmv P, corr. m. 1. 13. ttvxoiq] om. Alexander. 15.

Post sxovxoav in V ttXXriXoi? delet. 16. bIgC cp. 17. sIglv B.

TT^oorot] oi Af B tt^coto* Bp. dXXriXovs oi A, B Ycp. 18.
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quare etiam /1 numerum 5 metitur secundum unitates

numeri K. et quoniam T numerum A secundum uni-

tates numeri E metitur, etiam E numerum A metitur

secundum unitates numeri T [prop. XV]. eadem de

causa E etiam numerum B metitur secundum unitates

numeri /1 [prop. XV]. itaque E numeros A, B meti-

tur, qui primi sunt inter se; quod fieri non potest

[def. 12]. itaque non erunt numeri quidam numeris

A, B minores, qui in eadem proportione sint ac A^ B.

ergo A, B minimi sunt eorum, qui eandem rationem

habent; quod erat demonstrandum.

XXII.

Minimi numeri eorum, qui eandem rationem habent,

inter se primi sunt.

Minimi numeri eorum, qui eandem rationem habent,

sint A, B. dico, A, B numeros inter se primos esse.

j , 1
nam si primi non sunt inter se,

J!,
' numerus aliquis eos metietur. meti-

j 1 atur et sit T. et quoties T nume-
^

' rum A metitur, tot unitates sint in z/,

quoties autem T numerum B metitur, tot unitates

sint in E.

quoniam enim T numerum A secundum unitates

numeri A metitur, T numerus numerum A multipli-

cans numerum A effecit [def. 15]. eadem de causa

avrovs] Tov? A, B Theon (BVpqp). IWo)] om. qp. 20.

B} in ras. m. 2 P. 22. insl ydg P, insl ovv V m. 2, op.

2.3. r] J Y in raa., qp. J] F in ras. V, cp. Ante tov
rae. V, lin. V.
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TtETtOLrjKev. 6lcc ta avta $7] xal 6 F tbv E nolXa-

7ila6vd6ag tbv B 7t£7tOLr}K£v. ccQLd-^bg drj 6 F dvo

ccQLd^liovg tovg z/, E noXXaTtkaGidaag tovg A^ B %£-

TtoLYiKEV' £6tLV ccQa (X)g 6 ^ Ttgbg tbv E, ovtcsg 6

6 A TtQcg tbv B' ot z/, J5J ccQa totg A, B iv ta avta

Xoya £L0lv iXd60ov£g ovt£g avtcov 07t£Q ietlv ddv-

varov. ovx aQa tovg A, B aQLd^^ovg «ptO-fiog tig

ll£tQri6£L, OL A^ B CCQa TtQOJtOL TtQOg «AAljAoVg £(0LV

07t£Q £d£L dft|at.

^^,

10 xy .

^Edv dvo dQL%^iiol 7tQcotOL TtQbg dkXrjXo^

coOlVj 6 tbv £va avtojv ^EtQoov aQLd^iibg 7tQbg

tbv XoLTtbv TtQCOtog ^6taL, ll

"E6tco0av dvo dQL^^ol TtQcotoL 7tQlg dXXrjXovg oi

15 A, B, tbv d£ A }i£tQ£Ltco tLg dQLd-^bg o F' Xdyco,

oti xal oC r, B 7tQcotoL TtQbg dXXi^Xovg eI^Cv.

El yccQ 117] £i0Lv OL F, B 7tQcotoL 7tQbg dXXrjXovg^

fi£tQiJ0£i [tLg] tovg F, B dQL^^og. ^£tQ£Ltco, xal £0tCO

o A. i7t£l 6 A tbv r }i£tQ£L, 61 F tbv A ^£-

20 tQ£Ly xal 6 A ccQa tbv A fi£tQ£L. ^£tQ£L 61 xal

tbv B' b A ccQa tovg A, B iiL£tQ£L TtQcotovg ovtag-

7tQbg dXXiqXovg' 07t£Q i0tlv ddvvatov. ovx ccQa tovg

r, B dQLd^fjLOvg dQLd^^og tLg ^£tQrJ0£L. OL JT, B aQa

7tQStOL 7tQbg dXXljXoVg £l0LV' 07t£Q ^d£L d£L^aL.

1. nsnoCriiis V tp. r] mutat. in E V; E qp. E] F
V in ras., qp. 2. dQLd^fiog] mut. in dQi&fioi V, aQid^yioC (p.

r Svo] ot //, E in ras. V, qp. 3. aQid^fiov tov V noXXu-
nkaaidaavtsg V e corr., qp. nsnon^naaiv in ras. V, cp. 6.

stai p. 10. y,s' BVp, P m. rec. 12. nQmtog nQog tov
Xomov p. 16. Xsyoi , oti] Xiym post ras. P. 18. Ttg] m
rec. P. tovg F, £] om. p. Post B add. V: dQL^[iovg^ idem
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erit etiam FX E = B. itaque numerus F duos nu-

meros z/, E multiplicans numeros ^, B effecit. erit

igitus J '. E = A: B [prop. XVII]. itaque z/, E nu-

meris A, B minores in eadem proportione sunt; quod

fieri non potest. itaque numeros A, B nullus nume-

rus metietur. ergo numeri A, B inter se primi sunt;

quod erat demonstrandum.

XXIII.

Si duo numeri inter se primi sunt, qui alterum

eorum metitur numerus, ad reliquum primus erit.

Sint duo numeri inter se primi A, B, et

numerum A metiatur numerus aliquis F.

dico, etiam jT, B inter se primos esse.

. nam si F, B inter se primi non sunt,

T numerus aliquis F, B metietur. metiatur,

^ - ~ ~ et sit z/. quoniam A numerum F meti-

tur, et r numerum A metitur, etiam z/

numerum A metitur. uerum etiam numerum B me-

titur. jd igitur numeros A, B metitur, qui primi sunt

inter se; quod fieri non potest. itaque numeros F,

B nullus numerus metietur. ergo F, B inter se primi

sunt; quod erat demonstrandum.

qp mg. m. 1. aQid^iibg rovg F, B aQid^iio-vg p. fietQritGi cp.

19. kneC] xal BTtBi V, Ittei bIs qp. 21. rovs] corr. ex to
m. 1 P, Tov p. 23. r, £] (prius) jB, T Vgj.
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Eav dvo aQLd^fiol TCQog xiva aQcd^^ov tcqco-

tOL (D6i,v, xal 6 i^ avxmv y6v6[ievog TtQog xov
avtov TtQmtog setai.

5 ^vo yccQ aQLd^^ol ol A^ B TtQog tiva aQcd-^ov

tov r JCQCJtot eataeav, xal 6 A 701» B TtoXXanXa-

CLaaag tov A TtoLsCta' Xsy(Oy otL ou F, /i JtQcitOL

TtQog aXXrjlovg sloiv.

Ei yccQ iiri sl6Lv ot F, A jtQStot TCQog dXXrjXovg,

10 iistQriasL {ttg] tovg F, z/ aQLd^iiog. fistQSLtco, xal

k'6tG) 6 E. xal insl ot F, A TtQmtoL TtQog dXXrjXovg

siOLV, tbv ds r liStQSL tLg aQLd^^og 6 E, oi A, E
ccQa TtQcotOL TtQog dkkrikovg si^iv. oGaxLg drj 6 E tov

jd [istQSLy to0avtaL fiovddsg setoaav iv ta Z' xal

\h Z aQa tov A ^stQst xatd tdg iv t<p E ^ovddag.

6 E ccQa tov Z %oXXa%Xa6Ld(Sag tov A jtSTtoii^xsv.

dXXd jirjv xal o A roi' B JtoXXaTtXaaLdaag tbv z/

jtSTtoirjxsv' l'6og ccQa i(5t\v 6 sx tcov E, Z ta ix

tmv A, B. idv ds 6 vnb tcov dxQcov l'6og
fj
ta vnb

20 t^v niaov, OL ts06aQsg dQLd-^ol dvdXoyuv siOLV

s6tLv aQa cog b E TtQog tbv A, ovtcog 6 B JtQbg tbv

Z. OL ds A, E TtQOOtOL, OL dl TtQCOtOL Xal ikd%L6tOL,

oi d\ ikdxL6tOL dQLd^^ol tov tbv avtbv Xoyov ixov-

tcov avtotg iistQ0v6L tovg tbv avtbv Xoyov s^ovtag

25 i6dxLg o ts ^si^cov tbv fisi^ova xal 6 ikd66cov tbv

iXd66ova, tovti6tLV ts rjyovfisvog tbv rjyov^svov

1. yi<5' BVp, P m. rec. 2. Post aQL&fioL add. V (in ras.)

et cp: TtQcoToi. aQi^fiov'] mg. m. 2 V. TtQcotoi] om. V ^.

3. mai PVpqp. nQmros ^cxai nQog tov avrov p. 7. noi-

?JTto qp, sed corr. F, z/] e corr. m. 2 p. 10. tig] om. P;

I
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XXIV.

Si duo numeri ad numerum aliquem primi sunt,

etiam numerus ex iis productus ad eundem primus erit.

Nam duo numeri ^, 5 ad numerum

aliquem F primi sint, et sit ^ X 5 = z/.

dico, etiam P, z/ inter se primos esse.

nam si JT, z/ inter se primi non sunt,

numerus aliquis numeros JT, z/ metietur.

metiatur et sit E. et quoniam P, A
inter se primi sunt, et numerum F nu-

merus aliquis E metitur, numeri ^, E inter se primi

sunt [prop. XXIII]. quoties igitur E numerum z/ me-

titur, tot unitates sint in Z. quare etiam Z numerum

z/ metitur secundum unitates numeri E [prop. XVJ.

itaque ExZ = ^ [def. 15]. uerum etiam AxB = ^,

itaque Ex Z == AX B. uerum ubi numerus ex ex-

tremis productus numero ex mediis producto aequalis

est, quattuor numeri proportionales sunt [prop. XIX].

itaque E;A= B:Z. sed A, E primi sunt, primi autem

etiam minimi sunt [prop. XXI], minimi autem numeri

eorum, qui eandem rationem habent, numeros eandem

rationem habentes aequaliter metiuntur, maior maio-

rem et minor minorem [prop. XX], h. e. praecedens

praecedentem et sequens sequentem. itaque E nume-

add, m. rec. Post /:i add. Vqp: aQiQ^yi^ovs, a.Qi%'^i6q\ corr.

ei agi^iiovg m. rec. P. 11. ot F, AJ corr. ex 6 F (p, ex
ot r, ^ p m. 2; ot A, F P. 12. sta£ Vp^. A, E] E, A p.

13, ccQa] om. Ytp. 19. fcos] l'aov cp. 20. ot] aBCi P,
del, m. rec. uvdloyoL p. 26. txdxzuiv P. 26. iXdttova P.
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xal 6 ijco^Evog xov iTto^avov o E ccqcc xbv B ^e-

tQst. ^stQst de xal tov F' b E aQa tovg B, F ^s-

tQst TtQcatovg ovtag TtQog aXX7]Xovg' OTtSQ s6tlv adv-

vatov. ovK aQa tovg F, z/ aQi^^ovg aQid^iiog tig

5 ^stQ7]6si. 01 jT, z/ aQa 7tQC3toi TtQog aklrjXovg sicCv

OTtsQ sdsi dst^ai.

xs'.

'Eav dvo aQid^^ol TtQcotoi TtQog aXXrjXovg

Gi6Lv^ b sx rot; ivbg avtav ysvofisvog TtQbg

10 tbv loiTtbv TtQatog sotai.

"E6tco6av dvo ccQid^^ol TtQcotoc JCQbg allriXovg o

Aj B^ xal 6 A iavtbv 7toXka7tka<5id6ag tbv F TtoisC-

to' IsyOy oti 01 B, r TtQcotoi JtQbg dXXriXovg sioCv.

KsCad-co yaQ ta A l'6og b /1. sitsX oi A^ B TtQoo-

15 toi TtQbg dkkrikovg sl6Cv, l'0og ds b A ta A, Tcal oC

z/, B aQa TtQcotOi TtQbg dXXi^Xovg ?il6Cv, ixdtsQog ccQa

tav z/, A JtQog tbv B TtQOJtog iattv xal 6 sx tov

z/, A ccQa ysvc^svog TtQbg tbv B TtQootog s6tai. 6

ds ix tcov A, A ysvofisvog aQid-nog i6tiv 6 F, oC

20 F, B ccQa TtQcotoi TtQbg dXXrjXovg si6Cv OTtSQ sdsi

dsi^ai.

XS'.

^Eav dvo dQi^iLol TtQbg 8vo dQid^fioijg d^-

(potsQOi TtQog ixdtSQOv TtQcotoi co6iv, xal ol

25 i% avtov ysvo^svoi TtQcotOi TtQbg dXXriXovg

s6ovtai.

z/vo yaQ dQid-iiol oC A, B TtQbg dvo dQid^fiovg

tovg jT, jd dficpotsQOL TtQbg ixdtsQOv JtQotoc s6tco-

2. tovg] tov p. B, r] r, B B(p,m ras. V. 4. «9^9--

fids] om. (p. 7. x^' BVp, P m. rec. 12. A socvrov] corr.
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rum B metitur. uerum etiam numerum F metitur.

itaque E numeros Bj F metitur, qui inter se primi

sunt; quod fieri non potest. itaque numeros F, ^
nullus numerus metitur. ergo jT, z/ inter se primi

sunt; quod erat demonstrandum.

XXV.

Si duo numeri inter se primi sunt, numerus ex

altero eorum productus ad reliquum primus erit.

Sint duo numeri inter se primi ^, B, et sit

^i A^ = r. dico, numeros B, F inter se pri-

mos esse.

ponatur enim /1 = A. quoniam A, B inter

^ P se primi sunt, et ^ = z/, etiam z/, B inter se

- primi sunt. itaque uterque z/, ^ ad 5 primus

est. quare etiam A X A ad B primus erit [prop.

XXIV]. uerum ^X A= F. ergo F, B inter se primi

sunt; quot erat demonstrandum.

XXVI.

Si duo numeri ad duos numeros singuli ad sin-

gulos primi sunt, etiam numeri ex iis producti inter

se primi erunt.

Nam duo numeri A, B ad duos numeros F, z/

ex AE avxov B. ^13. B, T] T, B P. f^dt' Vpqj. 14.

%a\ intC V(j); Insl ovv p. 15. l'6og 8t — 16: dXXi^lovg sIglv]

om. B, mg. m. 2 V. 16. B] in ras. Vp. TCQog] an kq (p.

17. ^artv] PB; comp, p; hti, Ycp. 18. ccqcc] supra V,
iri qp. ytvofisvog B. Post hoc uerbum ras. dimid. lin. V.

22. yir)' BVp, P m. rec. 23. ocQid-^ovg'] om. p. 24. aai.

PVpcp.

Euclides, edd. Heiberg et Meuge. II. 16
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<?av, Kal o ^£v A xov B TCoXXaTtXa^LccCag rov E
TtOiSitco, ds r tov z/ TtoXXaitXa^id^ag xov Z tcol-

eit(o' Afyci, Zti ot E^ Z Ttg^toi JtQog akXi^lovg £i(5iv,

^ETtsl yccQ exccteQog tcov ^, B JtQog tbv F jcqco-

6 tog i^tiv, xal 6 ex toov A, B aQa yevo^evog JtQog

rov r TtQCJtog eCtai. 6 de ex, tcov A^ B yevo^evog

ictiv 6 E' 01 Ey r ccQa XQatoi itQog dXXi^lovg ei<5iv,

did td avtd drj xal ot E, z/ TtQcotoi TtQog dXXi]Xovg

elCiv. exdteQog ccQa tcov F, z/ TtQog tov E TtQcotog

10 eOtiv. xal 6 ex tcov F, A ccQa yevo^evog TtQog tov

E TtQcotog e6tai. 6 de ix tmv J", z/ yevo^evog i6tiv

6 Z. ot E, Z ccQa JtQcotOi TtQog dXXriXovg ei6iv'

OTteQ edei deli^ai.

15 ^Edv 8vo dQi^^iiol TtQStoi TtQog dkXi^Xovg

(D6iv, xal 7toXXa7tXa6id6ag exdteQog eavtbv

jtoifi tiva^ oi yevo^evoi i^ avtoov TtQcotoi TtQog

dXXijXovg e6ovtai, xdv ot i^ dQxrig rovg yevo-

liivovg 7CoXXa7tXa6id6avteg 7toico6i tivag, xd-

20 xetvoi 7tQootoi 7tQ6g dXXrjXovg e6ovtai [xal del

7CeQl Tovg dxQOvg tovto 6v^Paivei].

"E6tco6av dvo dQid-^ol TtQcotoi ^tQog dXXi^Xovg ol

«

XXVII. Alexand. Aphrod. in anal. pr. fol. 87.

1. E — 2: noXXanXccaidcag rov] mg. m. 2 P. 6. saTi,

codd. 6] om. cp. yevofisvog ccga Ycp. 1. 6 E bgxiv p.

sIgC Y(p. 8. 8id xd — 9: daCv^^ ndXiv B. 8. xd avxd]
ravTa Ycp. E, z/] z/, E P. 9. aQa] om. B. xmv]

xov cp. 10. £ffTt BVqp; comp. p. 11. ^GxaC] bgxl comp. p.

r, z/] z/, r Ycp. b Z sGxiv p. 14. x-e-' BVp, P m. rec.

• 16. caGL Pp. 17. avxmv] -cov in ras. cp. 21. xovxo]

corr. ex xo avxo m. 2 B. 22. Svo] supra m. 2 V. dqiQ^iLol

dvo P.
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singuli ad singulos primi sint, et sit

AxB== E, rx^ = z.

dico, etiam E, Z inter se primos esse.

A\ i ri-

B I 1 d 1-

Ei-

Zi

nam quoniam uterque ^, 5 ad JT primus est, etiam

^X 5 ad r primus erit [prop. XXIV]. sedAxB = E,

quare E, F inter se primi sunt. eadem de causa

etiam E, A inter se primi sunt. itaque uterque rj A
ad E primus est. itaque etiam FX z/ ad E primus

erit. sed FX z/ = Z. ergo E^ Z inter se primi

sunt; quod erat demonstrandum.

XXVII.

Si duo numeri inter se primi sunt, et uterque se

ipse multiplicans numerum aliquem effecerit, numeri

ex iis effecti inter se primi erunt, et si numeri ab

initio sumpti numeros productos multiplicantes numeros

aliquos effecerint, ii quoque inter se primi erunt [et

semper in extremis^) hoc accidit].

1) av.qoi, hoc loco satis insolenter positum est. neque
enim aliud significat nisi: ultimos, ultimo loco productos.
praeterea mirum est, haec uerba in demonstratione ne uerbo
anidem res^ici, nedum demonstrentur. quare puto, uerba %aX
a«l «fpl Tovg axpovff Tovro av(i§cc^v£L lin. 20—21 ante Theonem
interpolata esse; omisit Campanus VII, 28 (sed in demonstra-
tione addit: sicque si infinities duceretur utrumque producto-
rum in auum principium, essent omnes producti contra se

primi; et non solum, sed quilibet eductus ab a ad quemlibet
eductum a b).

16*
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A, B^ xal 6 A savrov ^sv 7CoXXa7tXa6td0ag rbv F
TCOLEtrco, rbv ds F 7toXXa7tXa6td6ag rbv /1 TCotstrm,

6 de B iavrbv ^ev 7toXka7tkaatd6ag rbv E 7totatrco,

rbv dh E 7toXla7tXa6td6ag rbv Z ^totetra' kiya^ ort

5 01 re rj E Tcal ot A^ Z ^tQojrot 7tQbg dXXijXovg si6tv.

'EtcsI yccQ ot A^ B 7tQ(orot 7tQbg dlli^Xovg st6tv,

xal o A iavTov 7toXla7tXa6td6ag rbv F 7ts7t6tr]Ksv,

ot jr, B aQa 7tQcorot 7tQbg dlli]kovg si6tv. S7tsl ovv

ot r, B 7tQ(Drot 7tQbg dXXijkovg st6tv, xal 6 B savrbv

10 7CoXXa7tXa6td6ag rbv E 7ts7toti]xsv, ot P, E ccQa 7tQco-

rot 7tQbg dkXrikovg si6tv. 7tdXtv, i^tsl ot A^ B 7Cqco-

rot 7tQbg dXXi^Xovg st6tv ^ Kal b B iavrbv 7CoXXa7Cla-

6td6ag rbv E 7CS7Coirjxsv , ol A^ E aQa 7CQcorot 7CQbg

dXXrjXovg si6iv. S7csl ovv dvo dQtd^iiot ot A, F 7CQbg

15 dvo dQtd^^ovg rovg B, E dficporsQOt 7CQbg ixdrsQOv

7CQ(oroi si6tv, ocal 6 ix r^v A^ F aQa ysvo^svog 7CQbg

rbv iz rav JB, E 7CQar6g i6rtv. xai i6rtv 6 ^sv ix

rcov A, r 6 ^, o dh i% rcov 5, E o Z. ot z/, Z
aQa 7CQcorot 7CQbg dXXrjXovg si6tv' otcsq ^dst dst^at.

20 3«^'.

^Edv dvo aQtd^^ol 7tQcorot TtQbg dXXrjXovg

co6tv, Tcal 6vva^(p6rsQog TCQog ixdrsQOv avrcov

7tQcorog s6rat' xal idv 6vva^(p6rsQog 7tQbg sva

rtvd avrcov 7tQcorog rj, xal ot i^ aQxrjg aQtd^^ol

25 7tQSrot 7tQbg dXXrjXovg s6ovrat.

I^vyKsi6^co6av yaQ dvo dQtd-^ol 7tQarot 7tQbg dXXrj-

Xovg ot AB, BF' Xsyco^ ort xal 6vva^(p6rsQog 6 AF
7tQbg ixdrsQov rcov AB, BF 7tQ(ar6g i6rtv.

1. jti-fv] om. Vqp. 2. noLBLtai'] noisi p. noiELtco tov A
Vqp (TrofT^Tco, sed corr.

, qp). 3. /xfV] in ras. P. 5. rf]
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Sint duo numeri inter se primi ^, B et sit

AX^ = r et Axr= ^,

BXB = E et BXE=Z,
dico, et r, E et ^, Z inter se primos esse.

nam quoniam ^, B inter se primi

sunt, et AxA= r, erunt r*, B inter

se primi [prop. XXV]. iam quoniam

rj B inter se primi sunt, et

BXB = E, erunt T, E
inter se primi [id.]. rursus quoniam

A, B inter se primi sunt, et

B X B = Ey erunt A, E inter se primi [id.]. iam

quoniam duo numeri ^, JT ad duos numeros B, E
singuli ad singulos primi sunt, etiam AxT ad 5XjS
primus est [prop. XXVI]. et Axr= ^j BxE = Z.

ergo z/, Z inter se primi sunt; quod erat demon-

strandum.

XXVIII.

Si duo numeri inter se primi sunt, etiam uterque

simul ad utrumuis primus erit. et si uterque simul

ad alterutrum primus est, etiam numeri ab initio

sumpti inter se primi erunt.

Componantur enim duo numeri inter se primi AB^
BF, dico, etiam AF Sid utrumuis ABj BF primum

esse.

om, Vqp. bIgC Ycp. 6. inst — siaCv'] mg. m. 1 V. slaC

BVpqp. 8. staC Vpqp. insl ovv — 9: siaCv] om. p, mg. m.
1 V. 9. slaC BVp(p. 11. s£al V cp. 12. sla£ PVp^p.

14. insl] xal insC B. 15. B] corr. ex A V. 16. sCai

Vpqp. 17. zov] xatv (p. iatt Vqp, comp. p. 20. l'

BVpqp, P m. rec. 22. coat PVpqp. avvafiq^orsQOv avxtav
ngog ixdxeqov Vqp. 26. avvnsiad-ooaav qp. 28. xoav] xov P.
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Ei yaQ iiri eiClv ot FA^ AB %Qmtoi TtQog «AAiJ-

Xovg, ^EXQriGEi rig tovg FA, AB ccQid'^og. ^etQSitcj,

xal £6tcj 6 A. £7t£l ovv A tovg FA, AB ^etQEl,

aal XoiTtbv aQa tbv BF ^£tQi]6£i. ^£tQ£i dl Tcal tbv

5 BA' b ^ aQa tovg AB, BF fi£tQ£i jtQcotovg ovtag

TtQbg dXX7]Xovg' 07t£Q £6t\v ddvvatov. ovx ccQa tovg

FA, AB dQid^^ovg dQid-^og ttg ^£tQi]0£i' ot FA, AB
aQa 7tQ(Btoi TtQog dXkrjXovg £i6iv. did td avtd drj

Tcal ot AF, FB TtQCJtoi TtQbg dXlt^Xovg ElaCv. 6 TA
10 aQa TtQbg £Kdt£Qov tcov AB, BF JtQatog iativ.

"E6tG}6av drj TtdXiv ot FA, AB JtQcatoi TtQbg

dXXi]Xovg' Xdyco, oti xal ol AB, BF TtQatot TiQbg

dXXriXovg £i6iv.

Ei yaQ ^rj £i<Siv ot AB^ BF itQCJtoi TtQbg dXXi]-

15 Xovg, {L£tQri6£i tig tovg AB, BF dQid^^og. ^stQEitG),

xal £0tc3 z/. xal iitEl 6 A ixdtEQov tc5v AB^ BF
^£tQ£i, xal oAo^' aQa tbv FA ^£tQrJ6£i. ^£tQ£i dh

xal tbv AB' A ccQa tovg FA, AB ^£tQ£i TtQco-

tovg ovtag JtQbg dXXi]Xovg' 07t£Q i6tlv ddvvatov, ovx

20 aQa tovg AB, BF dQi^^iovg dQi^^og tig ^£tQi]0£i.

ot AB, BF aQa TtQcotoi TtQbg dXXi]Xovg £i6iv' 07t£Q

idei d£i^ai.

xd-'.

"Ajtag TtQCDtog dQid^fibg 7tQbg ccTtavta dQid--

25 flOV, OV ft^ ^£tQ£i^ TtQootog iotiv.

^
1. FA^ AF p.^ 2. FA] A e corr.^ p. AB] AB dqi^-

fiovg Vgj. ccQLQ-fios] mutat. in apt^O-fiovg p. 5. J] in ras. 93.

8. dioc Ttt, — 9: bIglv] mg. V. 8. Siu] seq. ras. 2 litt. qp.

9. 01] at V, b cp. AT, FB] in ras. p; FA, FB Y cp. TA]
AF V-pcp. 10. twv] e corr. P. 12. xat] supra V. AB]
e corr. p m. 1. 16. BF] BF dQL&fiovg Ycp. (lerQ^Tco cp.
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nam si F^, AB inter se primi non sunt, numerus

aiiquis numeros FAj AB metietur. metiatur et sit z/.

iam quoniam z/ numeros FA, AB metitur, etiam

reliquum BF metietur.^) uerum etiam BA metitur.

, , 1 ^ igitur AB, Br numeros me-

titur, qui inter se primi sunt;

^ quod fieri non potest. itaque

numeros FA^ AB nullus numerus metitur. ergo FA,

AB inter se primi sunt eadem de causa etiam AFj
FB inter se primi sunt. FA igitur ad utrumuis AB
BF primus est.

iam rursus FA, AB inter se primi sintj dico, etiam

ABj BF inter se primos esse.

nam si ^J5, BF inter se primi non sunt, numerus

aliquis eos metietur. metiatur et sit A. et quoniam

^ utrumque AB, BF metitur, etiam totum FA me-

tietur.^) uerum etiam AB metitur. A igitur FAj AB
metitur, qui primi sunt inter se; quod fieri non potest.

itaque numeros ABj BF nullus numerus metietur.

ergo ABj BF inter se primi sunt; quod erat demon-

strandum.

XXIX.

Quiuis numerus primus ad quemuis numerum, quem
non metitur, primus est.

1) Neque hoc, neque quo lin. 17 utitur, usquam apud
Euclidem demonstratum est; pro axiomatis ea habuit. cfr.

Clavius II p. 12 nr. X et XII.

23. lu' BVpqp, P m. rec. 24. anavTcc] seq. lacuna 6 litt. V.
25. ov — iffrtv] in ras. m. 1 p. fifT^^ P, corr. m. rec.
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tQsCtco ' Xeya, ort ot jB, A TtQmtOL TtQog «AAT^Aovg slOiv,

El yuQ ^rj BL0LV ol B, A JtQiotOL JtQog dXX7]Xovg,

li6tQi^66L tLg avtovg aQLd-^og. iistQ6Ltco 6 r. sTtsl 6

5 r tov B ^6tQ6L, 6 ds A tbv B ov ^stQst, 6 r aQU

ra A ovK s0tLv 6 avtog. xal sitsl 6 F roug B, A
fiEtQ6L, xal Toi/ A ccQa fi6tQ§L TtQcotov oira firj c3i/

avta 6 avtog' 07t6Q i^tlv ddvvatov. ovx ccQa tovg

B, A ^6tQ7j66L tLg aQLd-^Og. OL A, B aQCC TtQOOtOL TtQOg

10 dlXl]X0Vg 6i6LV' 07t6Q 6d6L d^L^aL.

X'.

^Edv dvo aQLd^^ol 7toXkajtXa6id6avt6g dX-

Xi^Xovg TtoLmaC tLva, tov d\ yevo^evov i^ av-

t(Dv ii6tQrj tLg TtQcotog dQLd^^og, xal sva tdov

16 f^ ^QXVS ^6tQrJ66L.

Mo yaQ dQLd^iLol ot A, B TtoXXaTtXaaid^avteg

aXX7]Xovg tov T 7tOL6Ctco6av , tbv de F ^ietQeCtco tLg

JiQcotog dQLd-^ibg 6 jd' Xsyco, otc 6 A eva tav A, B
llStQ6L.

20 Tov yccQ A ^rj ^6tQ6Ctco' xaC iatL TtQcotog 6 /1'

OL A, z/ aQa TtQ^tOL TtQbg dXXr^Xovg eCaCv. xal 66dxLg

6 z/ tbv r ii6tQ6L, toaavtaL ^ovddeg 66tco6av iv rc5 E.

inel ovv 6 z/ tbv F ^6tQ6L xatd tdg iv ta E ^ovd-

dag, 6 A ccQa tbv E 7toXXa7tXa6Ld6ag tbv F 7tS7toCr}-

25 xsv. dXXd iirjv xal 6 A tbv B 7toXXa7tXa6Ld6ag tbv

r 7t67ioCrix6v' l'6og ccQa iatlv 6 ix rmv z/, E tcp ix

I

S. B, A] A, B "p. 4. dQid-fiog'] -6g in ras. cp. (istQf}-

tco qp. snec] xai 6 F ovn iati (lovdg. inel ovv V qp et om.
ytaC p. Ante imC add. P m. rec. v.aC. 6. tc5] e corr. P.

B, A] in ras. qp; B supra m. 1 V. 8. avtog ov8b fiovdg Vqpp.
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Sit numerus primus A et numerum 5 ne metia-

tur. dico, numeros B, A inter se primos esse.

nam si numeri 5, A inter se pri-

mi non sunt, numerus aliquis eos

„ metietur. metiatur numerus F. quo-
1

1 r .

niam F numerum B metitur, A
autem B non metitur, F et ^ iidem non sunt. et

quoniam T numeros 5, A metitur, etiam numerum A,

qui primus est, metitur, quamquam idem non est;

quod fieri non potest. itaque numeros 5, A nullus

numerus metietur. ergo A^ B inter se primi sunt;

quod erat demonstrandum.

XXX.
Si duo numeri inter se multiplicantes numerum

aliquem effecerint, et numerum ex iis productum pri-

mus aliquis numerus metitur, etiam alterutrum nume-

rorum ab initio sumptorum metietur.

A\ 1 Duo enim numeri A, B inter

B\ 1 se multiplicantes numerum F
r 1 efficiant, et numerum F metiatur

1 J primus aliquis numerus z/. di-

E 1 co, A alterutrum A, B metiri.

nam numerum A ne metiatur. et z/ primus est.

itaque A, A inter se primi sunt [prop. XXIX]. et

quoties A numerum T metitur, tot unitates sint in E,

iam quoniam z/ numerum T secundum unitates nu-

meri E metitur, erit ^ X E = T [def. 15]. uerum

etiam A x B = T. itaque A X E = A X B. quare

9. JB, A] A, B jpgj. 11. X^' BVpqp. 18. aQi&(i6g nQoa-

zos Vg>. 20. firj] Bupra V. 21. A] in ras. qp. slai Vpqp.
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roiv A^ B. E6tiv a^a (og o ^ TtQog rot' ^, ovt(og o

B TCQog Tov E, ot ds^^A itQatoi^ ot ds TCQoatoi

Tcal ekaxLGtoL^ ol de Ekd%L6tOL ^etQ0v6L tovg tov av-

tov Xoyov exovtag LadxLg o te ^eL^cov tov ^eCt^ova

5 Koi 6 eld06c3v Tov eXdacova^ tovteCtLv o te rjyov-

fievog tbv rjyov^evov xal 6 ejto^evog tov ejto^evov

A aQa tov B ^etQel. b^oCog drj deC^o^ev, ott xal

idv tbv B ^rj iietQrj, tbv A ^etQi^aeL. b A aQa eva

t(Bv A, B fietQet' oTteQ edeL det^aL.

^?H
10 Aa'.

"Aitag avvd-etog aQtd^^bg vTtb 7tQ(6tov tt

uQLd^^ov ^etQettaL.

"E6t(o evvd^etog aQLd^^bg 6 A' keycj, otL 6 A vnb

7tQ(6tov tLvbg aQLd-^ov ^etQettaL.

15 'ETtel yaQ 6vv^et6g e<5tLv 6 A^ ^etQi^aeL tLg avtbv

aQLd^^og. ^etQeCtcj, xal iatco 6 B. Tcal el ^ev 7tQ<ot6g

e0tLV 6 B, yeyovbg av el'rj t6 ijtLtax^sv. eC de Cvv-

d^etog, ^etQT^OeL tLg avtbv aQLd-^bg. ^etQeCtcj, xal

eCta r. xal ejtel 6 F tbv B ^ietQety 6 de B tbv

20 A (letQet, KOL 6 r ccQa tbv A fietQet. zal ei fiev

TtQCQtog iatLV 6 F, yeyovbg dv etr] t6 eitLtax^iv. el

8\ Ovvd^etog, ^etQr^aeL tLg avtbv aQLd^^^g. tOLavtrjg

drj yLVO^ivrjg i7tL0xeipeog Xrjcpd-i^aetaC tLg TtQotog aQLd'-

^6g, og ^etQT^aeL. el yaQ ov Xrjtpd^i^aetaL, ^etQrjaovaL

3. KaC] om. p. 01 8s sXccxigtol'] supra P, in mg. m.
1 Vqp. 4. (iSL^oav rdvj mg. g? (tov in ras.). 6. tov] (i^rius) M
in ras. cp. 8. B firf] in ras. p; ^r? supra V m. 2. Post (iSTQy ^
ras. 1 litt. p. 9. Sequitur in BVpqp alia demonstratio

prop. XXXI a Theone addita; u. app. 10. Xy' BVep, P m.
rec. ; Xd' p. 14. (isTQrjtaL P, corr. m. 2. 17. 8r}7.ov av

stji To ^TjTOviisvov Theon (BVpqp). 20. hstqsl] (prius)
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[prop. XIX] ^ i A = B : E. uerum /1, A primi sunt,

primi autem etiam minimi sunt [prop. XXI], minimi

autem eos, qui eandem rationem habent, aequaliter

metiuntur, maior maiorem et minor minorem [prop.

XX], h. e. praecedens praecedentem et sequens se-

quentem. itaque A numerum B metitur. similiter de-

monstrabimus, /1 numerum, si B numerum non me-

tiatur, numerum A metiri. ergo z/ alterutrum nu-

merorum A^ B metitur; quod erat demonstrandum.

XXXI.

Quemuis numerum compositum primus aliquis nu-

merus metitur.

Sit numerus compositus A. dico, primum aliquem

numerum numerum A metiri.

nam quoniam A compositus est, nu-

merus aliquis eum metietur. metiatur

et sit B. et si B primus est, factum erit

id, quod iussi sumus.^) sin composi-

tus est, numerus aliquis eum metietur. metiatur et sit F.

et quoniam F numerum B metitur, et B numerum A
metitur, etiam F numerum A metitur. et si F primus

est, factum erit, quod iussi sumus; sin compositus.

-\A

I \B

I—ir

1) Sc. primum numemm numerum A metientem inuenire.

^quamquam haec formula in problemata magis cadit, id quod
magis etiam de p. 252, 12 ualet.

om. p. 21. driXov civ £t'/y xo ^rjTovfisvov Theon (BVpqp).
22. Post UQid-fiog add. p: (leTQELtco yial ^gx(o 6 F. yiccl STtsl

6 r xbv B (lexQsi: 6 6s B xov A iisxQsi^ v.a.l 6 F ccQa xov A
(MSXQsi. 23. diql corr. ex ds Y, ds pqp. 24. og'] supra m.
2 P. Post fisxQT^osi, add. Theon xov nQO savxov, (huc usque
etiam P mg. m. rec.) og xat xov A (isxQ^asi (BVpqp). bI]

corr. ex rj m. rec. P. ov] (itj August.
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TOl' A CCQtd^^OV CCTtSLQOi CCQL^^oC^ COV EtSQOg SXSQOV

iXcc06(ov s^tCv OTtsQ iatlv ccdvvcctov iv ccQid^^otg.

kricpd"ri6staC tig ccqcc TtQootog ccQLd^^og, og ^stQri^SL

tbv TCQo savtov, og xal tov A fistQi]6sL.

5 "Aitag aQa ^vvd^stog aQLd^^ibg vjtb TtQcotov tLvbg

aQLd-^ov fistQsttaL' OTtSQ sdsL dst^aL.

'^Ajtag aQLd-^ibg rjtOL TtQcotog i6tLV ^ V7tb

TtQCOtOV tLvbg CCQLd^^OV ^StQSLtai.

10 "Ectco ocQLd^^bg b A' Xsyo, otL 6 A r^tOL TtQoatog

iatLV iq V7tb TtQcotov tivbg ccql^iiov ^stQsttaL.

El ^isv ovv jtQcotog i6tLv b A, ysyovbg av sl'rj to

iitLtax^^sv. sC dl Gvvd^stog, fistQT]6SL XLg avtbv JtQco-

tog ccQLd^iiog.

15 "Anag ccQa ccQL^^ibg tJxol JtQcotog i0tLV rj vnb TtQoo-

tOV tLvbg CCQLd^^OV }lStQSttaL' OTtSQ ^dsL dsL^aL,

x/.

'AQLd^ficov dod^svtcov bjto6covovv svQStv xovg

iXa%C6tovg tcov tbv avtbv Xoyov ixovtcov av-

20 ror^.

"E6tco6av OL dod^svtsg bno^oLOvv ccQLd-^ol ot A,

B, F' dst drj svQStv xovg iXa%C6xovg x^v xbv avxbv

koyov ixovxcov xotg A, B, F.
,

Ol A, B, r yccQ rixoL TtQ^xoL TtQbg aXXriXovg sl6\v

I

1. 6 hxsqoq Vqp. tov stsqov BVpqp. 2. sgtiv] (prius)

om. B. 3. ngaTog ccQi&fios] supra m. 2 V, aQiQ-fiog TtQmrog p.

7. W BV, P m. rec; Xs' p. 8. nag P. 11. egtl Y(p.

12. ysyovog] Pp, dijXov BV9. 13. snitax&svl ^rjtovfisvov

Theon (BVpgj). 17. Xs' BV, P m. rec.; X?' p. 19. tovg m
avtovg Xoyovg Bp. 22. tovg avtovg Xoyovg BVpqp.
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numerus aliquis eum metietur. hac igitur ratiocinatione

procedente inuenietur primus aliquis numerus, qui

metietur.^) nam si non inuenietur, infiniti numeri

numerum A metientur, alter semper altero deinceps

minores; quod in numeris fieri non potest. itaque

inuenietur primus aliquis numerus proxime anteceden-

tem metiens, qui etiam numerum A metiatur.

Ergo quemuis numerum compositum primus aliquis

numerus metitur; quod erat demonstrandum.

XXXII.

Quiuis numerus aut primus est, aut primus nu-

merus eum metitur.

Sit numerus A. dicO; numerum A aut primum

esse aut primum aliquem numerum eum metiri.

^ iam si primus est A^ factum erit, quod iussi

sumus; sin compositus, primus aliquis numerus

eum metietur [prop. XXXI].

Ergo quiuis numerus aut primus est, aut primus

numerus eum metitur; quod erat demonstrandum.

XXXIII.

Datis quotlibet numeris minimos eorum, qui ean-

dem rationem habent, inuenire.

Dati sint quotlibet numeri A^ B, F. oportet igi-

tur minimos eorum inuenire, qui eandem rationem

habeant ac A^ B^ F.

A^ By r enim aut inter se primi sunt aut non

1) Sc. numerum praecedentem et ea de cairsa numerum
A (cfr. lin. 4). et puto, haec audiri posse. etsi fieri potest,
ut haec uerba in P mero errore ob bnoiotelEVTov exciderint.
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7] ov. d iiev ovv oC A^ B, F TCQcotot, JtQog dkki^lovg

sC^Lv, £kdiL6xoC £l6c tcjv Tov avtov Xoyov i%6vtGiv

avtotg.

EL dh ov^ eUt^cpd-cj tmv A, B, F to fieyL6tov xoi-

5 vov iietQov 6 z/, xal oeccxLg 6 A £xa6tov t^v A^ B, F
^stQEL^ to6avtaL ^ovdd£g £6tcj6av iv ixd^tG) tcov E,

Z, H. xal £xa6tog aQU tdov E, Z^ H £xa6tov tcov

A, B^ r ^£tQ£i xatd tdg iv ta /1 ^ovddag. oC E,

Z, H aQtt rovg A, B, F C6dxig ii£tQ0v6Lv' oC E, Z, H
10 ccQa totg A, 5, JT iv ta avta Xoya £C6lv. Xiyo di],

oTfc xal ikdxL6tOL. £C yaQ (ii^ £C6lv oC E, Z, H iXd-

XL6toi tcov tov avtov Xoyov ixovtcov totg A, B, F,

^6ovtai [tLV£g] tmv E, Z, H ikd66ov£g «^t^ftol iv

rc5 avt^ loyco ovt£g totg A, B, F. £6tc36av oC 0,

15 K, A' C6dxLg aQa 6 ® tov A ^£tQ£t xal £xdt£Qog

tSv K, A £xdt£QOv tcov B, F. o6dxLg d£ 6 ® tvv A
li£tQ£t, to6avtaL ^ovdd£g £6tG)6av iv tS M' xal ixd-

tsQog ccQa tav K, A £xdt£Qov tcov B, F ^£tQ£t xatd

tdg iv rc5 M (lovddag. xal iitEl 6 tov A ^£tQ£t

20 xatd tdg iv t(p M ^ovddag, xal 6 M ccQa tov A ^e-

tQSt xatd tdg iv tS ® ^ovddag. dcd td avtd drj 6

M xal ExdtEQOv tcov B, F ^iEtQEt xattt tdg iv ixa-

tEQG) rcDV K, A ^ovddag' 6 M aQa tovg A, B, F
fiEtQEt. xal inEl 6 ® tov A fistQst xatd tdg iv rc5

25 M fiovddag, 6 aQa tbv M JtoXXa7cXa6Ld6ag tov A

6. iv] om. P. 7. fxaorros] snacrov p. 10. toig] corr.

ex Tot m. rec. P. siaC Vqp. 11. xat] xal ot p. 12. toig]

corr. ex tot m. 1 P. 13. Tivfs] om. P. 16. E, T] F, B
corr. ex ^, B m. 1 p. di] dri? 18. tmv B, F] tov F,

B p. 20. A] e p. 21. xal o M Y(p.
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primi. iam si A, By F inter se primi sunt, minimi

sunt eorum, qui eandem rationem habent [prop. XXI].

A
B

ei \
M E

T sin mmus, sumatur numerorum

1 A, B, r maxima mensura communis

r ^ ^ [pi^op. 111] 0, et quoties z/ siugu-

H los numeros A, B^ F metitur, tot

unitates sint in singulis E, Z, H,

quare etiam singuli E, Z, H singu-

^ A ^ - los ^, Bj Psecundum unitates numeri

z/ metiuntur [prop. XY]. itaque Ej Z,H numeros A, B,

r aequaliter metiuntur. itaque E, Z, H et A, B, F in

eadem ratione sunt [def. 20]. iam dico, E, Z, H
etiam minimos esse. nam si E, Z^ H minimi non

sunt eorum, qui eandem rationem habent ac A, B, F,

erunt numeri numeris E, Z, H minores, qui in eadem

ratione sint ac A, B, F, sint 0, K, A. itaque

numerum A et uterque K, A utrumque B, F aequa-

liter metitur. quoties autem numerum A metitur,

tot unitates sint in M. quare etiam uterque K, A
utrumque B, F secundum unitates numeri M metitur.

et quoniam & numerum A secundum unitates numeri

M metitur, etiam M numerum A secundum unitates

numeri metitur [prop. XV]. eadem de causa M
etiam utrumque B, F secundum unitates utriusque

K, A metitur. M igitur numeros A, B, F metitur.

et quoniam numerum A secundum unitates numeri

M metitur, erit X M = A [def. 15]. eadem de

1) Cum noQiGfia prop. 3 spurium sit, Euclides tacite
eam ad quotlibet numeros transtulit; cfr. p. 269 not.
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jteTtoirjKsv. ditt tcc avrcc dri xal 6 E rov /1 TtoXXa-

7tla6id6ag xov A JteTtOLrjxev. i'6og aQa i^tlv 6 in tav

E, z/ ta ix Tcov 0, M. e6tiv ccQa (og 6 E JtQog tbv

0, ovtog 6 M TtQog rov z/. ^ei^cov de 6 E tov &'

b ^eCt,av ccQa xal 6 M roi; z/. aal ^etQet tovg A^ B, F'

OTteQ i6tlv ddvvatov vTtoxeitaL yccQ 6 A tav A, B, F
to fieyi^tov KOivov ^ietQOv. ovtc ccQa i6ovtaC tiveg

tcov E, Z, H iXd66oveg aQi^-^ol iv ta avta koyo)

ovteg totg A, B, F. oC E, Z, H ccQa iXdiiGtoC ei^i

10 tGiv tov avtov koyov ixovtcov totg A, 5, F' ojteQ

^dei det^ai.

xd\

Avo aQid^^cov dod-evtcov evQetv, ov ikd

%i0tOV ^etQOVCiV aQid-^ov.

15 "E6tc36av ot dod-evteg dvo aQid^^ol ot A^ B' det

drj evQetv^ ov iXdxi<3tov yLetQOvdv aQid-^ov.

Oi A, B yccQ rjtoi JtQCjtoi TtQog dXXi^Xovg elclv ij

ov. e6tCLtaav itQoteQov ot A, B TtQ^toi itQog dXXi^-

kovg, Ttal A tbv B 7toXXa7tXa6id6ag tbv F TtOieCtcj'

20 iiccl 6 B ccQa tbv A 7toXXa7tXa0id6ag tbv F Tte^toCrjxev.

Oi A, B ccQa tbv F ^etQ0v6iv. Xeyco d?}, oti Ttal

iXd^iatov. el yccQ firj, iietQi]6ov6C tiva aQid-^bv ot

Ay B iXdeeova ovta tov F. ^etQeCtcoaav tbv z/. Tcal

b(Sdy,ig 6 A tbv ^d fietQet, toOavtai ^ovddeg eCtcoGav

25 iv ta Ey oodmg de 6 B tbv ^ lietQet, toOavtai ^o-

vddeg ^Ctcoaav iv ta Z' 6 ^iev A ccQa tbv E TtoXXa-

? .

1. TtsnoLrjKS Vqp. Slci xu — 2: nB7ioir]%Bv] om. p. 8. ovxhq

iv xcp ocvxcp loycp p. 9. eIglv P. 12. ZS^' BV, P m. rec;
X^' p. 15. 8vo ccqlQ-iioI ot do&Evxsg p. 16. «(n-S^ftov] om. Y cp.

19. xov r — 20: TtoXlanlaGLccGag] mg. m. 2 B. 20. apa]
comp. supra V, sxi qp. 21. yial ot P. ^sxQOvai Ycp. 22.
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causa erit etiam Ex^= A. itaque Ex J ==®XM.
quare erit [prop. XIX] E : @ = M : zJ. uerum Ey> ®.

quare etiam M> z/ [prop. XIII. V, 14]. et M nu-

meros A, B, F metitur; quod fieri non potest. nam
suppositum est, z/ maximam mensuram communem
esse numerorum A, B, F, itaque non erunt numeri

numeris E, Z, H minores, qui in eadem ratione sint

ac Aj B, r. ergo E, Z, H minimi sunt eorum, qui

eandem rationem habent ac Aj By F; quod erat de-

monstrandum.

XXXIY.

Datis duobus numeris, quem minimum metiuntur

numerum, inuenire.

Sint duo numeri dati A, B. oportet igitur, quem

miniraum metiuntur numerum, inuenire.

A, B enim aut inter se primi sunt aut non primi.

prius Aj B inter se primi sint, et sit ^ X 5 = F.

quare etiam B XA = F [prop. XVI]. itaque A, B
numerum F metiuntur. iam dico, eos eum etiam

A\ 1 B\ 1

n 1

I \j

-I E I 1 Z

minimum metiri. nam si minus, A, B numerum ali-

quem numero F minorem metientur. metiantur nu-

merum ^. et quoties A numerum z/ metitur, tot

unitates sint in E, quoties autem B numerum z/

metitur, tot unitates sint in Z. itaque erit AxE= zt,

fL&zQ^aovaiv PB. 26. badyiig de'] xal bad-Kig Ycp, oadyiis d^
y.al p. J"] e corr. m. 2 p.

Euclides, edd, Heiberg et Menge. II. 17
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7iXa6icc6ccg xov z/ TCSTtocrixev , 6 de B toi^ Z TioXXa-

7tXa6id0ag xov z/ TteTtoLrjxsv l'6og ccQa e6xlv 6 sk xcqv

A^ E xa ix xcjv B, Z. eaxiv ccQa (hg b A Ttgog xbv

JS, ovxcog b Z TtQog xbv E, oC de A, B TtQcoxot, ol

5 de TtQcoxoL Tcal eXd%L6xoi^ oC de eXd%i6X0L ^exQOvOL xovg

xbv avxbv loyov e^ovxag l^dmg o xe ^eC^cov xbv ^eC-

^ova Tcal 6 eXd60c3v xbv eXd<50ova' 6 B ccQa xbv E
[lexQet, cog ejtofievog eTto^evov. xal iTtsl 6 A xovg B, E
7toXla7tXa6id6ag xovg JT, ^ TteitoCriKev ^ e6Xiv ccQa d)g

10 B TtQbg xbv E^ ovxog 6 F TtQbg xbv z/. fiexQet dh

6 B xbv E' ^LSXQst aQa xal 6 F xbv A 6 fisC^cjv

xbv iXd06ova' oTtSQ icxlv ddvvaxov. ovx ccQa oC A^

B fiexQ0v6C XLva aQLd-^bv iXd66ova ovxa xov F. 6 rmm

aQa ikd%L6xog coV V7tb X(dv A^ B ^sxQstxat. f|

15 Mrj s0xco6av drj oC A, B 7tQ^xoL TtQog dXXi]Xovg,

xal sCXrjcpd-co0av iXd%L6xoL dQL%-iiol xc5v xbv avxbv X6-

yov ixovxcov xotg A, B oC Z, E' l'0og ccQa icxlv 6

ix xdov A, E ra ix xcov B, Z. xal 6 A xbv E jtoXXa-

7tXa0Ld(Sag xbv F TtOLsCxco' xal 6 B ccQa xbv Z 7toXXa-

20 7tXa(SLdaag xbv F 7ts7toCrjxsv' oC A^ B ccQa xbv F ^is-

XQOvdLv. Xsyco dif, oxl xal iXd%L6xov. sC yccQ ^rj,

lisxQ7]6ovaC XLva dQLd^iibv oC A, B iXd66ova bvxa xov F.

fisxQsCxco0av xbv A. xal bodxLg fisv 6 A xbv A fis-

XQst, xo0avxaL ^ovddsg s6xco6av iv X(p H, badxLg ds

26 b B xbv z/ fisxQst, xo6avxaL ^ovddsg ^6xco0av iv x(p 0.

6 ^sv A ccQa xbv H 7toXXa7tXa6Ld6ag xbv z/ 7tS7toCrjxsv,

b dh B xbv ® 7toXXa7tXaaLd6ag xbv A itsTtoCrixsv. laog

3. ^] (prius) corr. ex d V. 5. (istQovaiv B. 9. F, z/]

r postea insert. m. 1 p, post d 1 litt. eras. 11. ccqcc] dh

UQcc p. Tov J] rriv A P. 13. iiszQrjaovaiv P. _ Post tov T
add. Theon: oxav oi A, B nQaroL nQog dXliqXovs coaiv (BVp9?,
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B X Z = ^ [def. 15]. itaque A X E =^ B X Z.

quare erit A : B = Z : E [prop. XIX]. uerum A, B
primi sunt, primi autem etiam minimi sunt [prop. XXI],

minimi autem eos, qui eandem rationem habent, aequa-

liter metiuntur, maior maiorem et minor minorem

[prop. XX]. itaque B numerum E metitur, ut sequens

sequentem. et quoniam A numeros B, E multiplicans

numeros F, z/ effecit, erit B : E = F: J [prop. XVII].

uerum B numerum E metitur. quare etiam F nu-

merum z/ metitur [def. 20], maior minorem; quod

fieri non potest. itaque ^, B nullum numerum nu-

mero F minorem metiuntur. ergo F numerum mini-

mum metiuntur A, B.

Ne sint igitur ^, B inter se primi, et sumantur

A B Z. E minimi eorum, qui eandem
I 1 1 1

rationem habent ac ^, B [prop.

'
' ^ '

' ^ XXXIII]. itaque AxE=BxZ
'

r [prop. XIX]. et sit ^ X £; = T.

'
' ^ itaque etiam J5 X Z = jT. quare

• ' -^ '—
'
® Aj B numerum F metiuntur. iam

dico, eos eum etiam minimum metiri. nam si

minus, A^ B numerum aliquem numero F minorem

metientur. metiantur numerum z/. et quoties A
numerum A metitur, tot unitates sint in if, quoties

autem B numerum A metitur, tot unitates sint in ®,

itaque A x H = ^^ B X & = A [def. 15]. quare

P m. rec.) 15. Sr]] ds p. 17. Z, E] corr. ex E, Z V.
19. rbv r — noXXanXaaidaag] mg. m. 1 p. noLEitco — 20:

tov r] mg. qp. 20. nenoLrjns p. ^stQovOL Vq). 22. (is-

tQT^aovaLv PB, ^stQi^aovai dri p. 24. H, oadyag — 25: iv
t(j)] om. p. 26. J] corr. ex A p. 27. 6 ds B — nsno^rj-

Ktv] om. p.

17*
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ccQK icriv 6 £x rmv u4, H ta ix rav 5, 0* £<SrLv

ccQa G)g o A Ttgog rbv B, ovrcog 6 ® TtQog rbv H.

(og ds b A TCQbg rbv B, ovrcog 6 Z JtQog rbv E' xal

mg ccQa 6 Z TCQbg rbv E, ot^rcjg 6 TtQbg riv H. ot

h de Z^ E iXd%L6roL^ oC de iXdiL^roL ^arQOvGL rovg rbv

avrbv Xoyov axovrag LCdxLg o rs ^el^cjv rbv ^SL^ova

xal 6 iXdaacov rbv iXdaaova' 6 E aQU rbv H ^srQsL

Tcal insl 6 A rovg E, H 7toXka7tXa6Ld6ag rovg F, A 11

TtsTtoLrjKsv , s6rLv ccQa (hg E TtQog rbv H, ovrcog 6

10 r TtQbg rbv A. b ds E rbv H ^srQst' Tcal b F ccQa

rbv z/ iisrQSL 6 ^sl^cov rbv iXdaaova' oTtsQ iariv

ddvvarov. ovx aQa ot A^ B ^srQi^aovaL rLva aQLd^^bv

iXdodova bvra ror F. b F ccQa iXdxLGrog ^v vitb

rcov A, B iisrQstraL' ojtSQ STtst dst^aL.

16 Xs.

^Eav dvo aQLd^fiol aQLd-^ov rLva [isrQcoaLv,

xal 6 iXdxi^^tog vit avrSv ^stQOVfisvog rbv

avrbv ^srQi]6sL.

Mo yocQ aQL^iLol OL A^ B aQL&^ov rLva rbv Fz/

20 fisrQSLrcoaav^ iXdxtCrov d% rbv E' Xsyco^ ort xal 6 E
rbv r^ ^srQst.

El yccQ ov ^srQst 6 E rbv FA, 6 E rbv AZ ^s-

rQmv XsLTtsrco savrov iXdaaova rbv FZ. nal iitsl ol

A^ B rbv E ^srQ0v6Lv, b ds E rbv AZ ^srQst, xal

25 oC A, B ccQa rbv z/Z ^srQi^6ov0LV. ^srQ0v6L ds xal

2. cog] insert. m. 1 p. H] in ras. qp, 3. ovtcog 6 Z
TtQog xov E] mg. cp. Post E add. P: dXX' mg 6 A ngog xov

B, ovxcog 6 & TCQog xov H; del. m. rec. xai. mg ccQa] sgxlv

aQa cos p. 4. Z] P, corr. m. rec. E] ii P, corr. m.
rec. 0] Z P, corr. m. rec. H] E P, corr. m. rec. 8.

xovg] xov p. E, H] H, E B. 12. (lEXQrjaovGiv B. 13.

j
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AxH= Bx@. itaque A:B = @\H [prop. XIX].

uerum A : B = Z : E. itaque etiam Z : E = @ : H.

uerum Z, E minimi sunt, minimi autem eos, qui

eandem rationem habent, aequaliter metiuntur, maior

maiorem et minor minorem [prop, XX]. itaque E
numerum H metitur. et quoniam A numeros E, H
multiplicans numeros F, z/ effecit, erit E: H= F : ^
[prop. XVII]. uerum E numerum H metitur. quare

etiam F numerum ^ metitur [def. 20] maior mino-

rem; quod fieri non potest. itaque A, B nullum nu-

merum numero JT minorem metiuntur. ergo F nu-

merum minimum metiuntur A, 5; quod erat demon-

strandum.

XXXV.

Si duo numeri numerum aliquem metiuntur, etiam

quem minimum metiuntur numerum, eundem metietur.

^ Duo enim numeri A. B nu-
A 1 B\ 1

, \
_ ^ merum aliquem jTz/ metiantur,

Z minimum autem E numerum.
' '^

dico, etiam E numerum nume-

rum FA metiri.

Nam si E numerum Fz/ non metitur, E nume-

rum AZ metiens relinquat se minorem JTZ. et quo-

niam Ay B numerum E metiuntur, E autem numerum

AZ metitur, etiam A, B numerum z/Z metientur.

ovxa^ om. Vqp. 15. X^' BV, P m. rec, Xri' p. 16. Post
^uv raa. 3 litt. BV. (lErgi^Gcoai, p, (lETQooai PVqp. 20. xaif]

supra m. 1 P. 22. ov] (ii] August. rj]rB. J Z]
Z^ p, rj V in ras., qp. 25. (iEtQi]aovctv. (istQovGi] -ai

yLEXQov- add. m. 2 B; (isxQriaovaL (lEtQovai Vpqp; (lEtQovaiv.

(istQovat P.
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oXov rbv JTz/* Tial koiTtov ccQa xov FZ ^etQ7]6ov6tv

iXuCGova ovxa xov E' onsQ icxlv advvaxov. ovx

aQa ov ^exQ6i 6 E xov Fzf' ^sxQet aQa' OTteQ edei

det^av,

5 Ag'.

Tqlcjv aQLd^^cov dod^evxcov evQstv^ ov ekd-

%L0XOV lieXQ0V(5LV aQLd^lLOV,

"E0tco6av 01 dod-evxeg XQetg ccQLd^^ol ot A^ 5, F*

8et drj evQetVy ov iXdxL<jxov ^exQOvCLV aQLd-^ov.

10 ELkricpd^o yccQ vjto dvo xc5v A^ B iXd%L6xos fie-

XQOv^evog 6 z/. b drj F xov A 7]xol ^exQet ij ov ^e-

XQet. ^exQeLXo jtQoxeQov, ^exQov6t dl Tcal oC A, B
xov z/* OL A, B, r aQa xov z/ ^exQ0v6Lv. Xeyco 6ri^

otL xal ikdxL0xov. ei yccQ ^rj, ^exQT^aovOiv [xLva]

15 aQLd^^ov oC A, 5, r iXd66ova ovxa xov /1. fiexQeC-

xcooav xov E. inel ol A, B, F xbv E ^exQov6Lv, xal

ol A^ B ccQa xbv E ^exQ0v6LV. xal 6 iXdxL6xos ccQa

VTtb xcov Ay B fiexQOv^evog [xbv E] ^exQi]6eL. iXd-

Xi^^tog de vnb xov A^ B fiexQOv^evog i6xLv b ^' b ^
20 aQa xbv E iiexQT]6eL b ^eL^cov xbv iXd66ova' oneQ

i6xlv ddvvaxov. ovx ccQa ol A, B, F ^exQi]6ov6L XLva

aQLd-^bv iXd66ova ovxa xov A' ot A, B, F ocQa iXd-

XL6X0V xbv A ^exQ0v6LV.

Mri ^exQeLXo drj TtdXLv b F xbv ^, nal elXijcpd-o

I

5. Xri' BV, Id"' p. 9. (iSTQTiaovGiv P. 10. rmv] in

ras. (f. 11. di^] 6e P. 13. uqa A, B^ T Ytp. (istqovgl

Vpg), fiexQT^oovGiv P. St^] om. Vqp. 14. (leTQi^GovGL V
et corr. ex (lerQeLGovGi cp. ri,va] om. Pp. 15. aQiQ-^iov]

om. p. elaGGova] nva dQL%(iov ildrrova p. 16. inel ovv
Vg>. (lerQovGL PVpqp. 17. (lerQi^oovGLV P et comp. p; (le-

TQOVGL Ycp. 18. rov E] om. P. 20. (lerQrjGeL] comp. p, in

ras. qp. 21. r] insert. postea cp. (lerQriOovGLv B, (lerQovOL Ycp.
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uerum etiam totum F^ metiuntur. quare etiam reli-

quum rZ metientur numero E minorem; quod fieri

non potest. itaque fieri non potest, ut E numerum

Pz/ non metiatur. ergo metitur; quod erat demon-

strandum.

XXXVI.

Datis tribus numeris, quem minimum metiuntur

Sint tres numeri dati Aj 5,

r. oportet igitur, quem mini-
' ' mum metiuntur numerum, in-
I iF

uenire.
' '

sumatur enim, quem duo

numeri ^, B minimum meti-

untur, z/ [prop. XXXIV]. F igitur numerum z/

aut metitur aut non metitur. metiatur prius. uerum

etiam A, B numerum z/ metiuntur. itaque A, B, F
numerum z/ metiuntur. iam dico, eos eum etiam

minimum metiri. nam si minus, Aj B, F numerum

numero A minorem metientur. metiantur numerum

E. quoniam A, B, F numerum E metiuntur, etiam

A, B numerum E metientur. quare etiam, quem

minimum metiuntur A, B, numerum E metietur

[prop. XXXV]. quem autem A, B minimum meti-

untur, est ^. /1 igitur numerum E metitur, maior

minorem; quod fieri non potest. itaque A, B, T
nullum numerum numero z/ minorem metientur. ergo

A, B, r numerum A minimum metiuntur.

rursus ne metiatur F numerum ^, et sumatur,

22. r] om. P. 23. pLSTQrjaovaiv.F, comp. p; fiSTQOvat Vqp.
24. dri] ds p.
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VTtb xav JT, z/ iXd%L6tog ^atQov^evog aQtd^^bg b E.

ijtel of, A^ B tbv z/ ^etQov6cv, b ds ^ tbv E ^a-

tQ£t, Tcal 01 A, B aQa tbv E fi6tQov6Lv. ^atQEt dh

Tcal 6 r [tbv E' Tcal] oC A^ B, F aQa tbv E listQovOiv.

5 keyG) di], otu xal eld%L6tov. el yccQ ^tj, ^stQi]dov6t

tLva ot A, B, r iXd66ova bvta tov E. ^EtQsCtcoCav

tbv Z. BTtEl 01 A^ B, r tbv Z fiEtQov^LV, xal oC A, B
ccQa tbv Z iiEtQOv0LV' xal 6 EXd%L0tog ccQa V7tb tmv

Ay B ^EtQOV^EVOg tbv Z ^EtQ7]6EL. ikd%L0tog 8e VTtC

10 tcov A, B ^EtQOv^Evog E0tLV A' b A ccQa tbv Z
HEtQEL. ILEtQEL ^E Xal 6 T tbv Z' OL Z/, F CCQa tOV

Z [lEtQovOLV' SotE xal Eld%L0tog vnb tcov ^, F
^EtQOhfiEvog tbv Z ^EtQi]6EL. 6 ds EXdiLdtog VTtb tcov

r, Z/ ^EtQOV^EVOg £0tLV 6 E' O E CCQa tbv Z ^EtQEt

15 6 ^EL^cov TOi^ iXdijCova' ojtEQ iotlv ddvvatov. ovk

ccQa oC A, 5, r ^EtQ7]6ov0L tLva aQLd^^bv iXdaaova

bvta tov E. E ccQa ildxL6tog mv vTtb tcov A, B, F
flEtQEttaL' OTtEQ E^EL dst^aL.

20 'Edv CCQLd-^Og VTtO tLVOg aQLd^^OV (lEtQTJtaL,

Q (lEtQov^Evog bfi(6vv^ov iiEQog e^el ta ^e-

tQOVVtL.

'AQLd-iibg yccQ b A vno tLVog aQLd-^ov tov B ^e-

1. dQL&(i6s]om. p. 2. ybSXQOvOL Ytp. z/J corr. ex ^ p
m. 2. 3. Post B ia p m. 2 insert. F. (lEXQrioovaiv P, fis-

TQ0V6L Y (p , comp, p. fietQst — 4: (letQOvaLv] om. p. 4.

rov E. xat] om. P. F] supra m, 2 V. (isrQr^oovai. P, (le-

XQOvoi Yqp. 5. S^l om. Vqp. (iszQ7jaovGLV B, comp, p;
(ISXQOVOL Y cp. 6, xiva'\ om. p, xiva iXdxxova dQLd-(i6v 6v-

xu p. 7. (isxQOvoLv ^ v.al ot A, B aQa xov ZJ mg. qp {(is-

tqovol). (isxQOvoL Yp. xat ot A^ B uqu xov Z (isxqovglv']

mg. m, 2 V. 8. (isxqovglv'] (isxQi^aovai V, comp. p, in raa. cp.
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quem r", J minimum metiuntur numerum, E [prop.

XXXIV]. quoniam A, B numerum ^ metiuntur, et

z/ numerum E metitur, etiam ^, B
numerum E metiuntur. uerum etiam

r numerum E metitur. itaque ^, Bj F
numerum E metiuntur. iam dico,

E eos eum etiam minimum metiri. nam
si minus, A, By F numerum aliquem

minorem numero E metientur. me-

tiantur numerum Z. quoniam A, B^ F numerum Z
metiuntur, etiam Ay B numerum Z metiuntur. quare

etiam, quem minimum metiuntur A^ B, numerum

Z metietur [prop. XXXV]. uerum quem minimum

metiuntur A, B, Qsi A. z/ igitur numerum Z meti-

tur. uerum etiam F numerum Z metitur. itaque

A
f
r numerum Z metiuntur. quare etiam quem mi-

nimum metiuntur z/, JT, numerum Z metietur [id.].

uerum quem minimum metiuntur F, A, est E. itaque

E numerum Z metitur, maior minorem; quod fieri

non potest. itaque numeri A, B, F nuUum numerum
numero E minorem metientur. ergo E minimus est,

quem A, Bj F metiuntur; quod erat demonstrandum.

XXXVII.

Si numerum numerus aliquis metitur, is, quem
metitur, partem habebit a metiente denominatam.

Numerum enim A numerus aliquis B metiatur.

9. Tov Z — 10: fiSTQOVfisvog] om. p. 12. (istQi^GovaL p. Savs]
Om. P. aga vno P. F, z/ p. 14. T, z/] Pp; z/, T
BVq?. 16. B] ora. p. pLBtQriaovGi] PB, comp. p; ^is-

TQOvai Vqp. iXartovcc tov E ovta p. 19. XQ"' B (post add.
m. 1 , nt poflthac eaepius), V, P m. rec.

, fi' p. 20. (istQSLtai, cp.
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rc5 B.

'OGaxLg yccQ 6 B rov A ^stQet, roGavrai ^ovddsg

s6ro6av sv ra F. STtsl 6 B rov A ^srQst xara rag

5 sv ra r ^ovddag, ^isrQst ds xal r} z/ ^ovdg rbv F
aQLd^iiov xard rdg sv avra ^ovddag, lodxLg aQa rj z/

(lovdg rov F aQid-iibv fisrQst nal o B rbv A. ivaX-

Aa| aQa tadxig rj /i fiovdg rbv B aQid-^bv [isrQst xal

6 r rbv A' aQa ^SQog i6rlv rj A ^ovdg rov B
10 aQid^^ov, rb avrb ^SQog i6rl xal 6 F roi5 A. rj ds A

\iovdg rov B aQLd-fiov fiSQog i6rlv b^(6vvnov avra-^Ml

xal 6 r ccQa rov A ^SQog iorlv b^covviiov ra B.

co0rs 6 A iLSQog s%si roi/ F b^cjvv^ov bvra ro5 B'

OTtSQ sdsL dst^aL.

15 ^V'-

^Edv aQLd-^og fiSQog s%ri briovv, vitb b^co

vv^ov aQLd-^ov ^srQrjd-r^asraL np fiSQSL.

'AQLd-^bg ydQ b A fisQog ixsrcj orLOvv rbv B, xal

ra B fiSQSL bfi(6vvfiog sGro [aQLd-fibg] 6 F' Xsyco, orL

20 6 r rbv A fisrQst.

'Ejtsl ydQ 6 B rov A fisQog i6rlv bfic3vv(iov rc5

r, s6rL ds xal rj z/ fiovdg rov F (iSQog bfiojvvfiov

avra, 6 aQa (iSQog i6rlv rj z/ (lovdg rot» F aQLd^fiov, rb

avrb (iSQog i6rl xal 6 B rov A' i^dxLg aQa rj A \jio-

26 vdg rbv T aQL^^bv (isrQst xal 6 B rbv A. ivakkd^

I

2. Tc5] corr. ex xo m. 2 V. 4. tc5] om. gj. FJ eras. V.
10. ft«9og] mg. qp. 13. F] in ras. (p. bficovvfiov xov F p.

ovTa] 6v- supra m. 1 P; om. p. 15. ft' BV, P m. rec; (loc' p.

16. vno] m. 2 B. 18. tov] t6 Pg), et e corr. V. 19.

6(ic6vv}iov p. ccQi&fiog] om. Pp. 20. A] corr. ex JB p m, 2.

21. sGzLv] ECxl xat Yqp. 22. eoTLv PB, comp. p. 23. fis-

Qog aQU P.
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dico, numerum A partem habiturum esse a numero

B denominatam.

I
1 Nam quoties 5 numerum A me-

I 1 B titur, tot sint unitates in T. quoniam

I 1 r -B numerum A secundum unitates

i_i A numeri T metitur, et etiam unitas A
numerum T secundum unitates eius metitur, z/ unitas

numerum r* et -B numerum A aequaliter metitur. itaque

permutatim /1 unitas numerum 5 et F numerum A
aequaliter metitur [prop. XV]. itaque quae pars est

A unitas numeri 5, eadem pars est etiam T nu-

meri A. uerum A unitas numeri B pars est ab

ipso denominata. ergo etiam T numeri A pars est

a B denominata. quare A partem habet F a 5
denominatamj quod erat demonstrandum.

XXXVIII.

Si numerus partem quamlibet habet, numerus a

parte denominatus eum metietur.

A\ 1 Numerus enim A partem

I iB quamlibet habeat 5, et a parte

I 1 r jB denominatus sit T. dico, nu-

I

—\A merum T numerum A metiri.

Nam quoniam 5 numeri A pars est a T denomi-

nata, et etiam A unitas pars est numeri T ab ipso

denominata, quae pars est z/ unitas numeri JT, eadem

pars est etiam B numeri A. itaque A unitas nume-

rum F et 5 numerum A aequaliter metitur. itaque
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ccQa L6cc7CLg 7] J ^ovccg rov B aQid^iiov ^stQSt xal o F
tbv A. b r ccQa tov A ^stQsl' otcsq sdst dst^ac.

^Aql^^ov svQstv, og sldxL6tog cSv s^sl ta

5 dod^svta fisQTj.

"Eetco ra dod^svta ^sqtj ta A, B, F' dst dri a^t-O*-

libv svQStv, og sXd%L6tog av s^sl ta A^ 5, F iis'Q7j.

"E6t(o(5av yccQ totg A^ B, F ^sqsClv o^covv^ol aQLd"-

fiol ol ^5 E, Z, xal stX7}(pd-c3 vnb tcov ^, E^ Z iXd%L

10 ^Tog ^iLStQOviiSvog aQLd-^bg 6 H.

'O H ccQa b^covv^a ^sqtj s^sl totg ^, E, Z. tot{

dh ^, Ey Z o^covvfLa ^sqtj s6tl ta A, B, F' b H ccQa

s^SL td A, B, r iiSQfj. ksyo drj, otL xal iXdxL6tog Sv.

si yaQ ^ijy ^CtaL tLg tov H iXd06cov aQLd^fiog, bg s%sl

15 Ta Ay jB, r iiSQTj. sata 6 0. stcsI b & s^sl td A^

B, r ^sQTj, 6 & aQa vTtb bficovvficjv aQLd^ficjv fistQrjd"i^-

astaL totg A, B, F ^sqs6lv. totg dh A, B, F ^sqsClv

b^cjvv^OL aQLd-^oC sl0Lv OL ^y Ey Z' b & ccQa vjtb

tciv /J, E^ Z iistQsttaL. TcaC i6tLV iXdaaov tov H'

20 bitSQ iotlv ddvvatov. ovx ccQa sOtaL tLg tov H iXdo-

Gov aQLd^^og, bg s%sl td A, 5, F (isqtj' bitsQ sdsL dst^aL,

ji

1. CadyiLg] om. p. 3. fta' BV, P m. rec; fi^ p. 6.

l'(TTco Tu dod-8vta [iSQrjl supra m. 1 p. 8. ^'ctcoaavl '^^'^

supra V. ydg] om. B Vpqp. 9. xal BlXr,cpQ^(o vno xatv z^, E, Z]
mg. (p. vno BVpqp. 10. Post 6 H add. Theon: knal {insl

ovv Vqp, y,al ineC P m. rec.) 6 H vno xmv J, E, Z fisxQSLxat

(BVpg), P m. rec).
^

11. dga] Pp, om. BVqp. 12. ioxC]

saxCv PB, om. p. ra] om. P. JTl supra m. 1 V. 14.

Post jLii^ add. Theon: 6 H iXdxLaxog mv sxsi xd A, B, F iisqtj

(BVpqp, st yaQ (17} b H iXdxiaxos Sv mg. qp). l'<JTai] iaxco Pp.

Tiff] supra m. 2 V. 15. (liQTj] om. P. 19. i^aTTcov P. 21.

Ante a^fd-ftos eras. og V. In fine: EvnXsCdov axoLxsLcov ^' PB.
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permutatim z/ unitas numerum B et F numerum A
aequaliter metitur [prop. XV]. ergo F numerum A
metitur; quod erat demonstrandum.

XXXIX.

Numerum inuenire minimum, qui datas partes ha-

beat.

j 2 r ^^^^ datae partes A, 5, F.

'
' ' ' '

' oportet igitur numerum inuenire

,

^
I ,

,
minimum, qui partes A, B^ F

I iZ „ habeat.

i ' A partibus enim A, B, F de-
' '® nominati sint numeri A^ E, Z,

et sumatur^)*numerus H, quem z/, E, Z minimum me-

tiantur. H igitur partes habet a numeris ^, Ej Z
denominatas [prop. XXXVII]. uerum 2^ ^ , E, Z de-

nominatae partes sunt A, B, F. itaque H partes Ay

Bj r babet. iam dico, eum etiam minimum esse.

nam si minus, erit numerus aliquis numero H minor,

qui partes Aj B, F habeat. sit 0. quoniam par-

tes Af Bj r habet, numerum metientur numeri

a partibus A, B, F denominati [prop. XXXVIII].

uerum a partibus A, B, F denominati sunt numeri

z/, E, Z. itaque & numerum numeri A, E, Z metiun-

tur. et minor est numero ii; quod fieri non potest.

ergo non erit numerus numero H minor, qui partes

A, B, F habeat; quod erat demonstrandum.

1) Itaque Euclides hic quoque prop. 36 de tribus tantum
numeris demonstratam tacite ad quamlibet numerorum multitu-
dinem transtulit, sicuti supra in prop. 33 eodem modo prop. 3
tacite dilatauit (u. p. 255 not.)-



a .

Eav (60LV oaoLdrjTtotovv aQid-^ol i^ijg dvd'
Xoyov, 01 de ccxqol avtcov TtQcatoi TtQog dXXrj-

Kovg coaiVy sXdxiatOL EL6i tmv tbv avtbv Ao-

5 yov e%6vtG)v avtotg.

"Eatoaav OTtoaoLOvv aQid^^ol i^ijg dvdXoyov ot

A, B, r, Z/, OL ds CCKQOL aVt^V OL A, Z/, TtQ^tOL TtQbg

dlkrilovg eatcoOav XEyo, otL ol A, B, F^ ^ iXdxLCtoC

eI^l t(ov tbv avtbv Xoyov i%6vtav avtotg,

10 Ei yccQ ^ri, ^6tco6av iXdttovsg tSv A, B, F, z/

oC Ey Z, H, ® iv rc5 avta Aoyca ovtsg avtotg. xal

ijtsl OL A, B, r, z/ iv ta avta X6yc) Eiol totg E, Z,

H, ®, xaL iatLV l'6ov tb TtXrjd^og [tSv A, B, F, A\ ta

TtXrid^EL [tcov Ey Z, H, &], dt' t6ov aQa iatlv wg 6 A
15 TtQbg tbv A, 6 E TtQog tbv @. ol ds A, A TtQcotoL,

OL ds TtQ^tOL Tcal ikdxL6tOL, oC de ikdxLOtOL a^fc-O--

liLol ^EtQov^L tovg tbv avtbv X6yov Exovtag C^dxLg

o ts fiSL^cov tbv ^EL^ova xal 6 iXdaacov tbv iXdacova,

tovt£0tLV o t£ riyov^Evog tbv rjyov^Evov xal 6 £7t6-

20 ^£vog tbv £7t6^Evov. yLEtQEt ccQa A tbv E 6 ^ieC-

t,cov tbv iXdaaova' oitEQ i6tlv ddvvatov. ovx ccQa

EvvLlBtdov 6roixsL(ov ^ : 7? V. Post titulum in textu scholi-

um ad VII, 39 habent Vpqp; u. app. 4. (oaiv] om. Vg?.

bIclv PB. 9. £l6Lv B. 11. H] postea insert. V. 12.

z^] postea insert. V. skCv B. 13. yi,aC b6zlv — 14: 0] mg.
m. 2 V. 13. TtSv A, B, T, z/] om. P. 14. xmv £, Z, H, 0]



VIII.

I.

Si quotlibet numeri deinceps proportionales sunt,

et extremi eorum inter se primi sunt, minimi sunt

eoruin, qui eandem rationem habent.

Sint quotlibet numeri inter se proportionales dein-

ceps Ay By r, z/, et eorum extremi ^, z/ inter se

primi sint. dico, numeros Aj Bj r, z/ minimos esse

eorum, qui eandem rationem habeant.

A\ 1 I lE

B\ 1
! iZ

ri 1
1

1 H
/i\ 1 I

10

Nam si minus, numeri E, Z, H^ ® numeris A^ B,

Fj A minores sint eandem rationem babentes. et quo-

niam A, B, F, A et E, Z, i/, in eadem ratione sunt,

et multitudo multitudini aequalis est, ex aequo erit

[VII, 14] A \ A = E : ®. uerum A, z/ primi sunt,

primi autem etiam minimi sunt [VII, 21], minimi

autem numeri eos, qui eandem rationem habent, aequa-

liter metiuntur, maior maiorem et minor minorem

[Vn, 20], h. e. praecedens praecedentem et sequens

sequentem. itaque A numerum E metitur, maior

om. P. 18. xe (is^^cov — 19: xovtiativ] P; om. Theon
(BVqp), 21. ddvvazov] axonov Ycp.
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o[ E, Z, H, iXaaeovEg ovtsg tcjv A, B, F, zl iv

rco ccvra Xoya slgIv avxolg. ot A^ B, F, z/ ccqu

iXd%L6toC elCl tav tov avtov koyov ixovtcjv avtotg'

07CEQ eSeL dEL^aL.

^AQLd^iiovg EVQELV E^ijg dvd Xoyov ilaxL6t ovg

,

o6ovg av iTtLtd^r] tLg, iv rco dod-ivtL Xoya. _-

"E6tco 6 dod^Elg loyog iv ilaxC6tOLg dQLd-^olg 6j|
rov A TCQog rov B' dst d^ aQL&^ovg EVQEtv i^rjg

10 dvdXoyov ilaxC6tovg, o6ovg dv tLg i7CLtd^7], iv rc5

rov A TtQog tbv B koyc).

^E7tLtEtdx^Gi6av drj ti66aQEg, xal 6 A iavtbv

7tokka7ika6Ld6ag tbv F 7tOLECtco, tbv ds B 7toXXa7tXa-

6Ld6ag tbv z/ 7tOLECtC3, xal stt 6 B iavtbv TCoXla-

15 7tXa6Ld6ag tbv E TtOLECtco, xal itc 6 A tovg JT, ^, Ewt

7tokXa7tka6Ld6ag tovg Z, H, & TtoiECto, b d\ B xbv

E 7toXXa7tla6Ld6ag tbv K ^tOLECto.

Kal iTtEL 6 A iavtbv ^lv 7toXXa7tla6Ld6ag xbv

r 7ce7CoCr]iCEV , tbv ds B 7Colla7cXa6Ld6ag tbv A tce-

20 TCoCrjxEV, ^6tLV ccQa d)g 6 A TCQog tbv B, [ovrwg]

6 r 7CQbg xbv /d. 7cdXLV, iTCEL 6 ^EV A tbv B 7C0X-

ka7cXa6Ld6ag xbv A 7tE7toCrjxEv, b ds B iavxbv ^tokka-

7tXa6Ld6ag xbv E 7tE7toCr]KEV , ixdxEQog ccQa xmv A, B
xbv B 7toXXa7tXa6Ld6ag ETcdxEQOv xcav z/, E 7tE7toCr]KEV.

3. sIglv P. avrotg] om. V cp. 7. zig inLtd^rj P. 9.

f|^?] supra m. 2 V, om. qp. 10. initd^r] tig Vqp. 12.

tBG6aQ8g] 8 F et post ras. 1 litt. B. 13.' tbv ds B — 14:

TTOiftrco] om. qp. 18. /u-fv] om. Vqp. 19. TTfTrotr^xsv] (prius)

TtBTioCrj-iis Vqp. 20. Ante sgtlv add. Theon: ccQL&fiog Sr] b A
8vo tovg J, B TtoXXaTtlaOLCiGag tovg F, d TtsnoLrjy.sv (BVqp).

Tov] insert. qp. ovtcog'] om. P. 21. fisv] P, om. BVqp.
24. tav] tov P.
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luinorem; quod fieri non potest. itaque E, Z, H, &
eandem rationem non habent ac A, B, jT, z/, quibus

minores sunt. ergo A, B, r, A minimi sunt eorum,

qui eandem rationem habent; quod erat demonstrandum.

II.

Numeros inuenire minimos deinceps proportionales

in data proportione, quotcunque propositum erit.

Sit data proportio in numeris minimis ^) A'.B,

oportet igitur numeros inuenire minimos deinceps pro-

portionales in proportione A : B, quotcunque propo-

situm erit. — propositum sit, ut quattuor inuenia-

mus, et sit AxA = r, A X B = ^, B X B = E,

Axr==Z, AXA = H, AXE= &, BxE=K.
—\A I \V

iB I \d

E
H

1

-10
K

et quoniam ^x^ = ret Ax B = ^, erit

A:B = r:zJ [VII, 17].

rursus quoniam Ax B = A et B X B = E, uterque

A, B numerum B multiplicans utrumque z/, E effecit.

1) Si proportio data minimis numeris proposita non est,

per VII, 33 minimos inueniemus eorum, qui eandem ratio-

nem habent.

Euclides, edd. Heiberg et Menge. II. 18
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66ttv ccQtt (og o A JTQog rbv 5, ovtog 6 ^ ^tQog

Tov E. aXX^ G)g o A TtQog tov By 6 F TCQog tov

z/* xa\ thg ccQtt 6 F JtQog tov ^, 6 z/ iiQog xov E,

xal ixel 6 A xovg T^ ^ %oXXaiiXa6ia6ag tovg Z, H
6 TCenoCrjxsVy e6ti,v aQa ag b T nQog tbv z/, [orro^]

6 Z JtQog Tov H. ag dh r TCQbg tbv ^, ovtog

Vjfv b A TtQog tbv B' xal cbg aQa b A XQbg tbv B,

6 Z JtQbg tbv H. nakiv^ eTtsl 6 A tovg z/, E tcoX-

ka7cka6cd<Sag Toug H, G TtenoLrpcsv ^ £6tiv uQa cjg 6

10 jd TCQog tbv E, 6 H «Qbg tbv S, dXX' og b ^
JtQbg tbv E^ b A XQbg tbv B. xal cbg aQa 6 A
XQbg tbv B, ovtag 6 H JtQbg tbv G. xal fjtfl oC

Ay B Tov E noXXanXa6id6avtBg tovg ©, K ««totijxa-

6iVy i6tiv aQa mg b A TtQbg tbv B, ovtag b

16 XQbg tbv K. dXX^ mg b A TtQbg tbv B, ovtag o

ts Z «Qbs tbv H xal b H XQbg tbv 0. xal cag «pa

6 Z XQbg tbv /f, ovtcog o ts H nQbg tbv xal

S TCQbg tbv K' oC F, z/, E aQa xal ot Z^ Hy

€>, K dvdXoyov si6iv iv ta tov A JtQbg tbv B Xoyc).

20 Xdya dij, oTt xal iXdxc6toi. insi yuQ ot A^ B iXd-

Xi6toc- si6c tav tbv avtbv Xoyov ixovtav avtotg^

oC dl iXdxi6toi tcov tbv avtcv Ao'yor ixovtav XQa-

TO* TCQbg dXXrjXovg si6iv, ot A^ B uQa JtQcstoc TtQbg

dXXriXovg si6iv. xal sxdtsQog nhv tmv Ay B savtbv

25 noXXcatXa6i,d6ag sxdtSQOv tmv F, E TtSTtoirjxsv , ixd-

tSQOv ds tav r, E noXXanXa6id6ag ixdtSQOv tcov

Z, K TCsnoCtixsv oC F, E aQa xal oC Zy K TtQmtot

XQbg dXXriXovg si6Cv. idv 6\ m6irV bno60Lovv aQtd^-

^ol siijg dvdXoyov, oC ds dxQOi avtmv TCQmtot, TCQbg

2. o r] ovrcag 6 F Ycp. ^ 3. xai mg a^ 6 F TC^og xov J]
mg. m. 2 V addito in fine ovxmg. 6 z/] %ai 6 -J V, ovtmg

l



l

ELEMENTORUM LIBER VIII. 275

itaque A : B = zJ : E [Vll, 18]. uerum A:B = r:^.
quare etiam F: z/ = z/ : J5. et quoniam A XF— Z
et AX^ = H, erit r:J = Z:H [VII, 17]. uerum

erat F : J = A : B. quare etiam A : B = Z : H. rur-

3US quoniam A X ^ = H et A X E = 0^ erit [VII,

17] A : E = H : &. uerum zi : E= A : B. quare etiam

A : B = H : &. et quoniam

AXE = & et BX E = K,

erit [VII, 18] A : B = ® : K, uerum

A:B = Z:H=H:®.
quare etiam Z : H= H : = @ : K. itaque F, z/^ E
et Z, ff, @, iir proportionales sunt in proportione A : B.

iam dico, eos etiam minimos esse. nam quoniam A,

B minimi sunt eorum, qui eandem rationem habent,

minimi autem eorum qui eandem rationem liabent, inter

se primi sunt [VII, 22], A^ B inter se primi sunt. et

uterque A, B se ipsum multiplicans utrumque JT, E eflPecit,

utrumque autem F, E multiplicans utrumque Z, K effecit.

itaque F, E et Z, K inter se primi sunt [VII, 27].^)

sin quotlibet numeri deinceps proportionales sunt, et

extremi eorum inter se primi sunt, minimi sunt eorum.

1) H. e. r et E primi sunt inter ee et item Z et K. nu-

merOB F^ E^ J corollarii causa per totam propositionem
respicit.

y.a€ 6 z/ qp, E] e corr. V. 4. rovg] corr. ex tov V. roi;?]

corr. ex rov V. 5. ovTwg] om. P. 8. H] seq. ras. 1 litt. V.
10. 6 H] ovt(»e H cpei m. 2 V. dXX' (og] mg ds P. 12.

ovTcog 'AccC P. 14. ovrcog] om. BVg?. 15. all' ] idsLx^r]
di -KuC Theon (BVgj). 17. xs] om. P. 19. Xoyo)] supra
m. 2 B. 21. slaiv P. avxoig — 22: sxovxcov] om.' P. 22.

Post l;uo*rcov add. avtotg Y cp, et supra m. 2 B. 24. slaCNrp.
27. A] (alt.) H (p. 29. ^fc'] om. 9.

18*
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dlli^lovg (00LV. iXK%i6xoi Ei6i tSv rov avrov Xoyov

i%6vtG)v avtotg. oC F, ^ , E aQa xal ot Z, H, 0, K
iXd%i6toi el0L t^v tbv avtov Xoyov B%6vtGiv tolg

^, B' oTtEQ edsi dst^ai.

5 Il6Qi6iia.

'Ex drj tovtov (pavsQ^v, oti idv tQstg aQid^^ol

i^rjg dvdXoyov i}.d%i6toi co(?t t^v tbv avtbv l6yov

i%6vt(ov avtotg^ ot dxQOi avtcjv tstQdy^ovoi SiGiv,

idv da ti66aQegy xv^oi.

10 y'.

^Edv {O0iv oTtodoiovv aQid^^ol e^ijg dvdko-,

yov ikd%i0toi tcov tbv avtbv X6yov i%6vx(ov

avtotg, ot dxQOi avtSv JtQ(otoi TCQbg dXXi^lovg

eiCiv.

15 *'Eax(o0av oTCoaoiovv aQid^^ol e^rjg dvdXoyov ikd-

%i6xoi xcov tbv avtbv X6yov i%6vt(ov avtotg ot ^,

jB, r, A' Xeyco, oxt ot dxQOi avxSv ot A, /1 TtQcoxoi

TtQog dkXriXovg eiOiv.

EiXi^(pd-co6av yaQ dvo ^ev dQid-fiol iXd%i6toi iv

20 t(p tcov ^, 5, F, z/ X6yc) ot E, Z, tQetg dh ot i/, (9,

K, xal e^fjg evl Ttkeiovg^ ecog tb Xa^^avb^evov jtXij-

d-og t6ov yevrjtai ta Ttlrj^ei tcov A, 5, r*, /^. eiXri-

(pd^co^av xal e6tco6av ot A^ M, iV, ^.

1. eIciv PB. 2. K'] corr. ex P m. 2 V. 5. noqiGpLa]

mg. m. 2 V, om. (p. 6. ^av] dv seq. ras. 9» litt. P. 7.

ccGiv fXdxLGxoi Vqp. a>GLv B. Xoyovl mg. tp. 9. 8i'\ siipra

m. 2 V. xiGGaqBq'] S B. 17. F] postea insert. m. 1 V.

20. ot H] corr. ex ot m. 2 B. 21. K] in ras. P. itat]

siipra add. at m. 1 P; nccl dsi B. scag ov Theon (BVgj),

fojff ai' August. 23. sGtcoGav] -v e corr. m. rec. P.
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qui eandem rationem habent [prop. I]. ergo F, z/, E
et Z; Hj ®j K minimi sunt eorum, qui eandem ratio-

nem habent ac A, 5; quod erat demonstrandum.

Corollarium.

Hinc manifestum est, si tres numeri deinceps pro-

portionales minimi sint eorum, qui eandem rationem

habeant, extremos eorum quadratos esse, sin quattuor,

cubos.^)

III.

Si quotlibet numeri deinceps proportionales sunt

minimi eorum, qui eandem rationem habent, extremi

eorum inter se primi sunt.

Sint quotlibet numeri deinceps proportionales ^,

Bj r, A minimi eorum, qui eandem rationem habent.

dico, extremos eorum A, z/ inter se primos esse.

„ sumantur enim duo
\A iB ; iF

numeri minimi in pro-

\K

^ „ portione numerorum A,
-\E I iZ ^ '

B, r, A [VII, 33] E,

Z, tres autem if, 0, K
^ et deinceps uno plures

[prop.II], donec multitu-

do sumpta aequalis fiat

^multitudini numerorum Ay B, F, A. sumantur et sint

f, M, N, ^. et quoniam E, Z minimi sunt eorum,

lui eandem rationem habent, inter se primi sunt

-\A i \M . 1

1

1) Nam A : B = r : J = J : E et r ^ A\ E = B'-

)raeterea A : B = Z : H=H:@ = @:K et Z = Axr= A^7
= BxE = B\
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Kal £7tEl OL E, Z ild%i6tOL el(}l x^v xov avtov

loyov E%6vt(x)v avtotg, TtQCJtOL TtQog dXXrikovg ei6lv.

%al EitEL ExdtEQog tcov Ej Z iavtov ^ev TtolXaTtka-

GLaOag iycdtEQOv tcov H, K jtETtOLrjKEv , ixdtEQOv dl

5 t(ov H, K 7tolla7tXa0Ld6ag ixdtSQOv rcor A, ^ jtE-

TtOLrjXEV, otal ol H, K aQa y.al ol A, ISI TtQcitOL TtQog

dXki^Xovg EL0LV. aal ETtEL ol ^, J5, F, z/ Ekd%L6toC

EL0L T(ov tov avtov koyov sxovtcov avtotg, el6l ^^11

xal OL A, M, N, ^ Ekd%L6toL iv ta avta X6y(p ovtEg

10 Tor^ j4, B, r, z/, xaL iatLV l'(30v to nlri^og t(nv A,

B, r, ^ ta nXri%^EL tcov J, M, iV, ^, Exa(jtog aQU

tc5v A, B, r, A ixdatc) t(av J, M, N, !Sl l'0og idtiv'

l6og ccQa iatlv 6 ^ev A ta Ay o 8e zl ta S. xaC

Ei(5Lv OL A, S 7tQ(DtoL TtQog «AATJAoug. xal OL A, id

15 aQa TtQcjtOL TtQog dXki^lovg el0lv' otieq SSel dEt^aL.

d\

A6ycDv dod^Evtcov oTtoacjvovv iv iXaxCotoig

aQid-^otg aQLd-^ovg EVQEtv i^rjg dvdkoyov ila-

%C6tovg iv totg 8o%^EtOL XoyoLg.

20 "Eotcoaav OL dod^ivtsg X6yoL iv iXa%C(5tOLg aQL%-

^otg o t£ tov A JtQog tbv B xal 6 tov F TtQog

roi' z/ Tial hi 6 rotJ E TtQog tov Z* dEt drj dQtd^-

^ovg EVQELV i^rjg dvdXoyov iXa%C0tovg ev tE rra rou

A TiQog tov B X6ya) xal iv ta tov F TtQog tov z/

25 ycal Eti iv tc5 rou E TtQog tbv Z.

ECXrjcpd^co yaQ 6 vTto tav B, F iXd%L6tog ^EtQOv-

^EVog dQLd^^og 6 H. Tcal oadxLg ^ev 6 B roi/ H
1. Tial iTtSL — 3: eccvzov plbv'\ oi ccgcc ajtpot avzcov ot A, IS^

TtQazoi TtQog dXXriXovg bIglv. snel yccQ ol E, Z TiQmroL SKCczsQog

dh avrmv savrov Theon (BVqp). 1. slciv P. 4. K] eras. V.

5. tav A] xov A P. 6. v.aC] orn. BVg). xal oi A, S — 7:
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[YII, 22]. et quoniam ExE = H, ZxZ = K
[prop. II coroll.] et ExH= J, ZxK= S [id.],

et Hj K et Aj ISI inter se primi sunt [VII, 27]. et

quoniam ^, B, F, z/ minimi sunt eorum, qui eandem

rationem liabent, et etiam ^, M, iV, S minimi sunt

in eadem ratione ac ^, B, F, z/, et multitudo nume-

rorum A, B, F, z/ multitudini numerorum ^, M, N, S
aequalis est, singuli A, B, T, ^ singulis A, M, N, S
aequales sunt. itaque A = A, ^ == ^. q\> A, S inter

se primi sunt. ergo etiam A, z/ inter se primi sunt;

quod erat demonstrandum.

lY.

Datis quotlibet rationibus in numeris minimis nu-

meros inuenire minimos deinceps proportionales ^) in

rationibus datis.

Sint datae rationes in numeris minimis A : B,

r* : z/, E : Z. oportet igitur numeros minimos inuenire

deinceps proportionales in rationibus

A:B, r. A, E:Z.
sumatur enim, quem minimum metiuntur B, Fj

numerus H [VII, 34]. et quoties B numerum H me-

1) Uerba e^rjg dvdXoyov lioc loco proprio sensu usurpata
non sunt; neque enim rationes inter se aequales sunt. significat

Euclides, terminum sequentem prioris rationis praecedentem
esse posterioris, habet idem Campanus.

ilalv] 7CQ(oxoi v.al ot A, S Theon (BVqp). 7. yictl BitsC — 8:

tlci] mg. m. 1 P. 7. //] om. B. 8. dai\ eIclv P; (oai Vqp.

9. iXttxiozoi] om. Vqp. 14. elaiv'] P; InsC Theon (BVqp).

Post dXXr^Xovq add. Theon: Blaiv, i'aog ds 6 (isv A tm A 6 81

S roj J (BVqp). 18. dvdloyov] P; V mg. m. 1, del. m. rec.

;

om.Btp. 19. Sod-Eiaiv B. 21. tov] corr. ex to V. 22.

^tJ] seq. ras. 2 litt. V. 23. dvdXoyov'} om. BVqp.
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^£tQ£t, TO(yccvtdmg xccl 6 A tov @ y.£tQ£Ltc3, oadxtg

dh 6 r tov H ^£tQ£L, toGavtccTCLg Kal 6 A tov K
' ^£tQ£itCO, 6 d£ E TOl' K 7]tOl, ^£tQ£V 7] OV ^£tQ£t,

ll£tQ£Ct(0 7tQ6t£QOV. TCal O^CCKig 6 E tOV K H£tQ£t,

5 to^avtccKig Tcal b Z tov A ^£tQ£itc3. xal £7t£i l6d-

Xig 6 A Tov \i£tQ£t xal o B tov H^ £0tiv aQa

d)g 6 A TCQog tov B, ovtcog 6 TtQog tbv H. dia

td avtd dri Tcal Sg b F TtQog tbv z/, ovtgj^ 6 H
TtQog tbv K, Tcal hi (og b E TtQbg tbv Z, ovtcog 6

10 K TtQbg tbv A' ot @, H, K, A ccQa i^rig dvdXoyov

£t6iv £v t£ t(p Tov A itQbg xbv B xal iv tip tou F
TtQbg tbv A xal hi iv tct tov E TtQbg tbv Z Aoyw.

Xiyci dtj, OTt ^al ild%i0toi. £i yaQ ^ri ^Cdiv ot 0,

if , K, A i^iig dvdXoyov iXd^i^toi £v ts totg tov A
15 TtQbg tbv B xal tov F TtQbg tbv z/ xal iv t<p tov jl

E TtQbg tbv Z loyotgj £6tcj0av oC N, ISl, M, O. xal

i7t£i i<5tiv d)g b A TtQbg tbv B, ovtcog 6 N TtQbg

tbv S, oi d£ A, B ikd%i6toi^ oC dl iXdxiCtoi ^£-

tQov6i tovg tbv avtbv Xoyov ^iovtag l6dxig o te

20 ^£i^c3v tbv ^ei^ova xal 6 iXd66cov tbv ildcoovay

tovt£6tiV o t£ rjyov^£vog tbv rjyov^£vov xal 6 ijto-

yL£vog tbv £7t6y.£V0Vy 6 B ccQa tbv S ^£tQ£t. did

1, 0] eras. V. 2. xat] om. Vqp. 9. hi cos] in ras.

m. rec. P. 10. 0, H] e corr. post ras. 2 litt. V; H, B.

dvdXoYOv] P; om. BVqp. 11. ts] om. Vqo. 13. 0] eras. V.

0, fl] H, B. 14. dvdXoyov] P; mg. m. 1 V, del. m. rec.

;

om. Bqp. ts] om. BVg?. 15. itat] xat iv ta P. iv tm] hi
tm B, ftt sv Tc5 Vqp. 16. Post Xoyoig add. Ycp: hGovtaC tivBg

tmv H, 0, K, A 8^^g (mg. V) sXocGGovsg aQLQ^nol ev ts totg

tov A TtQog tov B nui tov F ngog tov A v.a\ hi (supra V)
tov E TiQog tov Z X6yoig\ idem B mg. m. 2 om. «|^g et sti.

17. cog] supra m. 2 V. iV] H cp. 18. ot ds sXu%LGtoC]

om. P. (istQOvoLv Vqp. 20. sXdttoav tov sXdtzova Vqp. 21.

ts] om. JP. 22. aQa] stL cp.
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titur, toties etiam A numerum metiatur, quoties

autem F numerum H metitur, toties etiam zl nume-

rum K metiatur. E igitur^) numerum K aut metitur

A\ 1 JBi 1

Fv- 1 ^\— 1

Ei 1 Zi-

-\N H

1
1

M 1 \K

lO '

:;

'

aut non metitur. prius metiatur. et quoties E nume-

rum K metitur, toties etiam Z numerum A metiatur.

et quoniam A numerum ® et B numerum H aequa-

liter metitur, erit A:B = @:H [VII def. 20. YII, 13].

eadem de causa erit etiam F: A = H : K et prae-

terea E : Z = K : A. itaque 0, H, K, A deinceps pro-

portionales sunt in rationibus A : B, F : A, E : Z.

iam dico, eos etiam minimos esse. nam si &, H, K,

A non sunt minimi deinceps proportionles in rationi-

bus A: B, F: A, E: Z, minimi sint N, S, M, O. et

quoniam est A : B = N : ^, et A, B minimi sunt,

minimi autem eos, qui eandem rationem habent, aequa-

liter metiuntur, maior maiorem et minor minorem,

h. e. praecedens praecedentem et sequens sequentem

[VII, 20], B numerus numerum I5l metitur. eadem

1) Uidetur enim pro ds lin. 3 scribendum esse ^rl; cfr.

p. 194, 23. 262, 11.
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rcc avta drj xal 6 F zov ^ ^btqsl' ol B, F ccQa xhv

lEl ^exQov6iv' %al 6 ikd%L6xos ccQa vtco xcjv B, F
[isxQov^svog xbv S (isxQi^asL. skdxLOxog ds vito xSv

5, r iisxQSLxaL 6 H' b H ccQa xov ^ ^sxqsl 6 ^sC-

6 J(or xov sldacova' otvsq iaxlv ddvvaxov. ovx ccQa

saovxaC XLVsg xcjv 0, if, K, A iXdaaovsg aQLd-^ol

s^ijg sv xs X(p xov A TCQog xov B xal xa xov F
TtQog xov ^ xal sxl xa xov E JtQog xbv Z Xoycp. al

Mri ^sxQsCxo drj 6 E xbv K. xal sCXi^cpd^G) vtco

10 xoov E, K iXd%L<5xog ^sxQov^svog aQLd-^bg 6 M.

xal oadxLg ^sv 6 K xbv M ^sxqsl^ xoaavxdmg nal

sxdxsQog x(Dv @, H ixdxsQov xcjv iV, S fisxQsCxa),

badmg ds b E xbv M ^isxqsl, xoaavxdxLg xal 6 Z
xbv O fisxQsCxo. iTtsl ladmg b xbv N ^sxqsl xal

15 6 if xbv S, saxLV aQa cog b ® TtQbg xbv i/, ovxog

6 N TtQbg xbv ^. cog ds b @ TtQbg xbv /f, ovrog

6 A TtQbg xbv B' %al tog aQa b A TtQbg xbv B, ov-

xog 6 N TCQbg xbv ^. dcd xd avxd drj xal cog b F
TtQbg xbv ^, ovxag b S JtQbg xbv M. ndXLv, insl

20 ladxLg b E xbv M ^sxqsl xal b Z xbv O, s6xlv aQa

og b E TtQbg xbv Z, ovxcog b M TtQbg xbv O' ol iV,

^, M, O ccQa s^rjg dvdXoyov sl6iv iv xolg xov xs A
TtQbg xbv B xal xov F TtQbg xbv z/ xal sxl xov E
TtQbg xbv Z XoyoLg. Xsya) dri, Zxl xal iXd%L(5xoL iv

1. B, r] r, B BVqo. 2. (iSTQOVGt Vqp. vno] 6 vno P.

4. ^STQSLtaL 6 H. 6 H apa] del. m. 2 B, mg. fiSTQovfisvog

iativ 6 H- 6 H aQu tov ^ (istqsl. 6. 0, H] H, B(p et

in ras. V. 7. Post s^rjg in B insert. m. 1 : dvdXoyov. ts]

om. P. 8. J] J l6ya> Yqp. Xoym] om. Vqp. 11. iisv]

m. 2 V. M] (iri cp.' 12. @, H] corr. ex if, @ V;
H, & PBqp. 13. M] (i^ cp. 14. snsC] k(xI snsL Y m. 2, <p.

20. IVrtv dgcc — 21: tov O] mg. <p. 22. dvdXoyov] om.
BVgj. tov] Tav P. ts] om. Vqp. 23. ht] ,om BVqp.
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de causa etiam F numerum S metitur. itaque 5, JT

numerum S metiuntur. quare etiam, quem minimum

metiuntur jB, JT, numerum ^ metitur [VII, 35]. mini-

mum autem jB, F metiuntur numerum H. itaque H
numerum ^ metitur, maior minorem; quod fieri non

potest. itaque nulli numeri numeris 0, H^ K^ A mi-

nores deinceps in rationibus A : B, F : ^, E : Z erunt.

ne metiatur igitur E numerum K. et sumatur,

quem minimum metiuntur E, K, numerus M [VII, 34].

A. ; n : E\ 1

Z
B\ 1 J\ 1 I

———

—

1

H\ 1 1 \0

I \K 1 ,11

M, 1
1 \P

5f, ; Z\ 1

N\ 1 I 1 T

Oi 1

et quoties K numerum M metitur, toties uterque 0/H
utrumque N, ^ metiatur, quoties autem E numerum

M metitur, toties etiam Z numerum O metiatur. quo-

niam Q numerum N et H numerum S aequaliter me-

titur, erit e:H=N:M [VII def. 20. VII, 13]. uerum

Q : H= A : B. quare etiam A : B == N : S. eadem

de causa etiam F : ^ == S : M. rursus quoniam E
numerum M et Z numerum O aequaliter metitur, erit

E:Z = M:0 [VII def. 20. VII, 13]. itaque iV, S,

M, O deinceps proportionales sunt in rationibua

A:B, r:J, E : Z.

24. ildxiatoC ilaiv Vqp. Dein add. BVqp: bI yaq [iri staiv

ilaiiatoL (om. B) ot iV, S^ M, O eirjg {siccxiotoL add. B).
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rotg A B, F ^, E Z koyoig. ei yaQ fiTJ, 86ovxaC

tivsg rcov N, ^, iW, O iXcc06ov£g ccQtd^^ol i^rjg avd-

Xoyov iv rotg A B^ ^ ^? E Z XoyoLg. s0t(o6av ot

77, P, 27, T. Kal i%sC i^riv cog 6 77 itQog rov P,

5 ovrag 6 A TtQog rbv B, ot ds A, B iXdii6roL^ ot

de iXd%L(5roi ^srgovOL rovg rov avrov koyov 's%ovrag

avrotg lcdxLg o rs rjyov^svog rbv rjyovy.svov xal b

STto^svog xbv iTto^isvov, b B aga rbv P [isrgst, dLCC

rd avrd drj Tcal b F rbv P ^srQst' oi J5, F aQa rbv

10 P iisrQ0v6Lv. xal 6 iXdxi(Srog aQcc vTtb rcov B, F
^srQov^svog rbv P ^srQi]6sL. iXd%L(5rog 8\ vnb r^v

5, J" ^srQOviisvog iarLv b H' b H ccQa rbv P ^srQst.

xaC i6riv cog b H TtQbg rbv P, ovrcog 6 K TtQbg rbv

2J' xal b K aQa rbv U ^srQst. ^srQst ds Tial b E
15 rbv U' OL E, K ccQa rbv U ^srQ0v6iv. xal 6 iXd-

%i0rog aQa vnb tcov E^ K ^srQov^svog rbv Zl ^s-

rQiJ6si. ikdxi6rog ds vitb rmv E, K ^srQov^svog

ianv M' 6 M ccQa rbv 2J fisrQst b ^sC^cav rbv

iXd60ova' OTtsQ icrlv ddvvarov. ovx ccQa saovraC

20 nvsg rcov iV, ^, M, O iXd<56ovsg aQid^^ol s^rig dvd-

Xoyov iv rs rotg rov A TtQbg rbv B xal rov F itQog

rbv ^ xal hi rov E JtQbg rbv Z Xoyoig' ol iV, ^,

iW, O ccQa s^ijg dvdXoyov iXd^L^roC sl^lv iv rotg A
B, r ^, E Z XoyoLg' ojtSQ ^dsL dst^aL.

1. J,E, Z] om. B. st yag firi] om. BVqp. 2. N]
H (p. dvccXoyovl om. BVqp. 7. ts] om. BV9. 10. (is-

xqovai Vqp. 11. iXaxiGxo? Ss vnb toav B, F fiSTQOviisvog]

6 ds sXdxt(Stog Vqp. 12. H] mutat. in m. 2, supra H
m. 2 B. H] item B. (isxqi^gsl Vqp. 13. H] uti supra B.

15. ccQcc] sti (f. 18. Z] corr. ex E V. 20. dvccXoyov]

om. BVg). 21. tov] om. B. 22. tov] om. B. sti] sl P.

tov] om. B. 23. uvdXoyov] om. BVqp. sv] om. P.
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iam dico, eos etiarn minimos esse in rationibus

A'.B,r'.zl,E'.Z,

nam si minus, numeri numeris Nj S, M^ O minores

deinceps proportionales erunt in rationibus

A.Bj T: z/, E.Z.
sint 77, P, Z, T. et quoniam est 77 : P= ^ : 5, et ^, B
minimi sunt^ minimi autem eos, qui eandem rationem

habent, aequaliter metiuntur praecedens praecedentem

et sequens sequentem [VII, 20], B numerus numerum

P metitur. eadem de causa etiam J^ numerum P me-

titur. itaque B, F numerum P metiuntur. quare etiam

quem minimum metiuntur B, F, numerum P metietur

[VII, 35]. quem autem minimum metiuntur jB, J^, est H.

itaque H numerum P metitur. et H : P= K : U.^)

quare etiam K numerum U metitur [VII def. 20].

uerum etiam E numerum 2J metitur [VII, 20]. itaque

Ej K numerum U metiuntur. quare etiam quem mi-

nimum metiuntur E, K, numerum E metietur [VII, 35].

quem autem minimum metiuntur E, K, est M. itaque

M numerum E metitur^ maior minorem; quod fieri

non potest. itaque nulli numeri numeris iV, S^ M, O
minores deinceps proportionales erunt in rationibus

A:B, F: ^, E : Z. ergo iV, g, M, O minimi sunt

deinceps proportionales in rationibus A:B, F: J, E:Z'^

quod erat demonstrandum.

1) Nam H:K=r:J(^. 280, 8) = P: Z. tum u. VII, 13.
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f

s .

Oi iuCnedoL ccQtd-^ol TCQog aXXriXovg koyov
8%ov6i tbv Ovyxsi^svov ix rcov TtXsvQav.

"Eatc3(5av iitiitsdoi aQid^^ol ot ^, 5, Tcal rov ^sv

5 A TtXsvQal s6tG)0av oi F, z/ aQid^^oi, tov ds B ot

E, Z' Xsyo^ oti A TtQog tov B loyov s%si toz/

Ovyxsi^isvov ix tcov TtXsvQOJV.

Aoycov yccQ dod^svtcov tou ts ov s^si 6 F TtQog

tbv E xal b ^ ^tQog tbv Z sikri(p%-o6av aQid^nol

10 sirig ikd%i6toi iv totg F E, A Z Xoyoigj ot if, 0, K,

C30ts slvai G)g ^sv tbv F TtQbg tbv E, ovtcog tbv

H TCQbg tbv &, cog ds tbv A itQbg tbv Z, ovtcag

tbv & TtQbg tbv K. xal 6 ^ tbv E 7tollanXa0ia0ag

tbv A TtoiSitcj.

15 Kal iitsl 6 ^ tbv [isv F TCollaitXa^icioag tbv A
TtSTtoiTjxsv, tbv ds E TtoXXaitXa^idaag tbv A nsTtoirixsv,

sativ aQa cjg 6 r TtQbg tbv E^ ovtcjg 6 A TtQbg tbv

A. (hg ds 6 r JtQbg tbv E, ovtcog 6 H JtQbg tbv &'

xal cog ccQa 6 H TtQog tbv 0, ovtcog 6 A TtQbg tbv

20 A. TtdXiv, iitsl 6 E tbv A itoXXaitXaGid^ag tbv A
TteTtOLYjxsv , dXXd ^rjv xal tbv Z TtoXXajtXaOidoag tbv

B TtSTtoifjxsv ^ sativ ccQa cog 6 A TtQog tbv Z, ovtcog

6 A TtQog tbv B. dXX' (og b A n^bg tbv Z, ovtcog

® TtQbg tbv K' xal 6g ccQa 6 @ JtQbg tbv K, ov-

25 tcog A TtQog tbv B. idsi%^ri d\ xal ag 6 H TtQbg

tbv 0, ovTOjg 6 A TtQbg tbv A' di^ lcov ccQa i6tlv

4. fisv'] om. P. 8. ydg'] dsi cp. 11. xbv H] b H V.

12. rbv J] b J F. 13. %at 6 z/ — 14: noiSLtco] om. Theon
(BVqp). eornm loco habent BVqp: ot dga H, 0, K Ttgbg

dXXi^Xovg sxovGL tovg xav nlsvQcov Xoyovg. dXX' 6 xov H TtQog

xbv K Xoyog GvyHsitai Ix tov xov H nqbg tbv Q xal tov xov
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V.

Numeri plani inter se rationem habent ex lateribus

compositam.

Sint plani numeri ^, B, et numeri Jt latera sint

Fy z/, numeri B autem Ej Z. dico, esse

A:B = r-.Ex^ :Z.

1 \A nam datis rationibus

, iB r:Eet^:Z^)
\ iF I iz/ sumantur numeri deinceps

,

1 E I I z minimi in rationibus F : E ei

,ir z/ : Z [prop. IV] H, 0, K, ita

! 10 ut sit r:E = H:@ et

, iK zJ:Z = ®:K.
\A et sit zl X E = A.

et quoniam A X T= A et A X E = A, erit

r:E = A:A [VII, 17]. uerum F : E = H : &. quare

etiam H : & = A : A. rursus quoniam Ex A = A
[VII, 16] et £; X Z = B, erit A:Z = A:B [VII, 17].

uerum A : Z = ® : K. quare etiam & : K = A : B.

demonstrauimus autem, esse etiam H:®= A:A. ergo

j

1) Si hae rationes minimis numeris propositae non sunt,

^
per VII, 33 minimos numeros inueniemus, qui easdem ratio-

\ nes habent.

Q TiQos rov K. 6 H aqa ngog xov K Xoyov 'd%si xov avynEi-

pLSVOV fX XCOV 7Cl8VQ0aV. XiyCO OVV^ OXl iGTLV G)S 6 A TlQOg xov
B (in ras. B), ovxcog 6 H TCQog xov K; punctis del. V. Dein
add. BVqp: 6 J yccQ (B, V m. 1; xal b J Y m. 2; %g'1 6 J
TiQog (p) xov E noXXanXocGLUcag xov A noLSixco. 15. xat']

om. BVqp. 6 J] di cp. 16. nsnotrjyis Y cp. 17. E] postea
insert. V. 20. 6] 6 fiiv P. 22. ovxoog 6 A — 23: nQog
xov Z] mg. qp.
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wg 6 H TtQog rov K, [ovtag] o A TtQog xov B. 6 de

H TtQog xov K koyov exsi xov GvyyisC^evov ix. xcjv

TcXsvQCJV xttl 6 A aQa TiQog xov B loyov exsi tov

avyxsL^svov SK rcov TtXsvQ^v OTtsQ sdsL dst^at.

5 ?'.

'Eav (o6lv 07to6oiovv ccql^iloI si,rig avd-

Xoyov^ 6 ds jtQcoxog xov dsvxsQOv ^rj ^STQjj,

ovds aXXog ovdslg ovdsva ^sxqi^Osl.

''E6xo6av oTtoeoLOvv aQLd-^ol s^rjg dvdXoyov ot

10 A, B, jT, z/, E, 6 ds A xbv B ^rj ^sxqsCxg)' ksya^

oxi ovds dXkog ovdslg ovdsva ^sxQT^Cst.

"OxL iisv ovv OL A, B, r, z/, E sl^ijg dlkr^Xovg ov

IISXQ0V6LV ^ (pavsQOV ovds yaQ 6 A xov B ^sxqsl.

Xsyco dt], oxL ovds dkXog ovdslg ovdsva ^sxqi]6sl. sl

15 yaQ dvvaxov, ^sxqsCxco 6 A xov F. xal o(Sol slalv

oC A, B, r, xoaovxoL sCX7](pd^C36av sXdxL6xoL dQLd-^ol

x(av xov avxov Xoyov i%6vxov xotg A, B, F ol Z, H,

@. Ttal iitsl OL Z, if, iv xa avxa Xoyc) sCal xotg

A, B, r, xaC ioxLV l'6ov xo TcXijd-og xav A, B, F xa

20 Ttlrld-SL xo5v Z, H, @, dt' l'6ov ccQa iaxlv (og 6 A
TtQog xov r, ovxcjg 6 Z TtQog tbv 0. xal iitsC iaxiv

(hg 6 A TtQbg xbv B, ovtcog 6 Z TtQbg tbv i/, ov

HStQst ds 6 A tbv B, ov ^stQst aQa ovds o Z tbv

1. ovtoag] om. P. ^] in ras. P. tov] om. P. 2.

Tov K] K P. xov] corr. ex ro qp. 8. fiEZQSLOEi qp, sed

corr. 12. E] om. cp. ov] m. rec. P. 13. (letQovaL

P m. 1, Vqp; (istgi^aovGL P m. rec. 14. st yccQ dvvcctov, (is-

tQSLtco 6 A thv r] Xsyto yccQ, oti ov (istQSL 6 A tov F Theon
(BVqp). 15. xorl oGoi] o6oi yccQ Theon (BVqp). 18. si

OLv PB. 21. Z] Z, H B.
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ex aequo erit [VII, 14] H: K^ A : B. uerum

H:K=r:Exzl:Z.')
ergo etiam A : B = F : E X J : Z-.^ quod erat demon-

strandum.

VI.

Si quotlibet numeri deinceps proportionales sunt,

et primus secundum non metitur, ne alius quidem

uUus alium metietur.

Sint quotlibet numeri deinceps proportionales A,

Bj Fj Aj E, et A nume-
j^^

^^^^ ^ ^^ metiatur. dico,

^ ~
ne alium quidem ullum

r\ 1 alium mensurum esse.

d^ 1 iam hoc quidem mani-

E 1 festum est, numeros Aj B,

Z I
r, Aj E deinceps inter se

II 1
non metiri. nam A nume-

^i ,

rum B non metitur. dico,

ne alium quidem uUum

alium mensurum esse. nam si fieri potest, A nume-

rum r metiatur. et quot sunt A, B, F, tot sumantur

minimi numeri eorum, qui eandem ac A, 5, F ratio-

nem habent Z, H, & [VII, 33]. et quoniam Z, H,

in eadem ratione sunt ac A, B, F, et multitudo nu-

merorum A, B, F aequalis est multitudini numerorum

Z, H, 0, ex aequo erit A:r=Z:0 [VII, 14]. et

quoniam est ^ : 5 = Z : if, et ^ numerum jB non me-

1) Nam H : K= H : X : K ei H : ® = V : E,

G: K=^ J :Z.

£nclidcs, edd. Heiberg et Menge. II. 19
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H' ovK aga ^ovdg i(Hiv 6 Z' 7} yccQ ^ovag ndvxa

aQLd-^ov ^£tQ8t. xaL £i<5lv 01 Z, %Q^xoL TtQos dXXrj-

Xovg [ovds 6 Z ccQa roi' & ^stQEi]. xal iatLv Sg 6

Z TtQog tov 0, ovtag 6 A itQog tbv F' ovds o A
5 aQa tbv r ^atQEL. o^OLCog drj dsL^o^sv, otL ovde

aXXog ovdelg ovdeva ^stQrjdSL' oTtsQ idsL dst^aL.

r.

^Edv c>6lv ' oTtoaoLOvv aQLd-^ol [iirjg'] dvd-

Xoyov, 6 de TtQcotog tbv e6%atov y.EtQrj, xal

10 rbv devtSQOv ^£tQi^0£L.

"E6to6av oTtoaoLOvv dQLd^^ol E^rjg dvdXoyov ot

A^ B^ r^ A^ 81 A tbv A ^EtQELtco' XEyo, otL xal

6 A rbv B ^EtQEL.

Ei yaQ ov fiEtQEt 6 A tbv B^ ovdl dXlog ov-

15 dslg ovdiva ^EtQi^GEL' ^EtQEt dl 6 A tbv A. \iEtQEt

aQa xal 6 A tbv B' ojtSQ id£L dEt^at.

r

n-

Edv dvo dQLd-^av ^Eta^v xatd tb 6vv£X£g
dvdXoyov ifi7tL7ttco6LV aQLd^fiOL, o6ol Elg av-

20 tovg ^Eta^v xatd tb 6vv£X£g dvdXoyov i^-

7tL7ttov6LV dQLd-^OL, to6ovtoL xal Eig tovg tbv

avtbv Xcyov e^ovtag [avtotg] ^Eta^v xatd tb

6vv£x^g dvdkoyov i^7t£6ovvtaL.

Avo yaQ dQLd^^cov tov A, B ^Eta^v xatd tb

25 6vv£X£g dvdXoyov i[i7tL7ttEtco6av dQLd^^ol ot jT, A^

2. iiSTQSc cLQiQ-yLOv Vqp. v,aC slaiv] om. tp. 3. ovds
6 Z aQcc xov & fisTQSi] om. P. 6. (istqsl BY (p. 8.

s^Tjg] om. P. 9. scxaxov] in ras. V. 10. dsvxsQov] in

ras. V. 12. %at] om. tp. 14. ov] jiirj BVg?. 15. Post
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titur, ne Z quidem numerum H metitur [VII def. 20].

itaque Z unitas non est; nam unitas omnem numerum

metitur. et Z, inter se primi sunt [prop. III]. et

est Z:® = A-.r. itaque [VII def. 20] ne A quidem

numerum F metitur. similiter demonstrabimus, ne

alinm quidem uUum alium mensurum esse; quod erat

demonstrandum.

VII.

Si quotlibet numeri deinceps proportionales sunt,

et primus ultimum metitur, etiam secundum metitur.

A\ 1 Sint quotlibet numeri deinceps

Bi ( proportionales A, B, F, ^, et A nu-

Fi merum z/ metiatur. dico, A etiam

j\ 1 numerum B metiri.

nam si A numerum B non metitur, ne alius qui-

dem ullus alium metietur [prop. VI]. metitur autem

A numerum A. ergo A etiam numerum B metitur;

quod erat demonstrandum.

VIII.

Si inter duos numeros secundum proportionem

continuam numeri aliquot interponuntur, quot inter

eos secundum proportionem continuam interponuntur

numeri, totidem etiam inter eos, qui eandem ratio-

nem habent, secundum proportionem continuam inter-

ponentur.

Nam inter duos numeros A, B secundum propor-

tionem continuam numeri aliquot F^ A interponantur

(iBxgi^OBi add. Vqp: onsQ axonov vTtonsnai, yag o A xov /1

ptpftv; idem B mg. m. 2. 22. auTOt?] om. P. 25. P]
in raa. V,

19*
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y,al 7tS7toL7]6d-co ag b A JtQog rov B, ovrcog 6 E
TtQog rov Z* Xiya}^ ort o6ol Eig rovg A, B ^era^v

y.ara ro 0WE%\g avaloyov E^jTETtrcixaOLV aQLd-^OL, to-

6ovroL xal Elg rovg E, Z ^Era^v xara to 6vvExsg

5 avdloyov i^7tE6ovvraL.

'^'O^OL yccQ ei6l ta Ttli^d^EL OL A, 5, F, ^, ro6ov-

roL ELX7](pd-c36av EkdxL6roL aQL^^OL rcov tov avrov

Xoyov Exovrcav rolg A, F, ^ , B ol H, @, K, A' ot

ccQa axQOL avrSv ol H, A jtQcoroL itQog dXXri?.ovg

10 EL6LV. xal ETtEL OL A, F, z/, B rolg H, &, K, A iv

T« avra X6y(p el6lv, xaC i6rLV l'6ov rb Ttkri^^og rcov

Aj r, A, B ta Ttlrid^EL rcov if, @, K, A, Sl' l'6ov ccQa

i6rlv (og A TtQog tbv B, ovtcog b H itQbg tbv A.

(hg ds b A TtQbg tbv B, ovtcog b E JtQbg tbv Z' xal

15 G)g aQa 6 H TtQbg tbv A, ovtcog 6 E TtQbg tbv Z.

OL ds H, A 7tQ()oroL, ot ds jtQooroL xal iXdxL6roL, oC

ds ildxL6roL aQL^-^ol iiErQov6L rovg rbv avrbv koyov

^XOvrag i^dxtg o T£ ^el^cov rbv fiSL^ova xal 6 iXd6-

6cov tbv iXd66ova, tovtE6tLV o ts rjyovfisvog tbv

20 y yov^Evov xal 6 ijto^Evog tbv ijto^Evov. t^dxtg

ccQa 6 H tbv E ^stQEt xal 6 A tbv Z. b^dxLg drj

6 H tbv E ^EtQEL, to6avtdxLg xal ixdtEQog tcoi/ ©,

K ExdtEQOV tav M, N ^EtQELtCO' ot H, ®, K, A CCQa

tovg Ej M, N, Z L6dxLg iiEtQ0v6LV. ot H, @, K, A
25 ccQa totg E, M, N, Z iv ta avt(p Xoyco el6lv. dXXd

oC H, 0, K, A totg A, F, A, B iv tc5 avta Xoya

3. rd] Tov (p. 6. slaiv B. 7. ot bXccxlozol Vqp. 8.

r, zr, B] B, r, z/ BVqp. ot] corr. ex rovg m. 1 V. 9.

ot] om. P. 10. f/fftv] slaC Vqp. xal kitBC — 11: bIglv^

om. qp. 10. r] in ras. B, post ras. 1 litt. V. 11. eIgC V.

13. xov A'^ AB. 18. ^xovtas avroig BVqp. 19. ts] om. P.
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Ai 1 £i 1 et fiat ^ : 5 = £: : Z.

i \r M\— 1 dico, quot inter ^, B
1 iz/ N\ 1 secuDdumproportionem
' ^ ' Zi 1 continuam interponan-

H\ 1
tur numeri, totidem

^i 1
etiam inter E, Z secun-

K'. 1 dum proportionem con-

A\ 1 tinuam interpositum iri.

nam quot sunt numero ^, J5, F^ z/, totidem su-

mantur numeri minimi eorum, qui eandem rationem

habent ac ^, T, z/, B [VII, 33] H, ©, K, A. itaque

extremi eorum Hj A inter se primi sunt [prop. III].

et quoniam A, F, z/, B et iif, 0, K, A in eadem ra-

tione sunt, et multitudo numerorum A, F, z/, B mul-

titudini numerorum i/, 0, K^ A aequalis est, ex aequo

erit [VII, 14] A:B = H:A. uerum A : B = E : Z.

quare etiam H : A = E : Z. sed if, A primi sunt,

primi autem etiam minimi [VII, 21], minimi autem

numeri eos, qui eandem rationem habent, aequaliter

metiuntur, maior maiorem et minor minorem [VII, 20],

h. e. praecedens praecedentem et sequens sequentem.

itaque H numerum E et A numerum Z aequaliter

metitur. iam quoties H numerum E metitur, toties

uterque 0, K utrumque M, N metiatur. itaque H, 0,

K, A numeros E, M, N, Z aequaliter metiuntur. ita-

que H, 0, K, A et E, M, N, Z in eadem ratione

sunt [Vn def. 20]. uerum H, 0, K, A et A, F, A, B

24. TorJg] corr. ex roCg V. Z] in ras. V. Lcdmg — 25:

Z] mg. m. 1 V, om. cp. 26. K] e corr. V.
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ataCv' Tcal ot ^, F, z/, B ccQa totg E, M, N, Z iv ra

avt(p koya elaCv. oi de A, F, ^, B e^^^g avdkoyov

daiv xal oC E, M, N, Z aQcc s^ijs avdXoyov siGiv.

O0OL aga sCg tovg A, B ^sta^v xata tb 6vvEX£g dvd-

5 ?.oyov i^7tent(Dxa0Lv aQLx^^oC, ro(9o{>rot xal eCg tovg

Ej Z ^eta^v xatd to avve%eg dvdloyov e^7tejtt(6xa6LV

aQLd^^oC' oTteQ edeL det^aL.

^Edv dvo aQLd^^ol JtQtDtOL TtQog dkXrikov

10 GtCLV, xal eCg avtovg fista^v xatd to 6vvexeg

dvdXoyov iiiTtCjttcoOLv aQLd^^oC, o(?Oi sCg av-

tovg ^sta^v xatd to Gvvsxeg dvdXoyov i[i-

%C7ttov0Lv dQLd-^OL, to6ovtOL xal ixateQOV av-

toov xal ^ovddog ^eta^v xatd tb ^vvexsg dvd-

15 koyov i^7te<SovvtaL.

"EctcoGav dvo dQL^^iol JtQcotOL TtQog dXXt^kovg ot

A, B, xal eCg avtovg ^ieta^v xatd tb 0vvexeg dvd-

koyov i^7tL7ttetco0av oC F, ^, xal ixxeCad^co tj E ^o-

vdg' Xeyco, otL oaoL eCg tovg A, B ^ieta^v xatd tb

20 avvex^g dvdkoyov i^7te7ttcaxa6Lv dQLd^^oC, toaovtoL

xal sxatiQOv t^v A, B xal tijg ^ovddog fieta^v xatd

tb avvex^g dvdXoyov i^TteaovvtaL.

ECXrj(pd^CD0av yuQ dvo ^ev aQLd^^ol iXdxtOtOL iv

ta rcav A, F, A, B Xoyc) ovtsg ol Z, H, tQstg ds oC

25 @, K, A, xal dsl s^rjg svl 7tXsCovg, eag dv i'6ov yevrj-

tat tb 7tXrjd-og avtiBv ta TtXrjd^SL tiov A, F, z/, B.

sCXrj(p&G}6av, xal s6tGi6av ot M, N, tS, O. cpavsQOV

1

1. eIgCv] om. P. v.ai ot — 2: Xoym steCv] mg. m. 1 V,

om. (p. 3. fioir] (prius) etai Vqp. 10. cogl PVg). 11.
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in eadem ratione sunt. quare etiam Ay Fj Ay B et

E, M, Nj Z in eadem ratione sunt. uerum ^, F, z/, B
deinceps proportionales sunt. quare etiam E, M, N, Z

deinceps proportionales sunt. ergo quot inter A, B
secundum proportionem continuam interpositi sunt

numeri, totidem etiam inter E, Z secundum propor-

tionem continuam interpositi sunt numeri; quod erat

demonstrandum.

IX.

Si duo numeri inter se primi sunt et inter eos

seoundum proportionem continuam interponuntur nu-

meri aliquot, quot inter eos secundum proportionem

continuam interponuntur numeri, totidem etiam inter

singulos et unitatem secundum proportionem conti-

nuam interponentur.

Sint duo numeri inter se primi A, B, et inter eos

secundum proportionem continuam interponantur JT,

z/, et#ponatur unitas E. dico, quot inter A, B secun-

dum proportionem continuam interponantur numeri,

totidem etiam inter singulos A, B et unitatem secun-

dum proportionem continuam interpositum iri.

sumantur enim duo numeri minimi in ratione A,

r, A, B numerorum Z, if, tres autem &, K, A et sem-

per deinceps uno plures, donec fiat multitudo eorum

multitudini numerorum A, F, z/, B aequalis [prop. II].

sumantur et sint M, N, Sy O. manifestum igitur

aiv aQid^fioi oaoi] in ras. m. 1 B. 12. lyLnCnzcoavv P. 14.

fiita^v] i^fig iitxagv Theon (BVqp). 24. tcov] corr. ex xov V.
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drj, oxL 6 iiev Z iavtbv 7toXka7tXa6id6ag tbv ® ns

jtOLrjTcev, xbv de & TtoXlaTtXaCLaOag tbv M TteTtOLrjxev^

y.ai 6 H eavxbv ^ev 7toX?M7tXa6Ld6ag xbv A TteTtOLrjaeVy

xbv de A noXXaTtXaCLa^ag xbv O 7te7tOL7}Kev. xat iTtel

5 OL My N, ^, O iXdxL6xoL elaL xcov xbv avxbv Xoyov

ixovxcov xotg Z, H, elcl 8e xal ol A, F^ ^, B iXd-

XL6X0L X(Dv xbv avxbv Xoyov i%6vxGiv xotg Z, i/, naC

iaxLV laov xb 7tXri%-og xav M, iV, ^, O xa ^tXrjd^eL

xav A, r, z/, B, exaaxog dga xcjv M, JV, ISI, O exdaxco

10 To5i/ A^ jT, z/, B taog iaxCv taog dga iaxlv 6 ^ev M
xa A, 6 de O xco B. xal iTtel 6 Z iavxbv noXXa-

7tXaaLdaag xbv ® 7te7toCr]xev, b Z dga xbv ® iiexQet

xaxd xdg iv xa Z fiovddag. ^exget 6e xal rj E ^ovdg

xbv Z xaxd xdg iv avxa ^ovddag' ladxLg dga rj E
15 ^ovdg xbv Z aQLd^^bv ^exget xal 6 Z xbv ®. iaxLV

dga G)g 7] E ^ovdg ^tgbg xbv Z dQLd^y.ov^ oiJrcjg 6 Z
7tQbg xbv 0. 7tdXLv, iTtel 6 Z xbv & ^toXXa^tXaaid-

aag xbv M TteTtoCrjxev , 6 aQa xbv M ^exQet xaxd

xdg iv X(p Z [lovddag. ^exQet 8e xal r] E (lovdg

20 rbv Z dQLd^^bv xaxd xdg iv avxa ^ovddag' ladxLg

aQU Tj E ^ovdg xbv Z aQLd^iibv (lexQet xal 6 xbv

M. iaxLv aQa (hg r] E ^ovdg 7tQbg xbv Z dQLd^^ov,

ovxcog 6 & 7tQbg xbv M, ideCx^tj de xal (hg rj E
^ovdg 7tQbg xbv Z aQLd^^ov, ovxcog o Z 7tQbg xbv 0'

1. TCsnoirjTis Vqp. 2. Ttsnoirjyis Ycp. 3. nsnoCrjKS Ycp.

4. nsnoiriv.s Y cp. 5. slaiv P. 6. Z, if] H, Z BVqp. sl-

aiv B. 7. Tov] corr. ex tcdv m. 1 P. Z, Jf] Jf, Z BVcp;
E, Z P. 10. L6og] (prius) corr. ex l'aov m. rec. P. 12

ZJ eras. V. 13. tco Z] ccvrm Vqp, tc5 Z supra m. 2 V. 18

dga] sxi (p. 21. @] e corr. V; E P.' 22. aq] supra m. 1 B.

24. nqog'] (prius) supra m. 2 B.

1
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est, esse ZxZ = ©, Zx© = M, HxH==A,
Hx A = O [prop.

^ ' ®' '

Ilcoroll.]. etquoni-

r 1
^i ' am M, N, g, O mini-

j 1 Ai 1 mi sunt eorum, qui

2 I

eandem rationem ha-

I

bent ac Z, H^ uerum

etiam ^, F, ^^ B
minimi sunt eorum,

' qui eandem ratio-

Oi 1 nem habent ac Z, H
[prop. III], et mul-

titudo numerorum iW, N, ^, O multitudini nume-

rorum A, F, z/, B aequalis est, singuli M, N, S, O
singulis A, F, z/, B aequales sunt. itaque M= A,

O = B. et quoniam Z X Z = 0, numerus Z nume-

rum secundum unitates numeri Z metitur [VII def.

15]. uerum etiam unitas E numerum Z secundum

unitates ipsius metitur. itaque unitas E numerum Z
et Z numerum ® aequaliter metitur. itaque

E:Z = Z:® [VII def. 20].

rursus quoniam Zx& = M, numerus numerum

M secundum unitates numeri Z metitur [VII def. 15].

uerum etiam unitas E numerum Z secundum unitates

ipsius metitur. itaque E unitas numerum Z et

numerum M aequaliter metitur. quare

E:Z = 0:M [VII def. 20].

demonstrauimus autem, esse etiam E : Z = Z : ®.
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xal (hg ccQtt rj E ^ovccg TCQog rbv Z aptO^ftoV, ovtcog

6 Z TtQog tbv & xccl 6 S TtQog tbv M. i'6og da b

M ta A' s6tLV ccQa cog rj E ^ovccg TiQog tbv Z
aQid-^ov, ovtcog 6 Z JCQog tbv @ %al 6 TtQcg tbv

6 j4. dia ta avta drj Tcal (og rj E ^ovag itQbg tbv

H a^tO-fiov, ovtcog 6 H TtQbg tbv A xal b A TtQbg

tbv B. 0601 ccQa sug Tovg A, B ^sta^v xata tb 6vv-

exsg avdXoyov s^7ts7tt(6xa6LV ccQLd-^OL, to6ovtot xal

STcatsQov tcjv A, B xal ^ovddog trjg E ^sta^v xata

10 ro Gvvsjsg dvdkoyov s^7CS7tt(6xa0LV dQLd^^oC' 07tsQ

sdsL dsL^aL.

:6om
J0LVM

'Eav dvo dQLd^^^Bv sxatsQOv xal novd^

^sta^v Tcatd tb 6vvsx£g dvdXoyov sii7iL7ttcaOLV*i

15 aQLd^^iOL, o60L sxatsQov avtcov xal ^ovddog ^s-

ta^v xatd tb avvs^sg dvdkoyov s^7tL7ttov6Lv

dQLd^iiOL^ to6ovtOL xai SLg avtovg fista^v xatd

t6 6vvsxsg dvdkoyov s^7ts6ovvtaL.

Avo yaQ dQLd^^Sv tav A, B xal ^ovddog trjg F
20 ^sta^v xatd tb 6vvsxsg dvdkoyov i^i7tL7ttstcj6av dQtd"-

^OL OL ts A, E xal 01 Z, H' Xsycj, otL o6ol sxats-

Qov t(ov A, B xal ^ovddog trjg F fista^v xatd tb

6vvsx£g dvdkoyov i^7ts7tt(DKa6iv dQL^^ioi, to6ovtoL

xal slg tovg A, B ^sta^v xatd tb 6vvsxsg dvdloyov

25 s^7ts6ovvtaL.

2. nQOS xbv M — 4: ngog tbv A] add. m. 2 B; sed Ttgdg

xov A lin. 4 etiam in textu sunt a m. 1. 2. loo? 8h 6 M x<p

A] b ds M {(17] cp) xm A egzlv i'aog BVqo; in V haec uerba
et seq. ad nqog xov A lin. 4 in mg. sunt m. 2. 3. 17] corr.

\

ex 6 <3p. 13. B-KccxsQov'] om. Theon (BVqp). 15. s^rig (is

xa^v Theon (BVqp). 16. x6] om. V. 18. dvccloyov] m.^

2 B, om. Vqp.
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quare etiam E : Z = Z -. ® = & : M. uerum M= A.

itaque erit E : Z = Z : & = S : A. eadem de causa

etiam E : H= H : A = A : B. ergo quot inter A, B
secundum proportionem continuam interpositi sunt

numeri, totidem etiam inter singulos A, B et uni-

tatem E secundum proportionem continuam inter-

positi sunt numeri; quod erat demonstrandum.

X.

Si inter duos numeros^) et unitatem secundum

proportionem continuam numeri aliquot interpositi

sunt, quot inter singulos et unitatem secundum pro-

portionem continuam interpositi sunt numeri, totidem

etiam inter ipsos secundum proportionem continuam

interponentur.

„ , Nam inter duos numeros— r A\ 1

A. B ei unitatem F secundum

proportionem contmuam inter-

ponantur numeri z/, E et Z,

„ I 10 H. dico, quot inter singulos

A, B et unitatem F secundum

proportionem continuam inter-

. positi sint numeri, totidem eti-

am inter A, B secundum pro-

portionem continuam interpositum iri.

1) Scripturam codicis P lin. 1.3 (fxargpov) etiam Cam-
panus habuisse uidetur; apud eum enim VIII, 10 ita legimus:
si inter utrumque eorum et unitatem quotlibet numcri con-
tinua proportionalitate ceciderint, ambobus numeris totidem
continua proportionalitate interesse necesse est.
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^O z/ yccQ Tov Z %oXka7tXtt6id6ag xov ® TtouiTG),

ixdteQog ds t(Dv z/, Z tbv TtoXkaTtXa^tdeag iycdts-

QOV tCDV Ky A TtOLSltCJ.

Kal STtsi s&tiv d>g rj r ^ovag JtQog tbv A aQi^-

5 yiov., ovtmg 6 A TtQog tbv E, iadxig aQa rj F ^ovdg

tbv /1 aQtd-iibv ^stQst xal 6 A tbv E. 7^ ds F fto-

vdg tbv z/ aQid^y^bv ^stQst Tcatd tdg sv ta A ^o-

vddag' xal 6 z/ aQa aQtd-^bg tbv E ^stQst xatd TagM
sv ta A ^ovddag' 6 A aQa savtbv 7CoXXa7tXa6id6ag

10 tbv E TtSTtoCriKsv. ndliv^ sitsC iativ G>g 7^ F [^ovdg]

TtQbg tbv A dQid^^bv, ovtog 6 E TtQbg tbv ^, Cadxig ||

aQa 7} r liovdg tbv /1 aQid-^bv ^stQst xal 6 E tbv

A. rj ds r ^ovdg tbv z/ aQid-fJibv ^stQst xatd tdg

sv rc5 jd ^ovddag' xal 6 E aQa tbv A ^stQst xatd

15 tdg iv xm A fiovddag' 6 A aQa tbv E TtolXaitXaaid-

6ag tbv A TtSTtoCr^xsv. did td avtd drj xal b iisv

Z iavtbv 7toXXa7tka6id0ag tbv H 7tS7toCrixsv , tbv ds

H TtoXXaTtXaGidcag tbv B TiSTtoCrjxsv. xal i^tsl 6 A
iavtbv ^sv 7toXXa7tXa6id6ag tbv E 7ts7toCr}xsv , tbv

20 ^^ Z 7toXXa7tXa6id6ag tbv & TtsnoCrjxsv , i6tiv aQa

(ag 6 A 7tQbg tbv Z, ovtag 6 E 7tQbg tov &. did

td avtd drj xal cog b A TtQbg tbv Z, ovtog b S
7tQbg tbv H. xal (og aQa b E 7tQbg tbv 0, ovtcog

6 @ 7tQbg tbv H. TcdXiv^ i^tsl 6 A ixdtSQOV tov

25 E^ ® 7toXXa7tXa6id6ag sxdtSQOv tov A^ K TCSTtoCrjxsv,

s6tiv aQa cog b E TtQbg tbv 0, ovtcjg 6 A TCQbg

tbv K. dXX^ og b E 7tQbg tbv 0, ovtog 6 A TtQog

xbv Z* xal og ctQa 6 A ^CQog xbv Z, ovxcag b A

4. f<rr«'] supra m. 1 V. 8. xat 6 J dga — 9: fiovddag]

mg. m. 1 Pqp. 8. agcc] ora. B. aQL&^os] om. Vqp. 10.

nEnoir]v.£ Y cp. [lovds] om. P. 12. t] e corr. V. 11.
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sit enim ^XZ = &, ^X® = K, Zx® = A.

et quoniam est F -. zl = ^ i E^ unitas F numerum z/

et z/ numerum E aequaliter metitur [VII def. 20].

uerum unitas F numerum z/ secundum unitates nu-

meri z/ metitur. quare etiam numerus z/ numerum

E metitur secundum unitates numeri z/. itaque

z/ X z/ = jEJ. rursus quoniam est jT : z/ = JE : -^,

unitas F numerum ^ Qt E numerum A aequaliter

metitur. uerum unitas F numerum z/ secundum uni-

tates numeri ^ metitur. quare etiam E numerum

A secuudum unitates numeri z/ metitur. itaque

^ X E = A. eadem de causa etiam Z X Z = H
et Z X H= B. et quoniam J X ^ = E et

z/ X Z = 0, erit [VII, 17] ^ : Z = E:®.
eadem de causa erit etiam A : Z = ® : H [VII, 18].^)

quare etiam E : = ® : H. rursus quoniam

^XE = AetAX0 = K, erit E : ® = A : K
[VII, 1 7]. uerum E : ® = A : Z. quare etiam

z^ :Z = A:K.

1) Cum habeamus J x Z = @ et ZxZ = Jf, proprie
citanda est VII, 18, non VII, 17, ut in praecedenti ratio-

cinatione; sed cum z^ x Z = Z x z/ (VII, 16), adparet, Eu-
clidem sine errore dicere posse lin. 21 sq.: dicc ra avzd.

iaccKig — 12: rov A] bis V (corr.), cp. 14. xai 6 E — 15:
fiovddag] mg. m. 1 P. 14. ^4] in ras. m. 1 B. 16. ns7ioL7]KS

Vqp. 17. TiETCOLTj-KS Y (f. 18. TtoXXaaidaag cp. 19. ns-
7ioiriv.s \ cp. 24. xwv E — 25: sv.dxsqov] mg. m, 1 P.

25. rbv A, H (p. 27. dlXd P.
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TtQog rov K. Jtdhv, ijtsi sxccreQOs tcov z/, Z tov

7CoXXa%ka6ia(5ag SKdtSQOv rav K, A TtSTtOLrjxsv , s6rLV

aga ag b zl TtQog rov Z, ovrcog 6 K JtQog rbv A.

«AA' G)g 6 ^ JtQog rbv Z, ovrcog b A TtQog rbv K'

6 xal G)g aQa 6 A JtQbg rbv K, ovtcjg 6 K TtQbg rbv

A. sn STtsl 6 Z SKccrsQov rcov 0, H 7toXka7tXa6id6ag

STcdrsQov rcov A, B TtSTtoirjTcsv , s6riv ccQa G)g b @
TtQbg rbv H, ovrcog 6 A TCQbg rbv B. dtg ds 6

TtQbg rbv if, ovrcog 6 /i itQbg rbv Z' xal G)g ccQa

10 6 z/ TtQbg rbv Z, ovrog o A TtQbg rbv B. sdstx^V

ds zal G)g 6 ^ TCQbg rbv Z, ovrcog o rs A TtQbg rbv ll

K xal 6 K TtQbg rbv A' xal G)g aQa 6 A TtQog rbv

Ky ovrcag 6 K TtQbg rbv A xal 6 A TtQbg rbv B. oC jg
A, K, A, B ccQa xard rb 6vvs%sg s^rig siCiv dvdXoyov, ^|

16 o6ot ccQa ixarsQOv rmv A^ B xal rijg F ^iovddog iis-

ra^i) xard rb 0vvsxhg dvdXoyov i^7tC7trov6Lv aQLd-^OL,

ro6ovroL xal sig rovg A, B ^isra^v Tcard rb 6wsxsg
i^7ts6ovvraL' 07tsQ ^dst dst^ac,

La.

20 z/vo rsrQaycovG)v aQL^iLmv slg ^s6og dvd-

Xoyov i6rLV dQLd-^og, xal 6 rsrQdycovog 7tQbg

rbv rsrQdycjvov $L7tXa6L0va Xoyov sx£l 7]7tsQ

rj TtXsvQa TCQog rrjv TtXevgdv.

*'E6rG)6av rsrQdycovoL aQLd-^iol ol A, B, xal rot)

25 y^sv A 7tXsvQd s6ro 6 F, tov dl B 6 ^' Xsyco, ort

rav A, B slg ^s6og dvdXoyov i6rLv dQLd^^og, xal o

A 7tQbg rbv B dL7tXa6L0va Xoyov sxsl rjTtSQ 6 F 7tQbg

rbv ^.

1. xal Ttaliv, deleto %ai P. z/, Z] Z, J B. 3. Z] in

ras. gj. 10. edECxQ^ri d«] mg. qp. 12. xai ws aqa — 13:
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rursus quoniam ^ X & == K et Z x Q = A, erit

J : Z = K: A [VII, 18]. uerum A . Z = A \ K.

quare etiam A : K = K : A. praeterea quoniam

ZX = yi et ZxH= B, erit [VII, 11]&:H=A:B.
uerum & : H= J i Z. quare etiam ^ : Z = A : B.

demonstrauimus autem, esse etiam

^:Z = A:K= K:A.
itaque erit A : K = K : A = A : B. itaque A^ K, Ay B
deinceps in continua proportione sunt. quot igitur

inter singulos A, B et F unitatem secundum pro-

portionem continuam interponuntur numeri, totidem

etiam inter A, B deinceps interponentur; quod erat

demonstrandum.

XI.

Inter duos numeros quadratos unus medius est

proportionalis numerus, et quadratus ad quadratum

duplicatam rationem habet quam latus ad latus.

Sint numeri quadrati A, J5, et numeri A latus

sit J", numeri autem B latus ^. dico, inter A^ B

I \A

i \B

I iF I 1//

-\E

unum medium esse proportionalem numerum; et esse

A:B = r^:^\

XQoe xov A] om. BVqp. 16. T] in ras. (p. 17. Ante xat
ra8. 1 litt. V. 26. tmv'] corr. ex xov V.
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^O r yccQ xov z/ 7toXXa7tXa6La6ag rov E TtoLSLtco.

xal BTCsl tstQdycovog s(StLv 6 A, tcXsvqo, ds avtov

s6tLV 6 r, 6 r aQa savtov TCoXXajtXaCLdaag tbv A
TtSTtOLTjxsv. dLcc td avtd drj xal 6 /i savtbv noXXa-

5 TtXaCtdiSag tov B TtsjtOLrjxsv. snsl ovv o F sxdtSQOv

tav r, A JtoXXa7tXa0Ld6ag sxdtSQOv tciv A, E jts-

7tOLri%sv^ s6tLV aQa (og b F TtQbg tbv A, ovtcjg o

A 7tQbg tbv E. dLa td avtd drj xal (x>g 6 F 7tQbg

tbv z/, ovtcog 6 E 7tQbg tbv B. xal ag aQa 6 A
10 7tQbg tbv E, o{;Tog 6 E JtQbg tbv B, tciv A, B aQ

slg iis6og dvdkoyov s6tLv aQL^^og.

Asyco dij, otL xal 6 A 7tQbg xbv B dL7tla6L0va

Xoyov s%SL r}7tSQ 6 F TtQbg tbv A. iTtsl yaQ tQSlg

aQLd-fiol dvdXoyov sl6lv oC A, E, By 6 A aQa 7tQbg

15 tbv B dL7tXa6L0va Xoyov s^sl r]7tSQ 6 A 7tQbg tbv

E, (hg ds 6 A TtQbg tbv E, ovtcog b F 7tQbg tbv

^. A aQa 7tQbg tbv B dL7tXa6L0va Xoyov s^sl rj7tSQ

71 r 7tXsvQd 7tQbg tr}v z/* 07tSQ sdsL dsL^aL.

20 ^vo Ttv^cjv aQLd^ncjv dvo ^s6ol dvdXoyov
SL6LV aQLd-^OL, xal b xv^og 7tQbg tbv xv^ov
tQL7tXa6Lova Xoyov sx^i' r]7tsQ 7} 7tXsvQd 7tQbg

trjv 7tXsvQdv.

"E6tc36av xv^OL dQLd-}ioL oi A, B xal roi) ^sv A
25 TtXsvQa s6tco 6 JT, tov ds B 6 A' Xsyco, ott tcjv A,

B dvo ILS60L dvdXoyov st6Lv dQLd^fiOL, xal 6 A 7tQbg

tbv B tQL7tXa6Lova Xoyov s%sl riTtSQ 6 F TtQbg tbv z/.

1. ya^] m. 2 B, post ras. 1 litt. V. 4. nsnoLrjHS Vqp.

8. dioc tcc ccvxcc Stj xat] P; ndXtv stisI 6 P tov d TtoXXanXa-

oidaag xov JE nsnoir^yisv , 6 ds J sccvxov noXXanXccGLccaag xbv
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sit enim FX J = E. et quoniam quadratus est A
et latus eius F, erit Fxr = A. eadem de causa

etiam z/ X z/ = J5. iam quoniam Fx F= A et

rx zf = E, erit F: ^ = A:E [VII, 17]. eadem

de causa^) erit etiam F : zi = E : B. quare etiam

A : E = E : B. ergo inter A, B unus medius est

proportionalis numerus.

lam dico, esse etiam A : B = F^ : A^. nam quo-

niam tres numeri proportionales sunt A, E, B, erit

A : B = A^ : E^ [Y def. 9]. uerum A:E = r:A.
itaque A : B = F^ : z/^; quod erat demonstrandum.

XII.

Inter duos cubos numeros duo medii proportio-

nales sunt numeri, et cubus ad cubum triplicatam

rationem habet quam latus ad latus.

^ Sint cubi numeri
A i Ei 1

I

,
A, B, et latus nu-

^ ^ meri A sit F, numeri
-I B autem A. dico.J 1 K H

I 1 inter A, B duos me-

dios proportionales esse numeros, et esse A: B = r^: A^.

1) Nam r X J = E et J x J = B. itaque proportio

illa proprie per VII, 18 (non VII, 17) efficitur. sed cfr.

p. .300, 21 sq. et p. 301 not. uerba lin. 8 interpolata etiam
ipsa oratioDis forma {sva xal tov avzov) redarguuntur.

B ninoCriv.iv {nanoirj-KS Vqp), $vo di] ccQLd-fiol oi F, A sva yiocl

xov avTov xov /i noVKanXaaiaaavxsq xovg E, B nsnoL^-naaiv
iativ apa Theon (BVqp). 9. Post B add. Theon: dXX' mg 6

r nQog xov z/, ovTcag 6 A nQog xov E (BVqo). 10. tcov]

xov in ras. comp. V. 11. ccQid-^bg 6 E Theon (BVcp). 18.

J nXsvQav \ cp. 20. ^saovg P, corr. m. rec.

Enclidet, edd.Heiberg et Menge. II. 20



306 STOIXEmN ri'.

'O yccQ r iavtbv ^ev TtolXanXttaidcag xov E %ouCtGy,

Tov de z/ 7ioXXa7fXa0Lcc0ag tov Z TtoLnto, 6 ds ^ iavtov

7toXXa7tXa0LCi<jag TOf H 7toLeLtco, ixcctsQog ds tcov F, z/

Tov Z 7toXXa7tXa0iccaag ixcctsgov tcSv &, K TtOLaCtco.

5 Kal sTtsl Kvpog i6tlv 6 A, TtXsvQcc ds avtov 6

r*, Tcccl 6 r iavtbv 7tokXa7tla6Lccaag tbv E 7tS7toCrixsv,

6 r aga iavtbv ^sv TtokXa^ika^LccGag tbv E 7tS7toCrj-

xsv, tbv ds E 7toXXa7tXa0Lcc6ag tbv A 7ts7tOLi]xsv,

dLa ta avtcc drj xal 6 z/ iavtbv ^sv 7toXXa7tXa0LCi6ag

10 tbv H 7tS7toCrjxsv , tbv ds H 7toXXa7tXa6Lcc0ag tbv B
7ts7toCr]xsv. xal S7tsl 6 F ixcctSQOv tciv F, z/ 7toXXa-

7tXa0Lcc6ag ixdtSQOV tcoi/ E, Z 7tS7toCriXSV , sCttv ccQa

(hg 6 r TtQbg tbv z/, ovtcog 6 E 7tQbg tbv Z. dLcc

ta avta dr] xal (x>g b F 7tQbg tbv z/, oi^toj^ 6 Z
15 TiQbg tbv H. 7tccXLv, sTtsl 6 F ixdtSQOv tcov E, Z

7toXXa7tXa6Ld6ag ixdtsQov tav A, & 7tS7toCr}xsv , s6tLv

ciQtt cjg b E TtQbg tbv Z, ovTta^ 6 A TtQbg tbv Q.

cog ds b E TtQbg tbv Z, ovtog 6 F TtQbg tbv A'

xal cog ccQa 6 F TtQbg tbv ^, ovtcug b A TtQbg tbv

20 0- TtdXiv, STtsl ixdtsQog tdav F, z/ tbv Z TtoXXaTtXa-

6Ld6ag ixdtSQOv tc5i/ 0, K 7tS7toCrjxsv , s6tLv ccQa cog

6 r TtQog tbv z/, ovxcog 6 & 7tQbg xbv K ^tdXtv,

i7isl 6 z/ ixdtSQOv To5i/ Z, H 7toXXa7tXa6Ld6ag ixdts-

Qov xcov K, B 7ts7toCrixsv , s6xlv ttQa chg b Z TtQog

25 tbv H, ovtog 6 K TtQbg tbv B. tug dl l Z 7tQbg

xbv Hy ouTOJg 6 r TtQog tbv z/* xal cag ccQa 6 F TtQog

xbv jd, ovxcog o xs A TtQbg xbv xal 6 7tQbg xbv

K ual K 7tQbg xbv B. xov A, B ccQa 8vo ^s6ol

dvdXoyov sl6iv ol 0, K.

4. Z] eras. V. 6. nsnoCrjHS Ycp. 7. nsnoCriy.s Ycp. 8.

nsnoLTiyis Ycp. 10. nsnoLriv.s Y (p. 11. nsnoCrj-ns Ycp. 17.
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sit enim rxr = E, rxJ = Z, zlXZl^H,
rxZ = @jZixZ = K. et quoniam A cubus est,

latus autem eius F et Fx r= E, erit FX T= E
etrxE= J. eadem de causa erit etiam /Ix^=H
etJxH=B. etquoniam rxr= J5;et rxz/= Z,

erit r : zJ = E : Z [VII, 17]. eadem de causa erit

etiam F : ^ = Z : H [VII, 18].^) rursus quoniam

rxE = AetrxZ = 0, erit E: Z = A : @
[VII, 17]. uerum E : Z = F : J. quare etiam

r : A = A : &. rursus quoniam F X Z = ® et

A X Z = K, erit [VII, 18] F : ^ = : K. rursus

quoniam ^ X Z = K et A X H= B, erit

Z:H=K:B [VII, 17].

uerum Z : H= F : zJ. quare etiam

r:^ = A:@ = ®:K = K: B.')

ergo inter A, B duo medii proportionales sunt 0, K.

1) Nam r X J ^ Z et J X J = H; u. p. 306 not.

2) Euclides hic pauUo breuior est, quam solet. sed re-

ceijto supplemento codicum deteriorum lin. 27 falsa illa effi-

citnr forma orationis, quam p. 302, 12— 13 cum P sustulimus.

cui ut mederetur, Augustus lin. 28 post prius K interposuit: mg
uQa 6 A TtQog rov @ ovtcag o xs A Tcqog zbv K (!); ego malui
codd. PB sequi.

ovT(og — 18; nqog tov Z] m. 2 B. 20. Iwft] om. P. 25.

B] Hqp. 27. Post J add. Vqp: ovzoog 6 K Tcqog xbv B'
IdtCx^ri 81 xai atg b F nqbg xbv d\, idem B mg. m. 2.

o T?1 Tf 6 B. 28. x(Xiv'\ corr. ex xov V. 29. oi\ clqi^-

VLOX ot B.

20'
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Asycj dtj, otL Ticcl 6 A Tt^bg xov B rgiTtlaaiova

koyov e%EL tJtcsq 6 F TtQog rbv A. iitsl yaQ reaaa-

Qsg aQLd-^ol avaXoyov si0Lv oi A^ &, K, B, 6 A aga

TtQog xov B tQL7tXa0LOva loyov s^sl iJTtsQ 6 A TtQog

6 tov @. (og ds 6 A JtQog tbv 0, ovtag 6 F TtQog

tbv z/' Tial A [«(>«] ^Qbg tbv B tQLTtlaaCova kbyov

^XEi riTtSQ r TtQbg tbv A' oitSQ sdst dst^aL.

Ly.

^Eav (6aLV baoLd7]7totovv aQLd-^ol s^rjg dvd-

10 Xoyov, Tcal TtoXkaTtXaaLaaag sxaatog iavtbv

TtOLti tLva^ OL ysvoiisvoL i| avt(DV dvdXoyov
saovtai' xal idv oi i^ dQ%rig tovg ysvo^svovg

TtollaTtlaaLdaavtsg TtOLoaaC tLvag, xal avtol

dvdloyov iaovtaL [xat dsl TtSQL tovg dxQOvg

15 tovto av^paCvsL].

"Eataaav oJtoaoLOvv dQLd-^ol i^rjg dvdXoyov, oC

Ay B, Fy (og A TtQbg tbv B, ovtcog 6 B TtQbg tbv

r, xal OL A, B, r iavtovg ^lv TtoXkaTtXaaLdaavtsg

tovg /i^ jEJ, Z 7toLsCt(oaav , tovg ds A^ E, Z Ttolla-

20 TtXaaLaaavtsg tovg if, 0, K TtOLsCtcoaav Xsya), ott ot

ts A^ E, Z xal 01 H, 0, K i^rjg dvdXoyov sCaLV.

'O ^sv yaQ A tbv B TtolkanXaaLaaag tbv A itoLsC-

tc3, ixdtSQog ds tcov A, B tbv A jtoXXajtXaaLdaag

ixdtSQOv Tcov ikf, N TtoLsCtcj. xal jtdXtv 6 ^sv B tbv

25 r TtoXXaTtXaaLdaag tbv ISI TtOLsCtco, ixdtSQog ds tcov J5,

r tbv ISI TtoXXaTtlaaLdaag ixdtsQOv tcov O, IJ TtOLsCto.

1. xqinXa6Cova\ xq- e corr. V. 5. diq d\ o A nQog xov

0] mg. q>. 6. ccQcc] om, P, m. 2 B. 11. Trotft Ycp. xivccg

Vqp. 12. yivofiEvovg V. 13. tcoioigiv B. 22. xov A — 23:

TioXXanXaGLccaccg i-] mg. cp. 26. x(ov] xov P. O] in ras.,

m. 1 B. i
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lam dico, esse etiam Ai B = F^ : J^. nam quo-

niam quattuor numeri proportionales sunt A, ®, K, B,

erit A:B = A^:S"^ [V def. 10]. uerum ^:©= r: z/.

ergo A : B = r^ : ^^] quod erat demonstrandum.

XIII.

Si quotlibet numeri deinceps proportionales sunt,

et singuli se ipsos multiplicantes numeros aliquos

effecerint, numeri ex iis producti proportionales erunt;

et si numeri ab initio sumpti numeros productos mul-

tiplicantes numeros aliquos effecerint, hi et ipsi pro-

portionales erunt.^)

Sint quotlibet numeri deinceps proportionales A^

B, r, ita ut sit A : B == B : r, et sit A X A == ^,

BxB = E, rxr=Z, AX^ = H, BXE=®,
Fx Z = K. dico, et numeros z/, E, Z et if, &y K
deinceps proportionales esse.

A\ 1 H\-

B\ 1 9\—

Fi 1 K\-

J\ 1 M\-

E\ ( N\-

Zi ( 0\

I iA '-

n
-\S

nam sit AxB = A, AxA = M, BxA= N,

et rursus sit BxT^lS, Bx^==0, rxS=n.
1) Uerba Beqnentia xal ast lin, 14 — avfi^aivsL lin. 15

SQbditina uidentur; cfr. ad VII, 27. habet ea Campanus VIII, 12.



310 STOIXEmN rj'.

'O^OLog drj rotg eTCavco dsL^o^&v, on ot z/, A^ E
xcd 01 H, M, N, & £^^g £L(5lv avdkoyov iv ta tov A
TtQog rov B loycp^ xal m ol E, tEJ, Z Tcal ol 0, O, Tl,

K i^^g elCLv avaXoyov ev np rot' B iiQog rov F
5 ?.6yc). xaC eatLv Gig b A itQog rov B, ovrcog 6 B

TCQog rov F' xal ot z/, A, E aga rotg E, 151, Z ev ra

avra Xoycp eial xal erL ol H, M, N, ® rotg &, O, 77,

K. xaC iarLv i'0ov rb ^ev rcov ^ , A, E nXri%^og rc5

rcjv E, S, Z Tclrj^eL, rb 6e Tcor 77, M, N, & rc5 rc5v

10 0, O, /7, K' dt' iaov aga iorlv chg fiev l A TtQbg rbv

E, ovrcog 6 E TtQbg rbv Z, cog de b H TtQbg rbv

ovrcog 6 & TtQog rbv K' oneQ ideL det^aL.

*^^K!I

'Eav rerQccycovog rerQccycovov ^erQrj., xal r]

15 jtXevQo. rrjv TtkevQccv fierQT]6eL' xal iav tj nkev-

Qa rrjv TtkevQav ^erQj], xal 6 rerQciycyvog tbv

rerQciyovov ^erQ7]6eL.

"E0rG)6av rerQccycjvoL ccql^^oI ol A, B, TtXevQal

de avrcDV ^6rco6av ot F, A, b de A rbv B ^erQeCrco'

20 ?.eyc3, ori xal b F rbv A ^ierQet.

^O r yccQ rbv ^ 7CoXla7tXa6Ld6ag rbv E noLeCro'

ot A, Ey B aQa e^r]g dvccXoyov el6Lv iv rc5 roi» F
TCQbg rbv ^ Xoyc). xal iitel ol A, E, B i^ijg dvdXo-

1. A, E] e corr. V. 2. N] e corr. V; supra m. 2 B,

id. mg. m. 2: xat ot H, M, N, ©. 3. B] Z qp. Xoym] corr.

ex Xoyov cp. 5. xa/ iczLV — 6: tov F] mg. cp. 7. ilaiv

PB. 8. xmv] om. P. A, E] e corr. V. 10. v.al dv

taov P. {ihv 6] 6 ^iv BVqp. 14. Post tEXQccyoiVog add.

aQi&fios supra m. 1 B qp, m. 2 V. Supra TEtQccycovov add.

aQtd-fiov B m. 2. 18. nXtvQcc cp. 23. Xoyco] corr. ex X6-

yov cp.
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iain eodem rnodo, quo supra^), demonstrabimus,

numeros z^, A, E et Hj M, N^ deinceps propor-

tionales esse in ratione A : B, et praeterea Ej ^, Z
et 0, O, IIj K deinceps proportionales esse in ratione

B : r. et A : B = B : r. quare etiam z/, A, E et

E^ Sj Z in eadem ratione sunt et praetefea H, M, N,

et &y O, 77, K. et multitudo numerorum /i , A, E
multitudini numerorum E, ^, Z aequalis est et mul-

titudo numerorum J7, M, N, ® multitudini numerorum

0, O, 77, K. ex aequo igitur erit J : E = E: Z et

H : = : K [VH, 14]*, quod erat demonstrandum.

XIV.

Si numerus quadratus quadratum numerum meti-

tur, etiam latus latus metietur; et si latus latus me-

titur, etiam quadratus quadratum metietur.

Sint numeri quadrati A, Bj latera autem eorum
><i 1 sint r, zfj et A numerum B me-

B 1 tiatur. dico, etiam F numerum
Ti 1 di 1 z/ metiri.

E 1 sit enim Fx z/ = £J; itaque

A, Ej B deinceps proportionales sunt in ratione F : z/

[prop. XI]. et quoniam Aj E, B deinceps proportionales

1) Uelut in prop. 12, ecilicet per VII, 17— 18. cum
f-nim A x A = d et A x B = A, erit A : B — J : A. cum
AxB=AfiiBxB = E, erit A : B = A : E. itaque
A : B '^ J : A = A : E. et cum Ax^ = H, AxA = M,
erit d : A =^ H : M', cum AxA = M, BxA = N, erit

A : B ^- M : N = H: M. cum Bx A = N, B X E = 0,
eni A:E=^N :@ = A : B = H: M= M: N cett.
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yov si6LV, oiccl ^etQst 6 A xov B, ^stQsi ccQa xccl 6

A tov E. Tcai s<5tiv cog 6 A TCgbg tbv E^ ovtog 6

r TtQog tbv A' ^stQst aQa %al 6 F tbv z/.

ndXcv dr} 6 r tbv z/ ^stQsttco' Xsyco, oti xal o

5 A tbv B ^stQSi.

T^v yccQ avt<5v xataoxsvaod-svtcjv o^oicog dsi^o-

^sv, oti ot A, E^ B s^ijg dvdXoyov Si6iv sv tS tov

r TCQbg tbv A Xoyc). xal stcsC icStiv cog o F TtQbg

tbv ^, ovtcog 6 A HQog tbv E^ ^stQst dl b F tbv

10 z/, iLStQst ccQa xal 6 A tbv E. xaC st6iv oC A, S,--

B s^ijg dvdkoyov ^stQst aQa xal 6 A tbv B. ^\
'Edv aQa tstQdycavog tstQayovov iistQrj, Kal rj

TtXsvQa tr^v jtlsvQav ^stQi^Osi' xal idv 7] TtXsvQa trjv

TtXsvQav ^stQTJ, xal 6 tstQaycovog rdi^ tstQaycovov

15 ^stQ7]0si' oTtSQ sdsi dsi^ai.

la .

'Edv Kvfiog dQid^^bg xv^ov aQid-fibv ^stQtj,

nal 7j TtXsvQa trjv TtkBvqdv fistQi]6si' xal sdv

Tj TtXsvQa trjv itXsvQdv ^stQrj, Tcal b Kvpog tbv

20 TiV^OV [iLStQriasi.

Kv^og ydg dQid-fibg 6 A kv^ov tbv B (istQsCtOy

y.al tov ^sv A JtXsvQa s6tco 6 P, toi ds B o A'

Xsyc3, oti 6 r tbv A ^stQst.

O r ydQ savtbv 7toXXa7tXa6id6ag tbv E TtoisCtcjy

26 b ds A savtbv 7toXXa7tXa6id6ag tbv H TtoisCtco, xal

sti b r tbv A 7toXXa7tXa6idaag tbv Z [^toisCto], sxd-

1. stci Y(p. 2. E] seq. ras. 1 litt. V. 3. fistQst — Tovj

J] om. P. 4. TcuXiv dj]] dXXa diq (lETQSira) BVqp. 6

yiccl 6 Vqp. ^STQSLzca] om. BVqp. 9. (istQst — 10: rdi

E] om. P. 10. aga] post ras. 2 litt. B. 12. Supra tstQcC'

yoavog et xstQccyavov in B scr. compp. ccQi&fJiog et aQid^iiovi
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suut, et A numerum B metitur, A etiam numerum

E metitur [prop. VII]. est autem A : E = F : /i.

ergo etiam T numerum z/ metitur [VII def. 20].

Rursus T numerum /i metiatur. dico, etiam A
numerum 5 metiri.

nam iisdem comparatis similiter demonstrabimus,

numeros Aj Ey B deinceps proportionales esse in

ratione T: ^. et quoniam est T: ^ = A : Ej et T
numerum z/ metitur, etiam A numerum E metitur

[VII def. 2*0]. et A^ E^ B deinceps proportionales

sunt. quare etiam A numerum B metitur.^)

Ergo si numerus quadratus quadratum numerum

metitur, etiam latus latus metietur; et si latus latus

metitur, etiam quadratus quadratum metietur.

XV.

Si cubus numerus cubum numerum metitur, etiam

j'
1 latus latus metietur; et si latus

B> ! latus metitur, etiam cubus cu-

ri
1

2' ' bum metietur.

j\ 1 Nam cubus numerus A cu-

E\ 1 bum B metiatur, et numeri A
H __, latus sit Tj numeri B autem z/.

Z 1 dico, T numerum z/ metiri.

sit enim TxT= E, ^ X ^ = H, Tx zT = Z,

1) Nam E Qamemm B metitur (VII def. 20) et A numerum E.

15. on(Q idti, dft|at] om. PB. 21. (XEtgTjaeLa) rp. 22. F] Atp.

23. 6 r] xai 6 r Y(p. (iSTQriasi. BVqp. 25. b Ss J tav-
Tov] xal ht o r zov J BYcp. H] Z BY (p. xal l'rt 6

r zov J] 6 dt J savrovBYcp. 26. Z] HBYq>. TtoLskco]
om. P.
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t£Qog dl rcjv F, z/ zov Z 7Co?,Xa7ikccCid6ag ixdteQOv

tojv 0, K TCOieCtco. (pavsgbv dtf, otc oC E^ Z, H y.al

OL ^, 0, K, B i^ijg dvdloyov sicSiv iv ta tov F TCQog

Tov ^ koycp. Tial ijcsl oi A^ 0, K, B £|ijg dvdkoyov

5 sC^LV, Tcal iLEtQEi 6 A tov 5, ^EtQet ccQa xal tbv 0.

zac iativ cog 6 A TCQog tbv 0, ovtcjg 6 F TCQbg tbv

/4' ^EtQEi aQa y.al 6 F tbv ^.

^AXXd drj fiEtQEitco b F tbv A' kiyco, otc xal o

A tbv B ^EtQl]6EL

10 Tcov yaQ avtcav icataaxEva6d^Evtav ' b^OLCjg dij

Sel^o^ev, otL OL A, 0, K^ B i^rjg dvdkoyov elGlv iv

Tc3 Toi) r TCQbg tbv z/ Xoycj. xal insl 6 F tbv z/

^EtQEL, xaC iotLV cjg r TCQbg tbv A, ovtag 6 A
TCQbg tbv 0, xal 6 A ccQa tbv ^EtQEt' co6t£ xal

15 TOV B HEtQEL 6 A' 07CEQ eSeL ^Et^aL.

LS\

'Edv tEtQayovog dQcd^^bg tstQdyovov ccQLd^-

^bv ^TJ ^StQTJ, Ovdl 7} JCksVQCC ti]V TClEVQaV

llEtQT]6£L' xdv T] TCXEVQa tYjV TCXeVQCCV ftl ftf-

20 tQTJ, ovdl 6 tEtQayavog tbv tEtQdyovov ^e-

tQri6£i,

"E6tGi6av tEtQdycovoL dQcd^^ol ot A, 5, TckEVQal

8e ai;Tcov £6to6av ol F, z/, xal ^ij iiEtQECto b A tbv

B' Xiyo, otL ovds 6 F tbv A \iEtQEt.

25 El yaQ \iEtQEt 6 r tbv z/, \iEtQYi6EL xal A tov

B. ov iiEXQEt ds A tbv B' ovd£ ccQa b F tbv A
\lEtQYl6EL.

3. ol] om. Vqp. 5. stai Vqp. 6. 0] om. cp. 7.

fieTQst aga xal 6 F rov J] mg. m. 1 P. 9, ixstQSiesL cp.

10. avtov cp. dj]] om. B. 12. xov] om. P. xat] m.
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r X Z = Q, ^ X Z = K. manifestum igitur, nu-

meros E, Zj H et A^ @, K, B deinceps proportionales

esse in ratione F : ^ [prop. XII]. et quoniam A, ®,

K, B deinceps proportionales sunt, et A numerum B
metitur, etiamnumerum metitur [prop. VII]. uerum

A : & = r : A. ergo etiam F numerum A metitur.

Rursus metiatur F numerum z/. dico, etiam A nu-

menim B metiri. nam iisdem comparatis similiter

demonstrabimus, numeros A, ®, K, B deinceps pro-

portionales esse in ratione F: A, et quoniam F nu-

merum A metitur, et F : ^ = A : @, etiam A nu-

merum & metitur [VII def. 20]. quare etiam nume-

rum B^) metitur A-^ quod erat demonstrandum.

XVI.

Si numerus quadratus quadratum numerum non

metitur, ne latus quidem latus metietur; et si latus

latus non metitur, ne quadratus quidem quadratum

metietur.

A\—'

1 Sint uumeri quadrati A, B, latera

B, , autem eorum sint T, A, et A nume-
Fi ; rum B ne metiatur. dico, ne F qui-

J dem numerum A metiri.

nam si F numerum ^ metitur, etiam A nume-

rum B metietur [prop. XIVJ. at A numerum B non

metitur. ergo ne F quidem numerum A metietur.

1) Cfr. p. 313 not.

2 B, om. Vqp. 19. /i^] snpra V. 22. apt^juo/] m. 2 B,

om. Vtp. 23. fx^] supra V. 24. Xiyco Ss P. ovd' V.
iiiTQiaBi\(p. nBtQfi — 25: rov J] mg m. 1 P. 26. ov3* B.
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Mrj ^£tQ£Lt(o [dtj] Ticcliv 6 r tbv z/* Xeyco^ oti ovda

6 A thv B ll£tQ7]6£l,.

El yccQ ^£tQ£i A To^' jB, ^^tQYjG^i xal 6 r tov

Z/. OV ll£tQ£i d£ 6 r tOV Z/' Ot;d' CCQU A tov B
O fl£tQ7]6£i' 07t£Q £d£i d^i^tti.

'E^ 'S ' .''-'S ' .' ^ IIEav xvpog UQid-^og xvpov aQid^^ov ^rj ^sm\

tQT], Ovdh r] 7tX£VQa ttjV TCX^VQCCV ^£tQT^6£i'

zav 'rj 7tX£VQa tijv 7tX£VQav ^rj ^^tQ'^, oidh 6

10 TCV^Og tbv X^VPOV ^£tQ7]6£i.

K^v^og yccQ aQid-fibg 6 A xv^ov aQid^fibv tbv B
ILY] ^£tQ£itCO, Xal tOV fllv A TtX^VQCC ^6t(Q 6 F, TOV

dl B 6 A' Xeycj, oti 6 F tbv A ov ^£tQi]6£i.

El yaQ ^£tQ£i 6 r tbv z/, xal 6 A tbv B fis-

15 tQr]6£i. ov fi£tQ£i d£ 6 A Tov B' ovd' ccQa r
tbv A \l£tQ£i.

^AXXa dr] ft^ ^£tQ£itc3 6 F tbv z/* X^yco, oti ovdh

6 A tbv B iL£tQr]6£i.

Ei yccQ 6 A tbv B ^£tQ£i, xal 6 F tbv A ^£-

20 tQr]6£i. ov ^£tQ£i dl o r tbv A' ovd^ ccQa 6 A tbv

B ii£tQr]6£i' 07t£Q ^dei d£i^ai.

iT]'.

AVO 6[lOiOV £7Ci7t£dciV CCQid^lKOV £lg (i£6og

avaXoyov i6tiv ccQid-^og' Tcal 6 £7ti7t£dog 7tQi g

•25 Tov £7ti7t£dov 8i7tXa6iOva Xoyov ^'%f t r]7t£Q r/

o^oXoyog tcX^vqcc 7tQbg trjv buoXoyov 7tX£VQccv.

1. d-q] om. P. 3. sv yccQ (xstqsc 6 A xov 5] mg. m. 1 P.

^BXQr^GBi] om. P. 4. z/] eras. V. ov (isxQst ds 6 F xov

z/] m. 2 B. 6. onsQ sSsl dBL^aij om. B. 9. HBXQrj] -fj
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Rursus r numerum z/ ue metiatur. dico, ne A
quidem numerum B metiri.

nam si A numerum B metitur, etiam F numerum

z/ metietur [prop. XIV]. at F numerum z/ non me-

titur. ergo ne A quidem numerum B metietur; quod

erat demonstrandum.

XVII.

Si cubus numerus cubum numerum non metitur,

ne latus quidem latus metietur; et si latus latus non

metitur, ne cubus quidem cubum metietur.

, ,^ Nam cubus numerus A cubum

1 numerum B ne metiatur, et nu-

I 1 r meri A latus sit F, numeri B autem
, ij ^^ dico, F numerum z/ non metiri.

nam si T numerum z/ metitur, etiam A numerum

B metietur [prop. XV]. at A numerum B non me-

titur. ergo ne T quidem numerum A metitur.

Uerum T numerum z/ ne metiatur. dico, ne A
quidem numerum B metiri.

nam si A numerum B metitur, etiam T numerum

^ metietur [prop. XV]. at T numerum A non me-

titur. ergo ne A quidem numerum B metietur; quod

erat demonstrandum.

XVIII.

Inter duos similes numeros planos unus medius

est proportionalis numerus; et planus ad planum

in ras. <p. 13, 6] (prius) corr, ex xov V. 14. ^fr^fit] fis-

T^ijafi Vqp. 15. ov8i Vqp. 20. 6 A^ supra m. 2 V. 21.

oxi^ liii ^ft|at] om. BVqp.
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"E0xci0av dvo o^olol eTtiTcedoi aQLd^nol ol A^ By

xal tov ^lv A TtXsvQaX £<)t(o0av oC F, A aQi%\ioL^

rov de 5 ol E, Z. nal eTtel o^olol eTtLTtedoL elOLV

OL avdXoyov e%ovteg tag TtXevQccg, eatLV aga (hg 6

5 r TtQog tov ^j ovtog 6 E TtQog tbv Z. key(o ovv^

otL tcjv A^ B elg yiecog dvdXoyov e(5tLv aQLd^^og, xal

6 A TtQog tbv B dLitkaaCova koyov e%eL iJTteQ b F
TtQog tbv E 7] b A TtQbg tbv Z, tovte0tiv rjTtSQ 7]

b^oXoyog nXevQa TtQbg trjv b^ioXoyov [jtXevQdv]. Jl

10 Kal eTteC iotLv cjg b F TtQbg tbv z/, ovtcjg 6 ^"
TiQbg tbv Z, ivaXkd^ ccQa iatlv 6g b F TtQbg tbv

Ey b A TtQbg tbv Z. xal inel inCTtedog iaxLV 6 Aa\
TtXevQal de avtov oi F, A, b A ccQa tbv F TtoXXa-

TtXaaLdaag tbv A TteTtoCrjxev. dLa td avtd drj Hal 6

15 E tbv Z TtoXXanXaaLdaag tbv B TtSTtoCrixev. b A drj

tbv E noXXanXaaLdaag tbv H noLeCtco. xal inel 6

A tlv ^ev r noXXanXaaLccaag tbv A nenoCrjxev , tbv

dl E noXXanXaaidaag tbv H nenoCrjxev, ^atLv aQu

(og r nQbg tbv E, ov:og b A n^bg tbv H. dXX'

20 (og r nQbg tbv E, [ovt(og] 6 A n^bg tbv Z* xal

cog aQa b A n^bg tbv Z, ovt(og 6 A nQbg tbv H.

ndXLv, inel b E tov ^ev A noXXanXaaLdaag tbv H
nenoCrjxev^ tbv 6e Z noXXanXaaLdaag tbv B nenoCr}'

xev, eatLv aQa (og b A nQog tbv Z, ovt(og 6 H
26 n^Qog tbv B. ideCxd^rj dh xal mg b A nQog tbv Z,

ovtog A nQog tbv H xal (og aQa 6 A nQog tbv

H, ovtcog 6 H nQog tbv B. oC A, H, B ccQa e^rjg

dvdXoyov eiaLv. tcov A, B ccQa elg ^iaog dvdXoyov

iatLv aQL^^og.

1. uQi^iioC] om. Vqp,
^

9. nlEvqdv] om. P, 11. F
in ras. tp. 13. noXvnlaGidoas P. 14. ninoi^v.s Vqp. 15. Z
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duplicatam rationem habet quam latera correspon-

dentia.

Sint duo numeri plani similes ^, -B, et latera

numeri A sint F, z/, numeri B autem E, Z. et quo-

niam similes plani numeri ii sunt, qui latera pro-

portionalia habent [VII def. 21], erit T: z/ = E: Z.

dico, inter A^ B unum medium esse proportionalem

numerum, et esse A : B =^ T^ : E' == ^^ : Z\

iam quoniam est F: zi == E:Z, permutando erit

F: E= zl :Z [VII, 13]. et quoniam A planus est,

A\ 1 I

— \r

Bl ! I
^J

H 1 I-

Zi

latera autem eius T, z/, erit J X F= A. eadem

de causa erit etiam ExZ= B. iam sit JxE= H.

et quoniam zJ X F = A et J X E = H, erit F : E
= A: H [VU, 17]. uerum F : E = A : Z. quare

etiam J : Z = A : H. rursus quoniam

ExzJ = H et ExZ = B, erit J :Z = H:B
[VII, 17]. demonstrauiraus autem, esse etiam

J:Z = A:H.
[uare etiam A : H= H : B. itaque A, H, B deinceps

iroportionales sunt. ergo inter A^ B unus medius

>roportionalis est numerus.

— .«j. q). noXvn}.aaidaccg P. 16. noXvnXaaidaaq P. 17.

»tv] 8upra m, 2 V. noXvnXaaidaas P. nsnoLrj-ns Vcp. 18.

roXvnXaaidaag P, 19. dX' tp. 20. ovra^g] om. P. ZJ
1. ovzcog 6 ^ P, del. m. 1. yial ag dqa 6 A nqog] in

J. qp. 22. jttiv] om. P. Tro^vjrAactaffag P, 23. nsuoir\Y.s

^tp. noXvnXaaidaag P. 24. ZJ in ras. qp. 28. slai Ycp.
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Aiya drj, on xal 6 A TiQog tov B 8L7tXa6iova

Xoyov £%Ei 7]7C£Q 1] o^oXoyog jtlsvQa JtQog rrjv 6^6-

Xoyov TtlsvQav, tovt£6tLv i]7t€Q b r TtQog tbv E ri

6 z/ TtQog tbv Z. £7t£l yaQ oC A, H, B i^ijg avd-

5 Koyov £i6iv ^ 6 A TtQog tbv B di7tXa6Cova Xoyov £X£l

7]7t£Q TtQog tbv H. Tcat £6tLV (og b A 7tQbg tbv if,

ovtcjg o t£ r 7tQbg tbv E xal 6 z/ TtQbg tbv Z. xal

6 A aQa TCQbg tbv B dL7tXa(SL0va Xoyov £X£l ijTtSQ 6

r TCQbg tbv E 7] A 7tQbg tbv Z* 07t£Q £d£L d^t^aL.

10 i^\ 11
^VO bflOLCaV 6t£Q£CQV CCQLd^^COV dvO ll£60L

avdXoyov £^7tL7ttov6Lv aQL^^oC' xal 6 0t£Q£6g

TtQbg tbv o^OLOv 6t£Q£bv tQL7tla6L0va koyov
^%£L 7]7t£Q '^ biioXoyog 7tk£VQd TtQbg triv 6^6-

15 Xoyov 7tX£VQdv.

"E6tci)6av dvo oiioLOL 6t£Q£ol ot A, B, xal tov

^lv A 7tX£VQal £6to6av ot F, ^, E, tou d£ B ol Z,

jEf, 0. xal £7t£l o^oLOL 6t£Q£0L £i6LV 01 dvdkoyov

£%ovt£g tdg 7tX£VQdg, i6tLV aQa (hg ^£v 6 F 7tQbg

20 tbv z/, ovtcog 6 Z 7tQbg tbv H, cog dh b ^ 7CQbg tbv

E, ovtcag 6 H 7tQbg tbv 0. Xdycj, ott t^v A, B
dvo ^£60L dvdXoyov i^7tL7ttov6Lv dQid-^OL, xal 6 A
7tQbg tbv B tQL7tXa6Lova Xoyov £X£l 7]7t£Q 6 r 7tQbg

tbv Z xal 6 A 7tQbg tbv H xal itv 6 E TtQbg tbv 0.

25 ^O r yaQ tbv z/ 7toXXa7tXa6Ld6ag tbv K 7t0L£Ltc3,

b d£ Z tbv H 7toXXa7tXa6Ld6ag tbv A 7toL£Lta}. xal

4. rov] zriv P. 6. rov] (alt.) corr. ex x6 m. 2 P. 8.

aQCC dLnXuGLOva loyov ixsi TiQog xov B Y q). 6 r] o xs F
PBVqp; corr. ed. Basil. 11. (isaoL] ofiOLOL V (corr. m. rec), cp.

16. ot] ccQLd-^ol ot qp, Vm. 2. 17. iiiv] om. B, supra m.
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lam dico, esse etiam A : B = F^ : E^ = ^^ : Z\
nam quoniam A, Hy B deinceps proportionales sunt,

erit [V def. 9] ^ : 5 = ^^ : Hl
et A'.H=r:E=^:Z.

quare etiam A : B = T^ : E^ ==^ A^ : Z^: quod erat

demonstrandum.

XIX.

Inter duos similes numeros solidos duo medii

proportionales numeri interponuntur; et solidus ad

solidum similem triplicatam rationem liabet quam
latera correspondentia.

Sint duo solidi similes A, B et numeri A latera

sint r, Ay E, numeri B autem Z, H, ®. et quoniam

A\-
]Sf\ 1

1 _,

Bi
1

F! : 1 :Z

d 1 1 I 1H
E\ 1 I 10

K\'

A\-

M\-

similes solidi ii sunt, qui latera proportionalia habent

[YII def. 21], ent r : A = Z : H, A : E = H : ®.

dico, inter A, B duos medios proportionales numeros

interponi, et esse A:B= T^ : Z^= A^: W= E^:®^.

sit enim rx^ = K, ZxH = A. et quoniam

2 V. 18. ttffid^fiol ot Vqp. 19. (ilv 6] 6 fiev Vqp, 6 B.
24. xai] (prius) om. B, mg. ^. Irt] iort cp.

Euclide», edd. Heiberg et Menge, II. 21
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iitel 01 r, J totg Z, H iv tc5 avra X6y<p bI<5Cv^ xal

i% \l\v tcjv r, /1 i6TLv K^ ix ds rav Zy H o A^

ot K, A [«(>«] o[iOLOi iTtiTtsdoC ei6lv aQid-^oC' tcav K,

A aQa slg ^sCog avdloyov ictLv aQLd^^og. sarco 6

6 M. 6 M (XQa iarlv 6 ix rcov ^, Z, (hg iv ta xqo

rovrov d^scoQrj^arL i8sC%^ri. xal insl 6 z/ roi/ ^lsv

r Ttokkaitka^La^ag rov K 7tS7toCri%ev , rov ds Z TtoX-

kaTtXaGLaCag rov M TtSTtoCrjxsv , sCrLV aQa (og 6 F
TtQog rov Z, ovrtog 6 K TtQog tov M, dXX^ cog 6 K

10 TtQog rov M, 6 M TtQog rov A. ot K, M, A ccQa

s^rig SL6LV dvccloyov iv ra rov r TtQog rov Z ko-

y<p. xal iiteC ifSriv (hg o F jtQog tbv ^, oi^roff 6

Z TtQog tov H, ivaXXd^ aQa i6tlv cog 6 F JtQog rov

Z, ovtag 6 ^ TtQog rov H dta td avrd dr^ xa\

16 (x>g 6 ^ TtQog tov if, ovtcag 6 E TtQog tbv S. oC

K, M, A aQa eirjg eCatv dvdXoyov iv te ta tov F
TtQbg tbv Z Xoycp xal t<p tov A TtQbg tbv H xal

etL rc5 rov E JtQog tbv &. sxatSQog drj tcov E, ®
tbv M •jtoXXanXa6Ld<sag sxdteQOV t<ov N, lEl TtoLeCto.

20 xal insl CrsQSog iorLv 6 A, TtXsvQal dl avrov sl6lv

OL r, ^, E, 6 E aQa rbv ix rcov F, /1 TtoXXaitXa-

Gidcag rbv A %STtoCr\xsv. 6 ds ix toov F, A i6tLv 6

K' 6 E aQa tbv K 7toXXa7tXa6Ld6ag rbv A jtsjtoCrjxsv.

d^d r« avrd drj xal 6 & rbv A JtoXXaTtXaGLaCag rbv

25 B TtejtoCrjxev. xal iitel o E rbv K 7toXXa7tXa6Ld6ag

rbv A 7te7toCrjxev , dXXd ^rjv xal rbv M 7toXXa7tXa-

6id<3as rbv N 7te7ioCrjxev , e6rLV aQa (og 6 K 7tQbg

rbv M, ovrcog o A 7tQbg rbv N. (og ds 6 K TiQbg

rbv M, ovrcog o rs F ^tQog rbv Z xal 6 z/ 7tQbg

30 tbv H xal srt 6 E 7tQbg rov 0* xal (og ccQa o

1. ot] corr. ex 6 m. 2 P. alai Ycp. 3. ccqa'] om. P.
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r, zi et Z, H in eadem ratione sunt, et FX z/ = iT,

Z X H = Aj numeri K, A similes plani sunt [YII

def. 21]. itaque inter Kj A unus medius est pro-

portionalis numerus [prop. XVIII]. sit M. itaque

M= ^ X Z, ut in propositione praecedenti demon-

stratum est [p. 318, 15; 2Q>\. et quoniam

^xr-=K et JXZ = M, erit F . Z = K : M
[Vn, 17]. uerum K : M= M : A. itaque K, M, A
deinceps proportionales sunt in ratione F : Z. et

quoniam est F : J = Z: H, permutando erit

r:Z = A:H [VII, 13].

eadem de causa erit etiam zJ : H = E : @. itaqae

Kf M, A deinceps proportionales sunt in rationibus

r:Z, J:H,E:®. iam sit £X ikf == iV et XM= g.

et quoniam A solidus est, et latera eius sunt V, A, E,

erit ExTx A = A. uerum TX A = K. itaque

E X K = A. eadem de causa etiam ® X A = B.

et quoniam E X K = A, et E X M = N, erit

K:M=A:N [VII, 17]. uerum

K:M=r:Z = A:H = E:@.

6. Post idsLvd-r] add. Vqp: sativ aqa {^xi cp) cas 6 K nQog tov
M, 6 M TCQos tov A', idem B mg. m. 2. 7. n^TtoLrjyts Y cp.

9. dlX' (og 6 K TCQog tov M] mg. cp. 10. 6] ovtoag 6 Y cp.

IL slaiv] om. P, supra m. 1 V. 14. 8t,a. ta avta drj %aC] P;
nuUv insi iotLv wg o J ngog tov E, ovtoag 6 H ngog tov 0,
haXXal ancc loiCv Theon (BVg)). 16. X, A, MYcp. aQa]
^Tt (p. dvdXoyov iloLv Y cp. 17. Xoyo)] om. Y cp. tc5]

om.V(j). 21. r] (prius) eras. V. 22. z/] seq. in P: noXXanXa-
GLuaug, sed delet. 23. nsnoLrjyis Y cp. 24. Post noXXanXa-
oidaag add. Theon: tov ^x tav Z, H (BVqp). 25. nsnoLr}%s

y<p. ^
30, IttJ corr. ex oti m. 1 P; IWtv ^, mg. i'ti. %al

cos] mg BV9.

21*
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r JtQog rbv Z xccl 6 z/ TtQog tbv H xal 6 E TtQbg xbv

0, ovtcog A TtQbg tbv N. TtdXiv^ BTtel ixdtSQog

tcov E, tbv M TtoXkanXaOidaag iTcdtsQOv tcov iV,

^ TtejtOLrjTcev , eettv ccQa cjg o E jtQbg tbv @, ovtcog

5 6 iV TtQbg tbv S' dXX' thg b E itQbg tbv @, ovrajg

o te r TtQbg tbv Z xal b A TtQbg tbv H' xal mg

aQa 6 r TtQbg tbv Z xal 6 z/ JtQbg tbv H xal 6

E TtQbg tbv ®j ovtcog o te A itQbg tbv N xal b

N JtQbg tbv I5i. TtdXiv, ejtel 6 @ tbv M JtolXaTtXa-

10 cfid^ag tbv 3* TtenoCrixev , dXXd ^rjv xal tbv A itol-

Xa%la6Ld0ag tbv B TteTtotrjxev , eCttv ccQa d)g 6 M
TtQbg tbv A, ovtmg 6 ^ TtQog tbv B. dll' G)g b

M TtQbg tbv A, ovtcjg o te F itQbg tbv Z xal 6 z/

TtQbg tbv H xal 6 E TtQbg tbv ®. xal G)g aQa b F
15 TtQbg tbv Z xal 6 jd TtQbg tbv H xal 6 E JtQbg tbv

®, ovtcag ov ^ovov 6 ^ JtQbg tbv 5, dXXd xal 6

A TtQbg tbv N xal b N TtQog tbv S. ol A, N, ^,

B aQa £|% el6iv dvdXoyov ev totg elQrj^evoLg tav

xXevQcov Xoyotg.

20 Aeyo, otv xal b A TtQbg tbv B tQL7tXa0iova 16-

yov exet rjjteQ rj b^oloyog JtXevQa TtQbg trjv b^oXo-

yov JtXevQdv, tovteCtiv rjneQ 6 F dQid^^bg JtQbg tbv

Z rj b A TtQbg tbv H xal eti 6 E itQbg tbv @. inel

yaQ tedCaQeg dQcd^^ol e^rjg dvdXoyov etdtv oi A, N,

25 3*5 B, 6 A aQa itQbg tbv B tQLTtXacCova Xoyov e%eL

rJTteQ 6 A nQbg tbv N. dXX^ d)g b A TtQog tbv N,

ovtcog ideC%^ri o te F JtQbg tbv Z xal 6 z/ JtQbg tbv

H xal etL 6 E JtQbg tbv ®. xal 6 A ccQa jtQbg tbv

2. N] corr. ex K Y.
^

6. Post H add. P: xai 6 E nQog
xo'» &. ticcl a>g — 8: tov &'] del. P et m. 1 et m. 2. 8.

re] om. P. 9. ^] Z qp. 14. 0. ycaC ag ccQa 6 F TtQog tov]
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quare etiam erit F : Z = ^ : H = E -. & = A : N,

rursus quoniam est ExM==Nei®xM==!3lj
erit E:® = N:S [VII, 18]. uerum

E:® = r:Z = ^:H.
quare etiam F : Z = J : H= E : = A:N= N:^^
rursus quoniam est SxM=Sei&xA = By

erit M:A = ;S!:B [VII, 17]. uerum

M:A = r:Z = ^ : H= E : @.

quare etiam

r:Z = zi:H=E:® = ^:B = A:N=N:S>
itaque A, N, ^, B deinceps proportionales sunt in

rationibus laterum, quas indicauimus.

Dico, esse etiam

A : B = r^ : Z^ = A^ : H^ = E^ : ®^.

nam quoniam quattuor numeri deinceps proportionales

sunt, A, N, ^, B, erit A : B = A^ : N^ [Y def. 10].

uerum A : N = T : Z = ^ : H = E : ®, \xi demon-

m^. qp. 16. ^] Z qp. 17. ,^] corr. ex Z tp. 22. «Xs-

Qav q). 28. a^a] om. qp, Tr^dg Y.
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TCQog triv o^oXoyov TtksvQav, rovxs0xiv tJtcsq 6 F
aQid-^og TtQog xbv Z zal o z/ TtQog xov H Ka\ hi
6 E jtQog xbv &• oTtsQ sdsi dst^ai.

5 7t\

'Eav dvo aQi&ficjv slg ^s6og avdkoy ov i^

TttTtxf] aQid^^og, ofioiOi STttTtsdoi s6ovxai o

aQid^^Oi.

^vo yaQ aQid^^Sv xcov A, B slg ^s6og dvdkoyov

10 s^TtiTtxsxco dQid-^og 6 F' Xsyo, oxi oi A, B onoiOi

iniTtsdoi slGiv dQi^^oC.

EiXrcpd^coaav [yccQ] iXdxi^xoi aQid^^ol xcov xb

avxbv koyov i%6vxG)v xotg A, F ot z/, E' i6dxig ccQa

o z/ xbv A yisxQst xal 6 E xbv F. bodxig drj b ^
15 xbv A nsxQst, xoCavxai novddsg s6xco6av iv xa Z'

6 Z ccQa xbv ^ 7toXXa7tka6id6ag xbv A 7ts7tOir]xsv.

S6XS 6 A ijti7tsd6g i6xiv, 7tXsvQal dh avxov oi A,

Z. 7tdXiv, i7tsl 01 A, E iXdxi6xoi Si6i x(ov xbv avxbv

X6yov ix6vxcov xotg F, B, l^dmg aQa 6 zl xbv F
20 fisxQst xal E xbv B. b^dxig drj b E xbv B ft£-

XQst, xo6avxai ^ovddsg s6xc36av iv x^ H. b E ccQa

xbv B ^sxQst xaxd xdg iv rc5 H fiovddag' 6 H ccQa

xbv E 7toXXa7tXa6id6ag xbv B 7ts7toirixsv. b B ccQa

^

A

1. nlEvqa ngog trjv oftoXoyovJ mg. qp. 6. ifinLTCtSi V,
corr. m. 1. 9. (liaov B. dvccXoyov] om. BVqp. In B
supra scr. m. 2: stg (isGog dvccXoyov sfinLntstco 6 F ccQid-fiog,

dtg 6 A ngog tov T, b F ngog tov B. 12. yccQ\ om. P. 13.

A, r]^A,^r, B Bqp, et V deleto B.
^
Post E in Vqp add. k'otLv

ccQcc mg o j nQog tov E, 6 A nQog tov T. mg ds 6 A ngog

tov r, 6 r nQog tov B (0 qp). xat coff dga 6 /J ngog tov E,

6 r nQog tov B; idem B mg. m. 2 {8ri pro 8s). 16. ns-
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strauimus. quare etiam

A : B = r^ : Z^ = ^^
: H^ = E^ : 0^;

quod erat demonstrandum.

XX.

Si inter duos numeros unus medius proportionalis

interponitur numerus, numeri plani similes erunt.

Nam inter duos numeros A, B unus medius pro-

portionalis interponatur numerus F. dico, ^, B esse

similes numeros planos.

sumantur z/, E minimi numeri eorum, qui ean-

dem rationem habent ac ^, F [VII, 33]. itaque z/

numerum ^ et jEJ numerum
^' '

^'
' raequaliter metitur [VII, 20].

Bi 1 iam quoties z/ numerum A
Pi I ,

^
I

metitur, tot unitates sint in

2, ,

Z. itaque ZxJ = A [VII

def. 15]. quare A planus est,

latera autem eius z/, Z. rur-

sus quoniam ^, E minimi sunt eorum, qui eandem ra-

tionem habent ac F, B ^), A numerum F et E nume-

rum B aequaliter metitur [VII, 20]. iam quoties E
numerum B metitur, tot unitates sint in H. itaque

E numerum B metitur secundum unitates numeri H,

itaque Hx E = B [VII def. 15]. itaque B planus

1) Nam A: r= T: B.

Ttoirj-KS Ycp. Seq. in Vqp: tov dh E noXXanlaaiciaag tov F
nsnoLriv,ev; idem B m. 2. 17. iazL Ycp. 18. elaiv P. 19.

r, B] B, r (p. 20. dri] Se P, et B (corr. m. 1). 21.

iatcoaav] bis tp, aed corr. 6 E] e corr. V, ^al 6 E P.
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A^ B ccQa ETtLTCEdoC S10LV aQL^iioC. liyG) di], oti x«l

ofioLOL. ETtal yccQ 6 Z rov ^sv z/ 7toXXa7tXa6Ld0a$ xov

A TtsTtoCrjKsv , rov ds E 7toXXa7tka6Ld6ag rbv P Tte-

5 7toCri}cev, eGrLv aga (og 6 J Ttqog roi/ E^ ovrGig o

A TtQog rov JT, rovreazLv 6 F ^tQog rbv B. TtdlLv^

eTtel 6 E exdreQOv rdsv Z, H 7tokXa7tXa6Ld6ag rovg

jT, B TteTtoCrjxev , eOrLv aQa (hg o Z 7tQbg rbv H, ov-

rcog 6 r 7tQbg rbv B. (og de 6 F TCQbg rbv B, ovrcag

10 6 ^ 7tQbg rbv E' xal cog ccQa 6 z/ 7tQbg rbv E, ov-

rcog 6 Z TtQbg rbv H. xal evaXld^ «g o z/ 7tQbg

rbv Z, ovrag 6 E 7tQbg rbv H, ol A, B uQa o^olol

i7tC7tedoL aQLd^^oC elOLV aC yccQ TtXevQal avrcov dvd-

Xoyov eliSLV' 07teQ idet deli,aL.

15 xa'.

'Eav dvo aQLd^ncov dvo ^iiooL dvdXoyov ifi-

7tC7trco0Lv dQLd^^oC, o^oLOL 0reQeoC ei0Lv ot

aQLd^^oC.

Avo yaQ dQLd^^cov rcov A, B dvo fii0OL dvdkoyov

20 i[i7tL7trirc30av aQL^iiol ol F, A' Xiyco, orL ot A^ B
o^OLOL 0reQeoC ei0Lv.

EiXYi(p%-oo0av yaQ ild%L0roL dQLd-fiol rcov rbv av-

rbv koyov ixovtcov rotg A, F^ A rQetg ot E, Z, H'
ol aQa dxQOL avrcov ol E, H 7tQcoroL 7tQbg dXki^Xovg

26 ei0Cv. xal i^tel rmv E, H elg ^i0og dvdXoyov i^-

7ti7trcoxev dQLd^^bg 6 Z, oC E, H ccQa dQLd^^ol o^olol

1. inC7ts8og~\ in ras. tp. 3. insl yctQ — 4=: F TCsnoCrjHSvl

del. B; insl yuQ sv.uxsqov (ex sy,uxsQoq V) rcoi; z/, E 6 Z (^,
E 6 Z in ras. V) noXXanXaGLOLGag s-hcctsqov tdtv A, F (in ras. V)
nsnoCrjyisv Yq>\ insi yuQ syidtSQOs tav Z, H xbv E noXXanXa-
Gideag SKaTSQOV tav F, B nsnoCriyisv mg. B. In P mg. m. 1

I
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est, et latera eius sunt E^ H. ergo J^ B plani sunt

numeri.

lam dico, eos etiam similes esse. nam quoniam

est Z X z/ = ^ et ZxE = F^), erit

rursus quoniam E X Z — F, E X H =^ Bj eril

Z:lf=r: 5 [VII, 17]. uemm T : B == J : E. quare

etiam ^ : E => Z : H. et permutando ^ : Z == E : H
[VII, 13]. ergo ^, B similes sunt numeri plani;

latera enim eorum proportionalia sunt [VII def. 21];

quod erat demonstrandum.

XXI.

Si inter duos numeros duo medii proportionales

numeri interponuntur, numeri similes sunt solidi.

Nam inter duos numeros A, B duo medii pro-

portionales interponantur numeri P, z/. dico, nume-

ros v^, B similes esse solidos.

sumantur enim E, Z, H numeri minimi eorum,

qui in eadem ratione sunt ac ^, JT, ^ [prop. II].

itaque extremi eorum E,H inter se primi sunt [prop. III].

et quoniam inter E^ H unus medius proportionalis

interponitur numerus Z, numeri E, H similes plani

1) Nam J : A = l: Z = E: r.

add. '<* iodmg aqu 6 z/ tov A fistQSL xal 6 E tov F (sigDO <<->

nullum in textu respondit). 5. a>g] om, P. 7. eyidtSQOv

t(ov Z, H 6 E Ycp. Zj H noXlanXaaidaccg tovg] om. B.
tovg] kv.d.tSQ0v tmv Vqp. 10. Kal cog — Ej mg. qp. ccQa]

om. P. 11. xal ivaUd^ — 12: tov H] om. Theon (BVgj).
13. sioiv aQL&fiOL P. 16. ifiTCLTCTOvaiv qp, sed corr. 17. aQLd"'

fjLolj ofioiOL] bis op. ol] om. P. 20. F, z/] J , V cp. Isym
ydQ V, deleto yaQ. 23. J] J, B Vqp. 25. slaCNcp. dvd-
loyoq P. 26. 6 Z] om. tp.
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iTtLTtEdoC al6LV. 66tc}0av ovv rov ^sv E jtXsvQal oi

0, K, tov ds H 01 A, M. cpavEQOv ccQa s6tlv sk tov

TtQo tovtov, oti 01 E, Z, H i^rjg siOtv avakoyov ev

A\ 1 Ei 1

Bi 1 I iZ

H\ 1

/j\ 1 01

—

I

1 \N K\

1 \S A\

M\- I
te ta rov JtQog tbv A koyco aal ta Toi) K itQog

5 tov M. xal ijtsl oC E, Z, H ikdxL6toi siat tav rov

avthv Xoyov ixovtcov totg A^ F, z/, xat iatLv l'6ov

to Ttlrjd-og tcjv E, Z, H t(p 7tlri%-SL tav A, F, z/, Sl'

i'6ov ccQa iatlv (hg 6 E TtQog tlv H, ovtcog 6 A TtQog

Tov z/. OL ds E, H TtQcotoLy ot 8\ TtQootOL xal iXd-

10 XL6tOL, OL d\ iXdxL0toL iistQOvOL tovg tov avtov ko-

yov s^ovtag avtotg iadmg ts fiSL^cov tov ^si^ova

xal 6 iXdaaov tov ildaaova, tovtiatLV o ts rjyov-

p,svog rov rjyov^svov xal 6 sno^svog tbv sno^svov'

iadxLg ccQa 6 E tbv A ^stQst xal 6 H tbv A. bad-

16 XLg drj 6 E tbv A ^stQst, toaavtaL ^ovddsg ^atoaav

iv tc3 N. 6 N ccQa tbv E TtolXaTtXaaLdaag tbv A
jtSTtoirjxsv. o ds E iatLV ix tav &, K' N ccQa

tbv ix tcov 0, K TtoXXaTtXaatdaag tbv A TtsTtoirjxsv.

atsQsbg ccQa iatlv 6 A, jtXsvQal ds avtov eiatv ot

20 0, K, N. JtdlLv, iitSL ot E, Z, H iXd%LatoC siaL tcov

tbv avtbv Xoyov i%6vtcov totg F, A, 5, iaaxLg aQa

6 E tbv r ^stQst xal 6 H tbv B. badxLg drj E

2. rov TtQo] om. BVqp. 3. dvdloYov siaiv Y(p. 4.



ELEMENTORUM LIBER VIII. 331

sunt [prop. XX]. sint @, jRl latera numeri E, et ^,

M latera numeri H. itaque ex praecedenti propo-

sitione manifestum est, numeros E, Z, H deinceps

proportionales esse in ratione @ : A et K : M^) et

quoniam E, Z, H minimi^) sunt eorum, qui eandem

rationem habent ac A, F, ^, et multitudo numerorum

Ej Z^ H aequalis est multitudini numerorum A, T, ^,

ex aequo erit E : H == A : J [VII, 14]. sed E, H
primi sunt, primi autem etiam minimi [VII, 21],

minimi autem eos, qui eandem rationem habent,

aequaliter metiuntur, maior maiorem et minor mino-

rem [VII, 20], li. e. praecedens praecedentem et se-

quens sequentem. itaque E numerum A et H nume-

rum A aequaliter metitur. iam quoties E numerum
A metitur, tot unitates sint in N. itaque NxE= A
[VII def. 15]. uerum E = X K. itaque

NX®XK = A.

ergo A solidus est, latera autem eius 0, K, N. rur-

sus quoniam E, Z, H minimi sunt eorum, qui eandem

rationem habent ac F, ^, 5^), E numerum F et H
numerum B aequaliter metitur [VII, 20]. iam quoties

1) Nam in prop. 20 demonstratum est

A : r= F: B = J : E = Z: H.

2) Hoc solum utitur, quod numeri E, Z, H et A, F, J
proportionales Bunt.

3) Nam A : T = F : J = ^ : B = E : Z = Z : H, etE,
Z , H minimi sunt in ratione ^ : F et F : J.

Tov] om. B. 5. Tov] om. B. sIglv P. 6. xat saTiv — 7: A,

r, J] om. Theon (BVgj). 16. dr}] 8s Vqp. 18. nsnoiri-ns Vqp.

20. N] in ras. V. 22. H] in ras. qp. Sr]] ds BYtp.
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tbv r ^stQst, to6avtai ^ovddsg £6tco0av sv ta S.

6 H aQa tov B yistQsi xata tag sv ta ^ ^ovddag'

6 ISI aQa tov H TtoXXaTtXa^id^ag tov B jtsTtoirjxsv.

6 ds H s6ttv 6 SK tc5v A, M' 6 ^ aQa tbv sk tcov

6 A, M 7tokka7tka0id6ag tbv B TtsjtoCi^xsv. 6tsQsbg ccQa

iatlv 6 5, 7t2,svQal ds avtov sIglv oi A, M, l^' ot

A^ B ccQa 6tSQSoC sI^lv.

AeycD [d}]], ott xal ofiOLoc, snsl yccQ ot N, ISl tbv

E TtoKXaTtXaatdaavtsg Tovg A, F TtSTtOLi^xaaLV , iativ

10 aQa dtg o N TtQbg tbv S, b A TtQbg tbv jT, tovtsatLv

b E TtQbg tbv Z. aAA' Sg b E TtQbg tbv Z, o ®
TtQbg tbv A xal 6 K itQbg tbv M' xal dtg ccQa 6 &
TtQbg tbv A, ovtcjg o K TtQbg tbv M xal o N TtQog

tbv S' '^^t sl6LV ol \i\v 0, K, N TtXsvQul tov A, ot

ib ds S, A, M TtXsvQul tov B. ot A, B ccQa aQtd^^ol

OflOLOL 0tSQSOL SL0LV' OTtSQ sdSL dsL^aL.

^Edv tQstg aQLd^^ol i^ijg dvdXoyov co0lv, o

dl TtQwtog tstQdycovog rj, xal o tQLtog tstQcc-

20 ycovog sGtaL.

"Eatco6av tQstg aQLd^^ol s^ijg dvdXoyov ol A, B,

r, o ds TtQootog 6 A tstQdycovog s6tco' ksyco, ott xal

b tQLtog 6 r tstQdycovog iotLv.

^Ensl yccQ toov A, F slg ^saog dvdloyov i6tiv

26 aQid^nbg B, oC A, F ccQa o^olol imTtsdoL sl0LV.

tstQdycovog ds b A' tstQdycovog aQU xal i F' ojtSQ

^dsL dst^ai.

1

2. o] Kccl o P. xara] insert. postea V. 4. tov] corr.

ex Tcov V. 5. TtsnoLTiyis \ cp. Seq. iaYcp: xov 8s E noXXcc-
nXuGidaag xov T nsnoCri-AS^ idem B m. 2. 7. sIgl Y(p. 8.
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E numerum F metitur, tot unitates sint in S- itaque

H numerum B metitur secundum unitates numeri

lE^}) itaque lEl x H = B. uerum H = A X M,
itaque ISIX A X M= B, ergo B solidus est, latera

autem eius sunt Aj M, IS^. ergo A, B solidi sunt.

Dico, eos etiam similes esse. nam quoniam

I^XE = AeiSxE = r^\ erit

N:S=A:r [VII, 18] = E : Z.

uerum E : Z = & : A = K : M. quare etiam

@ :A = K:M=N:3.
et @, K, N latera sunt numeri A, et ^, A, M^) latera

numeri B. ergo A, B similes sunt numeri solidi

[YII def. 21]; quod erat demonstrandum.

XXII.

Si tres nuraeri deinceps proportionales sunt, et pri-

mus quadratus est, etiam tertius quadratus erit.

. ,
Sint tres numeri deinceps propor-

„ tionales A, B, r, et primus A qua*

_, dratus sit. dico, etiam tertium F
quadratum esse.

nam quoniam inter A, F unus medius est propor-

tionalis numerus B, A et F similes plani sunt [prop.

XX]. uerum A quadratus est. ergo etiam F quadra-

tus est [VII def. 21]; quod erat demonstrandum.

1) Nam E : r = 1 : Ib; = H : B.

2) Nam E : F = 1 : S.
3) Debuit dici A, M, S. sed respicit ad. p. 332, 4.

drj] 01

y.al 6

om. P. N] e corr. V. 10. S] corr. ex Z <p. 19.

'] 6 insert. m. 2 P. 24. ccvdXoyog V, sed corr. m. 1.

25. BtGL Vgj. 26. F] in ras. P.
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^Eav tsaaaQBQ ccQLd^^ol i^rjg avdXoyov co6lv,

6 ds TtQmtos yiv^og fi, zal 6 tstaQtog xv^og
s0taL.

5 "E0tGi0av tB66aQsg ccQid^^ol s^rjg avaXoyov oi A^

B, r, ^, 6 8sA av^og 's6tco' Xsycj, oti xal 6 A
Kvpog s(5tiv.

'Eitsl yccQ tcjv A, ^ dvo ^s6ol dvdXoyov slaiv

aQL^liol oC B, r, oC A, ^ aQa oftotoi SL6t 0tsQSol

10 dQLd^iiOL. zv^og dh 6 A' xv^og ccQa xal b A' otisq

sdsL dsL^aL.

xd\

'Edv dvo dQLd^^ol TtQog dXXrjXovg Xoyov sico-

0LV, ov tstQaycovog dQLd^fLog TCQog tstQaycovov

15 dQLd-^ov, 6 ds TtQcotog tstQaycovog
fj,

xal 6

dsvtSQog tstQdycovog sCtaL.

Avo yaQ dQLd-iiol oC A, B TtQog dlXijXovg Xoyov

ExstG)6av, ov tstQaycovog dQLd^fibg 6 F TtQog tstQayco-

vov aQLd-^ov tov ^, 6 dh A tstQaycovog ^Cto' Xsyco,

20 otL xal 6 B tstQayovog iativ.

^ETtsl yaQ oC iT, z/ tstQaycovoL sIcSlv, oC F, A ctQa

o^OLOL iTtCnsdoC s16lv. tdav JT, A aQU slg ^B6og dvd-

Xoyov i^TtLTttSL dQLd^^og. xaC ietLv cog 6 F TtQog tbv

^, b A TtQog tbv B' xal tcov A, B aQa slg ^B6og

26 dvdXoyov i^TtLTttSL dQL^iiog. xaC i6tLv b A tstQa-

yovog' xal b B aQa tstQaycavog i6XLV' OTtSQ ^dsL dst^aL.

T

I

7. S6tai^ BY cp. 9. B, F] T, B q). slaiv P, 14.

xExqay(ovog dQid^fiog jr^og] mg. qp. tstQdycovog qp, sed corr.

15. aQid^fiog qp, sed corr. y tstqayaivog BVqp. 16. dhvtBQog']

loinog P. 22. sIol Ycp. 23, HaQ xaJ. ineL P. tovj

om. B. 24. rov] om. B 25. 6] toff 6 P.
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XXIII.

Si quattuor numeri deinceps proportionales sunt,

et primus cubus est, etiam quartus cubus erit.

Sint quattuor numeri deinceps proportionales A,

B, Ff z/, et A cubus sit. dico, etiam z/ cubum esse.

nam quoniam inter A^ A duo

medii proportionales sunt numeri jB,

T, A ^i A similes sunt solidi numeri

[prop. XXI]. uerum A cubus est.

ergo etiam A cubus est [VII def. 21];

quod erat demonstrandum.

XXIV.

Si duo numeri inter se rationem habent, quam
quadratus numerus ad quadratum numerum, et pri-

mus quadratus est, etiam secundus quadratus erit.

Duo enim numeri A, B inter se rationem habe-

ant, quam quadratus numerus F ad quadratum nu-

merum A^etA quadratus sit. dico, etiam B qua-

dratum esse.

nam quoniam jT, A quadrati sunt, jT, z/ similes

sunt plani. itaque inter F, A unus

medius proportionalis interponitur

numerus [prop. XVIII]. est autem

r : A = A : B. quare etiam inter
'

Aj B unus medius proportionalis

interponitur numerus [prop. VIII]. et A quadratus

est. ergo etiam B quadratus est [prop. XXII]; quod

erat demonstrandum.
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I
'Eav dvo ccQLd^fiol TCQog d^Xi^Xovg koyov exca-

6lv, ov Kv^og aQtd^^og TtQog xvpov ccql&^ov,

6 de TtQcoTog Kv^og
fj,

xal 6 devreQog xv^og
;

5 Ectai.

z/vo yaQ aQL^^iiiol oi A, B JtQog aXlrjXovg koyov

ixerc}0av, ov ;ct;/3os aQLd-^og 6 F TtQog %v^ov aQL%'-

^bv rbv z/, Kvpog de e6rc3 6 A' Xeyo) [^^], on xal

6 B Kv^og eCrCv,

10 ^ETCel yccQ ot F, ^ xv^ol el^LV, ot F, /i o^olol

6reQeoL elCLV rcov JT, ^ ccQa dvo ^eCoL avdkoyov

i^7CL7crov6LV aQLd-fiOL. o6oL de sig rovg F, z/ {iBra^v

xard To 6vvexeg dvdkoyov i^7tL7trov6Lv, ro6ovroL xal

eig rovg rbv avrbv Xoyov e%ovrag avrotg' S^re xal

16 tcov A^ B dvo iie60L dvdkoyov i^7tL7ttov6LV dQLQ"-

ILOL. iii7tL7trerco6av ot E, Z. i^tel ovv reCOaQeg dQL^-

inol ot A, E, Z, B e^ijg dvdXoyov ei6LV, xai i6rL

xvpog b A, xvPog ccQa xal 6 B' oiteQ edeL det^aL.

XS'.

20 Ot onoLOL i7CL7ce8oL dQLd^fiol 7CQbg dklrilovg

koyov exov6LV, ov rerQayovog dQLd-^bg 7CQbg

terQaycovov dQcd-^ov.

"E6rc36av o^olol i7CL7CedoL dQLd-^ol ot A, B' Xeya),

or^ 6 A 7CQbg tbv B Xoyov e%eL, 6v tetQaycavog dQLd^-

26 f*os 7CQbg tetQdyovov dQLd^iiov.

3. TtQog y,v§ov ocQi&fiovl bis cp, sed corr. 8, d^] om, P.

10. ofioioi] ccQcc ofioLOt BY cp. 11. sIgC Y(p. 12. Ss'] dri?

13. s(i7ti7itovaL PVqp. 15. tmv] tov (p. 17. eIgiv] ilai Y cp.

Iffrt] sativ P. 24. A] seq. ras. 1 litt. V. aqiQ^fiog om. Y cp.
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XXV.

Si duo numeri inter se rationem habent, quam
cubus numerus ad cubum numerum^ et primus cubus

est^ etiam secundus cubus erit.

Duo enim numeri A, B inter se rationem habeant,

quam cubus numerus F ad cubum numerum zJ, et

cubus sit A. dico, etiam B cubum esse.

nam quoniam F, /i cubi sunt, T, z/ similes solidi

sunt. itaque inter T, z/ duo medii proportionales

interponuntur numeri [prop. XIX]. iam quot inter

T, A secundum proportionem continuam interponun-

A\-

B\

d\~

tur numeri, totidem etiam inter eos, qui eandem

rationem habent, interponuntur [prop. VIII]. quare

etiam inter A, B duo medii proportionales interpo-

nuntur numeri. interponantur E, Z. iam quoniam

quattuor numeri A, E, Z, B deinceps proportionales

sunt; et cubus est Jl, etiam B cubus est [prop. XXIII]
;

quod erat demonstrandum.

XXVI.

Similes numeri plani inter se eam rationem ha-

bent, quam quadratus numerus ad quadratum numerum.

Sint similes numeri plani A, B. dico, A Sid B
eam rationem habere, quam quadratus numerus ha-

beat ad quadratum numerum.
Euclidea, edd, Heiberg et Monge. II. 22
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'ETtsl yCCQ 06 A, B O^OLOt STtLTtsdOi si6iv, tSv A^

B ixQa slg fis(30g ccvaloyov s^TtiTttsi ccQLd^^og. s^-

TtMtstG) xal s6t€0 r, Tcal silYi(p%-coaav slaiietoi

aQi&^ol tcov rov avtov loyov s%6vta3v totg A^ F^ B
5 ot z/, E^ Z* 06 aQa axQOc avtdov ot ^, Z tstQctyoi-

voL slaiv. xal sTtSL s6tLV cog 6 z/ TtQog tbv Z, ovtcog

6 A TtQog rov 5, naL si6lv ot z/, Z tstQayovot^ 6

A ccQa TtQog tov B loyov sxsl^ ov tstQayavog ccql^-

fiog TtQog tstQccycjvov aQLd^^ov* ojtsQ sdsL dst^aL.

10 xi\

Ot o^oLOL 0tSQSol aQLd^iiol TtQog akkriXovg

Xoyov SX0V6LV, ov Kvfiog ccQLd^^og JtQog xv§ov
OCQLd^^OV.

"E0tG)0av o^OLOL atsQSol ocQLd^^OL ot A , B' Xsyo),

15 ort 6 A TtQog tov B loyov s^sl, ov xvfiog ccQLd^^og

TtQOg KV^OV CCQLd^^OV.

'E%sl yaQ ot A., B o^olol CtsQsoC slClv^ tmv A,

B CCQa dvO ILSaOL CCvdXoyOV i^ltLTttOVaLV OCQLd^^OL. ifl-

TtLTttstcoaav ot r, A, xal stXi^cpd^cjaav iXd%LatOL aQid'-

20 /Aol rtov rov avtov koyov s%6vtG)v totg A^ F, /J
.,
B

l'aoL avtotg ro TtXrjd-og ot E^ Z, H^ S' ot ccQa cckqol

avtcov ot E, & TcvPoL siaCv. ocat iatLV cog 6 E TtQog

tov 0, ovtcog 6 A TtQog tov B' xal 6 A ccQa TtQog

tov B Xoyov s^SL, ov xvfiog aQLd^iiog TtQog xv^ov aQLd^-

25 ii6v' oTtSQ sdsL dst^aL.

I

1. sCai Vgj. 4. zols] corr. ex rot m. 2 P. r, B]
B, r P. 6. sioL Ycp. 11. ot] om. P. 17. slac Y (p.

18. jLtsffot] -ot e corr. m. 1 P. 19. aQid-^OL] om. B. 20.

B] Z cp. 22. eia^ Yqp. 23. xal 6 A aQcc ngog xov B]
mg. cp. 25. OTiEq tdst dsL^ca] om. B. In fine EvTiXsidov

axoi%sCaiv t]' P.
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nam quoniam A, B similes plani sunt, inter ^,

B unus medius proportionalis interponitur numerus

[prop. XVIII]. inter-

ponatur, et sit F, et

sumantur numeri z/, E.
j , E\ 1 1 iZ _- ... .

Z mimmi eorum, qui

eandem rationem habent ac A, F, B [prop. II]. itaque

extremi eorum z/, Z quadrati sunt [prop. II coroll.].

et quoniam est ^ : Z — A : B, et ^, Z quadrati sunt,

j4 a,d B rationem habet, quam quadratus numerus

ad quadratum numerum; quod erat demonstrandum.

XXVII.

Similes numeri solidi inter se rationem habent,

quam cubus numerus ad cubum numerum.

Sint similes numeri solidi A, B. dico, A sid B
eam rationem babere, quam cubus numerus habeat ad

cubum numerum.

nam quoniam A, B similes sunt solidi, inter A,

B duo medii proportionales interponuntur numeri

A\ 1 r\ 1

B\ 1 J\ 1

E 1 Zi i H\ ! 01 1

[prop. XIX]. interponantur r, J, et sumantur minimi

numeri eorum, qui eandem rationem habent ac A,

r, J, B iis aequales multitudine E, Z, H, ® [prop. II].

itaque extremi eorum E, ® cubi sunt [prop. II coroll.].

et E : @ = A : B. ergo A Sid B eam rationem habet,

quam cubus numems ad cubum numerum-, quod erat

demonstrandum.

22*



a .

^Eav dvo ofiOLOi ijtvjtedoi ccQid^^ol noXXa-

TCkaCidcavrsg alXrilovg %0L^6i tiva^ 6 yevoiLE-

vog tetQdycovog eCtai.

5 ''E6tGi0aV dvO O^OiOL STtLTtsdOL CCQLd^flol OL A^ B,

Tial 6 A tov B TtoXlaTtlaaLaaag rov F TtOLsCtco' XeyG),

oti 6 r tetQaycovog i0tLv.

'O yccQ A iavtov TCollaTtla^Laaag tbv A TtoLSLto,

A aQa tstQccyovog iatLV. ijtsl ovv 6 A iavtov

10 iisv TtoXlaTtlaGLccGag tov A TtsTtOLjjxsv, tov ds B Ttok^

Xa7tXa6icc0ag tov F TtsTtoLrjxsv , s0tLV ccQa ag 6 A
TtQog tbv B, ovtcjg 6 /1 itQbg tbv T. xal iicsl oC A,

B o^OLOL iitLTtsdoL sCglv ocql^^ol, tcov A, B ccQa slg

fie6og dvdkoyov i^TtiittSL aQLd-y^og. iav ds dvo aQLd"-

15 liov ^sta^v Tcatd tb Cvvsxsg dvdXoyov i^TtLTttodLV

aQid^^OL, 060L slg avtovg ifi7tC7ttov0L, to6ovtOL xal sig

tovg tbv avtbv Xoyov s%ovtag' Sots xal tov A , F
slg fis6og dvdXoyov i^TtijttSL aQLd^^Log. xai i6tL ts-

tQdyovog 6 z/' tstQdyovog ccQa Tcal 6 F' OTtSQ sdsL

20 dsL^ai.

-9"'] corr. ex rj' V. Post titulum, ante prop. I in textu

scholium habent Ycp, u. app. 9. inBL ovv] y,ccl insiYq).
10. ftfV] om. B. Jl in ras. P. nenoir]v.E Ycp. 11. F]
in ras. P. 14. df ] supra m. 2 V. ftfiralv a^iO'/LKav Ycp. 16.

dqiQ^lLoC, 0601 slq avtoifg ifjinintovai] mg. m. 2 B. 17.



IX.

I.

Si duo similes numeri plani inter se multiplican-

tes numerum aliquem effecerint, numerus ex iis pro-

ductus quadratus erit.

Sint duo similes numeri
A 1

,

plani ^, Bj et sit

AxB = r.
J^l .

1

dico, numerum F quadratum
^i

—

1

esse.

sit enim A X A == ^. A igitur quadratus est.

iam quoniam A X A = A (ii A X B — V^ erit

A : B = A : r [VII, 17]. et quoniam A, B similes

sunt numeri plani, inter A, B unus medius propor-

tionalis interponitur numerus [VIII, 18]. sin inter

duos numeros secundum prpportionem continuam nu-

meri aliquot interponuntur, quot inter eos interpo-

nuntur, totidem etiam inter eos interponuntur, qui

eandem rationem habent [VIII, 8]. quare etiam inter

A, r unus medius proportionalis interponitur nume-

rus. et quadratus est z/. ergo etiam F quadratus

est [VIII, 22]; quod erat demonstrandum.

^XOVTug avtotg qp, avrotg mg. m. 2 V. 18. iativ P. 19.

6 d- rtxQccycovog'] mg. m. 1 P. onsQ ^'dst, dsi^cci'] m. 2 V,

om. B.
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'Eccv dvo aQcd-fiol 7toXka7tXa6id6avteg dXkri-

kovg TtOLco^f, rstQdycovov, o^oloc eTtiTCsdoL sC-

0tV aQld^^OL.

5 "E<3tG)6av dvo aQi&fiol ol A^ B, TiaX 6 A tov B
7tolla7tXa6id0ag tstQdycovov tbv F TtoLeCta' KsycOy ort

Ot A, B O^OLOi STtiTtsdoi sliSiV aQid^^Oi.

'O yaQ A savtov 7toXXa7tXa0id0ag rov A ^toisitm'

6 A aQa tstQdycavog s6tiv. xal S7tsl 6 A savtov ^sv

10 7tolka7tla0id6ag tov A 7tS7toir^xsv, rov ds B 7tolka-

7tXa6id6ag rov F 7tS7toii]xsv , s6tiv uQa (og 6 A 7tQbg

tbv B, 6 A 7tQbg tbv F. Tcal S7tsl b A tstQdycovog

s6tiv, dXXa xal b F, oC A, F ccQa o^oiOi s7ti7ts8oC

Si6iv. t(ov z/, r aQa slg ^s6og dvdkoyov s^7tC7ttsi.

15 xaC i6tiv (og b A 7tQbg tbv F, ovtog b A 7tQbg tbv

B' xal tcov A, B ccQa sig ^s6og dvdXoyov s^7tC7ttsi.

idv dh dvo aQi^^oov sig ^s6og dvdloyov s^7tC7ttr},

onoioi S7tC7tsdoC si6iv [oi] dQid^^oC' oi aQa A, B o^oioC

si6iv s7tC7tsdoi' 07tsQ sdsi dst^ai.

20 r-

'Edv xvfiog aQid^^bg iavtbv 7tokka7tka6id6ag

Ttoifj tiva, 6 ysvc^isvog ocvPog ^6tai.

Kv^og yccQ dQid^^ibg 6 A savtbv 7toXXa7tka6id6ag

tbv B TtoisCtco' Xsyco, ott 6 B zv^og s6tCv.

25 ECXrjcpd^co yccQ tov A TtXsvQa 6 F, xal 6 F savtbv

7toXXa7tka6id6ag tbv A TtOisCtO). (pavsQbv dri i6tiv^

3. eIgl Vqp. 4. apt^S-jttot] om. BYg). 5. %gxcoguv — 6:

TCOLSLtcol 8vo yccQ dQid^fiol ot A, B noXlcinXaGiuGavxBq (m. 2 B)

dXXriXovi xEXQccymvov tov F noisixoiaav Theon (BVqp). 9.

iGttY(p. A] Bupra m. 1 V. ftfV] om. cp. 10. nsnoirjyis Y cp.
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II.

Si duo numeri inter se multiplicantes quadratum

effecerint, similes erunt numeri plani.

Sint duo numeri ^, B^ et A numerum B multi-

plicans numerum F quadratum efficiat. dico^ ^, B
similes esse numeros planos.

nam sii A X A == ^. itaque z/ quadratus est.

et quoniam AxA = ^etj4xB = r^ erit

I lA A:B = J '.r [VII, 17]. et quoniam

i B ^ quadratus est, uerum etiam Tj nu-

Ti 1 meri z/, F similes plani sunt. itaque

^i 1 inter ^, F unus medius proportionalis

interponitur [VIII, 18]. est autem J-.F= A:B. quare

etiam inter A^ B unus medius proportionalis interponi-

tur [VIII, 8]. sin inter duos*numeros unus medius pro-

portionalis interponitur, similes plani sunt numeri

[VIII, 20]. ergo Aj B similes plani sunt; quod erat

demonstrandum.

m.
Si cubus numerus se ipsum multiplicans nume-

rum aliquem effecerit, numerus productus cubus erit.

Cubus enim numerus A se ipsum multiplicans JB

numerum efficiat. dico, B numerum cubum esse.

sumatur enim F latus numeri Ay et sit FX 1^= ^.

12. rdv] om. B. ovtaq 6 B. tov'] om. B. 14. stai Y cp.

Post i(i7tlnt8i in Vop: ccgi&fiog; idem B m. 2. 16. toov]

corr. ex tov tp. avaXoyog V, sed corr. 17. iocv de — sfi-

Tcintfj] mg. m. 2 B, addito dgi&iiog ante idv. sfiTtLTCtEi 13;

et Vqp, sed corr. m. 1. 18. ot] (prius) om. P. 19. ininsdoi]
om. P. 26. J] corr. ex B m. 1 P.
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OTfc 6 r tbv ^ 7toXXa7tla0Ld6ag tbv A itenoiriKEv. xal

STtsl 6 r iavtbv 7toXXa7tXa6cd6ag tbv z/ 7t£7tOLr]K£v, 6

r aga tbv z/ ^£tQ£t xata tag iv avtip ^ovddag.

dlla ^rjv xal rj ^ovccg tbv F ^£tQ£i xatd tdg iv

5 avta fiovddag' sOtiv aQa cog rj ^ovdg 7tQbg tbv jT, 6

r 7tQbg tbv z/. TtdXiv, i7t£i 6 F tbv A 7tolXa7tXa-

CidGag tbv A 7t£7tOLrjK£v, 6 A dga thv A fi£tQ£t xatd

tdg iv tGi T ^ovddag. ^£tQ£t d£ xal rj ^ovdg tbv F
ocatd tdg iv avtip ^ovddag' iativ dqa (og rj ^ovdg

10 7tQbg tbv r^ b A 7tQbg tbv A. dXl' (6g rj ^ovdg 7tQbg tbv

r. b r 7tQbg tbv z/* xal cog aQa i] ^iovdg 7tQbg tbv

JT, ovtcog b r 7tQbg tbv /1 xal 6 z/ TtQbg tbv A. trjg

aQa ^ovddog xal tov A aQLd^^oi dvo ^£6oc dvdkoyov

xatd tb 6vv£%£g i^7t£7ttc6xa6Lv aQid-^ol ot F, A. 7td-

16 Atv, i7t£l A iavtbv 7tolla7tka6Ld0ag tbv B 7t£7toLri-

x£v, 6 A aQa tbv B ^£tQ£t xatd tdg iv avta ^ovd-

dag. ^£tQ£t d£ xal rj ^ovdg tbv A xatd tdg iv avtS

fiovddag' iativ aQa cog rj [lovdg 7tQbg tbv A^ b A
TtQbg tbv B. tijg d^ ^ovddog xal tov A dvo ^iaoc

20 dvdkoyov i^7t£7ttoixa6Lv aQL^iioC' xal tmv A, B aQa

dvo ^£0OL dvdXoyov i^7t£6ovvtaL aQLd^^oC. idv d^e dvo

aQLQ-iL^v dvo ^iaoL dvdloyov i^7tL7ttc36Lv, 6 dh 7tQm-

tog xv^og rj , xal 6 d£vt£Qog xvfiog iCtaL. xai iotLU

A xvfiog' xal 6 B aQa xv^og iatCv 07t£Q £d£L

26 d£tl^aL.

d\

^Edv xvfiog aQLd^fiog xvfiov aQLd^^bv Ttok-

• 1. nsTtoirj-iis Ycp. 2. nsnoCri%8 Ycp. o F] postea in-

sert. B. 5. tov] om. B. ovxcog b B. 6. tov] (prius) om. B.

7. z/] seq. ras. 1 litt. cp. 13. ticcl tov] bis cp, sed corr. 18.

ovtcas b B. 19. tov^^om. B. 20. dvdlcoyov cp. dqL&fiol e(i-
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mamfestum igitur, esse F X J = A. et quoniam

r X r = ^. r numerum -^ se-
i \A .

'

g cundum unitates suas metitur [VII

_ . def. 151. uerum etiam unitas nu-
I iF I iz/

-*

merum F secundum unitates ipsius

metitur. itaque [VII def. 20] 1 : F = F : ^. rursus

quoniam Fx ^ = A, ^ numerum A secundum uni-

tates numeri F metitur. uerum etiam unitas nume-

rum T secundum unitates ipsius metitur. erit igitur

l:r= ^:A. uerum 1 : r= T; z/.

itaque 1 : F = F : ^ = ^ : A. itaque inter unitatem

et numerum A duo medii proportionales interponun-

tur numeri Fj A secundum proportionem continuam.

rursus quoniam est A X A = Bj A numerum B
secundum unitates suas metitur. uerum etiam unitas

numerum A secundum unitates ipsius metitur. erit

igitur \ : A = A : B. sed inter unitatem et A duo

medii proportionales interponuntur numeri. itaque

etiam inter A, B duo medii proportionales inter-

ponentur numeri [VIII, 8].^) sin inter duos numeros

duo medii proportionales interponuntur, et primus

cubus est, etiam secundus cubus erit [VIII, 23]. et

A cubus est. ergo etiam B cubus est; quod erat

demonstrandum.

IV.

Si cubus numerus cubum numerum multiplicans

1) VIII, 8 de duobus numeris proportionalibus demon-
stratur; sed demonstratio eadem tura quoque ualet, si alter

TiDitas est.

ninzioY.aaiv P. rcov] corr. ex tov V. 22. s^inCnxcoGLV^^

e corr. V. 23. dBvtB^oi] ritaQtog Theon (BVqp).
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Xa7tXa<5Ld<5ag Ttotfj XLva, 6 ysvo^svog xv^og

£6tatr.

KvPog yccQ aQLd^^og 6 A xvpov aQLd^fxbv xov B
7toXXa7tXa6La6ag xov T TtOLSLXC)' Xiyoi^ oxl 6 F Kv^og

5 iaxLV.

'O yaQ A iavtbv 7toXka7tka6Ld6ag xov A TtotSLXG)'

6 A aQa xvpog ioxCv. xal iTtsl 6 A iavxov ^sv

7toXXa7tXa6Ld0ag xov z/ 7ts7tOLr]}csv , xov ds B TtoXla-

7tla(3Ld0ag xbv F 7tS7tOLr]}csv , sCxlv ccQa wg b A 7tQbg

10 xbv J3, ovxcog b z/ 7tQbg xbv F. xal i^tsl oi A, B
KV^OL SL6LV^ OllOLOL 6XSQS0L SL0LV 01 A, B. XOJV A^ B
aQa dvo ^sOol dvdkoyov i^7tL7txov6LV aQLd^fiOL' S6xs

Tcal XGiv ^, V ^vo \jiii50L dvdXoyov i^7ts6ovvxaL dgLd--

fiOL. xaC i0Xi xv^og b z/* Tcv^og aQa Tcal b F' OTtsQ

15 s8sL dsti^aL.
f

B .

'Edv Tcvfiog aQL&fibg aQLd-fiov XLva 7tokka-

7tka6Ld6ag tcv^ov Ttotrj, Tcal a 7tokka7tka6ca6-

d^slg Kvfiog s6xaL.

20 Kvfiog yaQ aQLd^fiog 6 A aQLd^^ov XLva xbv B
7tokka7tka6Ld6ag xv^ov xbv F 7tOLsCxco' kiyco, oxl 6 B
xv^og i6xCv.

'O yaQ A iavxbv 7tokka7tka6Ld6ag xbv z/ TtoisCxa)'

Tcvpog aQU i6xCv o A. xal i^tsl 6 A savxbv ^sv Ttokka-

25 7tka6Ld6ag xbv z/ 7tS7toCriKSv , xbv ds B 7tokka7tka6Ld-

6ag xbv F 7ts7toCrixsv^ s6xlv ccQa cog 6 A 7tQbg xbv B,

6 z/ 7tQbg tbv r. Tcal i^tsl oC A, F tcv^ol sl6Cv^

o^oLOL 6XSQS0C sl6lv. xcjv z/, F aQa dvo ^i60L dvd-

1

6. yocQ A] A yccQ BVqp. 7. z/] seq. ras. 1 litt. qp. ietC

Vqp. 8. nsTtoiiq-KS Yqj. 10. rov] bis om. B. 11. slai,

V9. ot A, B] om. BY(p. 13. xoav] e corr. V. 14.
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numerum aliquem effecerit, numerus productus cu-

bus erit.

1 ^ Cubus enim numerus A cubum
' ^ ^ numerum B multiplicans efficiat F.

1 iz/ dico, r cubum esse.

sit enim Ax A = ^. A igitur cubus est [prop.

III]. et quoniam AxA = AQiAxB = r^ erit

A : B = A : r [VII, 17]. et quoniam A, B cubi sunt,

Aj B similes sunt solidi. itaque inter A^ B duo medii

proportionales interponuntur numeri [VIII; 19]. quare

etiam inter A, F duo medii proportionales interpo-

nuntur numeri [VIII; 8]. et cubus est A. ergo etiam

r cubus est [VIII; 23]; quod erat demonstrandum.

V.

Si cubus numerus numerum aliquem multiplicans

, 5^ cubum effecerit; etiam numerus

, ,5 multiplicatus cubus erit.

1
1 Cubus enim numerus A nu-

» —1^ merum aliquem B multiplicans

cubum r efficiat. dico, etiam B cubum esse.

nam sit A X A = ^. itaque A cubus est [prop.

III]. et quoniam A X A = A et Ax B = F, erit

A : B = A : r [VII; 17]. et quoniam A, F cubi sunt,

similes sunt solidi. itaque inter A, F duo medii

proportionales interponuntur numeri [VIII; 19]. est

iatLv F. Prop. 5 in Vqp bis scribitur, secundo loco (V^ qpa)
sine numero. t6 T Slg iyqacpri "accto. Xr^^rjv xov yQoctpsoag

V mg. 21. B] supra V^. 23. z/] in ras.^ V^. 24. [iev]

om. qp. 25. Ttsnoirjns Vqj V^ cp^. 27. ovtmg 6 V. z/,

r] eras, V. 28. ofioioi ot (p. slai VgjVjjqPa- ^i ^]
eras. V.
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koyOV i^7tL7ttOV6LV CCQLd^flOV. KKO i^tcv cog l z/ TlQOg

tov r, ovtcog 6 A TtQog tov B' Tcal toov A, B ocQa

dvO ^EGOL CCvdXoyOV i^7tL7ttOV6VV CCQLd^^OL. XUi iiStL

Kvfiog 6 A' xv^og ccQa icftl xal 6 B' OTtEQ sdsL dst^aL, -

& s'.

'Eav aQLd^fiog iavtov 7tokka7tXa0Ld0ag xv-

pov 7toL7Jy xal avtog Kv^og EOtaL.

^AQLd^iibg yccQ 6 A iavtbv 7toXka7tXa6Ld6ag tiv^ov

tbv B 7toL£LtG)' Xiyco, otL xal 6 A xv^og iotCv.

10 ^O yaQ A tbv B 7tokXa7tka6Ld6ag tbv F TtOLELto.

i^tsl ovv 6 A iavtbv fiEV 7toXka7tXa0Ld0ag tbv B 7tE-

^tOLYiKEv^ tbv ds B 7toXXa7tXa(SLd6ag tbv F 7t£7tOL7jxEv,

r ccQa xvPog i6tLV. xal i7t£L 6 A iavtbv TtoXXa-

7tla6Ld0ag tbv B 7tE7toirj7CEv, 6 A ccQa tbv B iiEtQst

15 xatd tdg iv avta ^ovddag. ^EtQEt ds xal rj ^ovdg'

tbv A xatd tdg iv avta ^ovddag. i6tLv aQa (og i^

fiovdg 7tQbg tbv A^ ovtcog b A 7tQbg tbv B. xal i^tsl

A tbv B 7toXla7tka6id6ag tbv F 7t£7tOLrjKEv, b B aQa

tbv r fiEtQEt xatd tdg iv rc5 A ^ovddag. ^EtQEt dh i

20 xal 7] iLovdg tbv A xatd tdg iv avta ^ovddag. iatLV

aQa oag rj ^ovdg 7tQbg tbv A, ovtcog o B TtQbg tbv F.

«AA' d>g rj ^ovdg 7tQbg tbv Ay ovtcog 6 A 7tQbg tbv B

'

xal G)g aQa b A 7tQbg tbv B, b B TtQbg tbv F. xal

i7tEl Oi B, r XV^OL £i0LV, OflOLOi GtEQEOi ElCiV. tCJV

2b B, r ttQa dvo ^E0oi dvdXoyov £i6iv dQid^^OL. xai

1. xat Igxiv — 3: a^t^^-jnot] mg. m. 2 V; in textu coare

Htti rcov z/, V 8vo ^sgol avocXoyov i(i7csGovvTca dQL&fiot, sed
delet. V. 2. ccqcc^ stl qp. 3. ifiTtiTttovGiv ciQLd^iiol dvccXo-

yov BV^J, Vg qp2- iGtLv P. 4. A'] eras. V. xv^og] m.
2 B. Icrt] om. Vg), iGtiv cp^. B] eras. V. 5. ?']
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autem zf : F= A : B. itaque etiam inter A^ B duo

medii proportionales interponuntur numeri [VIII, 8].

et cubus est A. ergo etiam B cubus est [VIII, 23]*,

quod erat demonstrandum.

VI.

Si numerus se ipsum multiplicans cubum effecerit,

et ipse cubus erit.

Numerus enim A se ipsum multiplicans efficiat

cubum B. dico, etiam A cubum esse.

sit enim AX B = F. iam quoniam AX A = B
I

^ et ^ X 5 = r, r cubus est. et quo-
' '^ niam AxA= B, A numerum B se-

Y cundum unitates suas metitur. uerum

etiam unitas numerum A secundum unitates ipsius

metitur. itaque 1:A= A:B. et quoniam AxB= F,

B numerum F secundum unitates numeri A metitur.

uerum etiam unitas numerum A secundum unitates

ipsius metitur. itaque 1 : A = B : F. sed

1:A = A:B.

quare etiam A : B = B : F. et quoniam B, F cubi

sunt, similes sunt solidi. itaque inter B, F duo medii

proportionales sunt numeri [VIII, 19]. est autem

sic Vqp. 11. nEnoCriv.B Ycp. 13. iatL Vgj, sccvtov fih
BVqp. 14. nsnoCrj-KS Ycp. 6 A aga— 22: ovtag 6 A
ngog tov B] P, tov ds B noXXanXaaiccacig tov V nsnoirjyiEv

Theon {BYtp). 22. B] in ras. P. 23. MaO om. BV^.
i B] supra (p. 24. siai Ycp. 25. B, F] A, B F.
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iOTLV (og b B TCQog rbv F^ h A TCQog tov B. kkI tcavi

A^ B ttQtt dvo ^s6oi ttvdloyov aiCLv ttQi^^oi. KttC

iati KvPog 6 B' xv^og ccQtt i6tl xttl o A' OTtSQ iSsv

dsi^tti.

5 r.

'Ettv (Svvd^stog ttQid^^bg ttQid^^ov tivtt TtoX-

Xtt7tXtt(Sitt6ttg itoifi tivtt, 6 ysvo^svog 6tSQsbg

S0ttti.

I^vvd^stog yccQ ttQid^iibg 6 A ccQid-^ov tivtt rov B
10 7toXltt7tltt0itt6ttg tbv r TtoiSitco' Xsycs, oti 6 F 6ts-

Qsog iativ.

^Etcsl yccQ 6 A Gvv^^stbg^ i&tiv^ vTtb ttQid^^ov ti-

vog ^stQ7jd^T]6sttti. iistQSi0^(o vTto Tov z/, Kttl oGttmg

6 A tbv A \jistQsl., to6ttvtai ^ovccdsg S0tco6ttv iv ta

lo E. ijtsi ovv b A tbv A ^stQsl xtttcc tccg iv ta E
fiovttdttg, 6 E ccQtt tbv A TtoXXtt%Xtt6itt6ttg tbv A its-

TtoiTjKsv. xttl iTtsl 6 A tbv B 7toXXtt7tktt0Ltt0ttg tbv F
7ts7t0L7iKSv, o d^ A icStLv 6 ix tSv z/, E, 6 ccQtt ix tCJV

A, E tbv B 7toXXtt7tXtt0Ltt6ttg tbv F 7tsTt0Lr]Ksv. o F
20 ccQtt 6tSQs6g i6tLv, 7tksvQttl ds ttVtOV stdLV ot z/, Ey B'

07tSQ sdSL dst^ttL.

f

'Ettv cc7tb ^ovttdog b7to0OLOvv ccQLd^^ol s^rjg

ttVttXoyov co6lv, 6 ^isv tQLtog cc^to T^g ^ovccdog

25 tstQccycyvog sOtuL Kttl oC svtt dittlsLTtovtsg, 6

ds xstttQtog xv^og xttl oC dvo dLaXsLTtovtsg

1. ovTcoff b A 'QY cp. 3. 8Gxiv P. xv^og] (alt.) om. qp.

SGXLV P. 15. BTthl ovv — 16: iiovddag] om. Vqp. 16. ns-
noLTjyis Vqp. 18. 6] (alt.) om. BVqp. 19. Post nsTCOLrjyisv

add. cp, YB ^g. m. 2: xai (om. B) b B aga (ftt q)) tov sh rcov

1
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B : r = ^ i B. quare etiain inter ^, B duo medii

proportionales sunt [YIII, 8]. et cubus est B. quare

etiam j4 cubus est;^) quod erat demonstrandum.

VII.

Si compositus numerus numerum aliquem multi-

plicans alium aliquein effecerit, numerus productus

solidus erit.

J 1^ Compositus enim numerus A
I- B numerum aliquem B multiplicans

1 ^ numerum F efficiat. dico, nume-

J\— E 1 rum r solidum esse.

nam quoniam A compositus est, numerus aliquis

eum metietur. metiatur numerus z/, et quoties z/

numerum A metitur, tot unitates sint in E. iam

quoniam z/ numerum A secundum unitates numeri

E metitur, erit Ex^ = A [VII def. 15]. et quo-

niam A X B = r^ et A = ^ X E, erit

^XExB = r.

ergo r solidus est, latera autem eius sunt zl, E, B]

quod erat demonstrandum.

VIII.

Si quotlibet numeri inde ab unitate deinceps pro-

portionales sunt, tertius ab unitate quadratus erit et

1) Nam A : X = X : y = y : B, Biue (VII, 13)

B : y = y : X = X : A.

tum u. YIII, 23.

•— '

J, E noXXanXaaidoag xov A {rov A om. B) tov T nsnoCriyi.sv.

20, iati Vqp. z/] e corr. V. E] om. B. 25. ^ozai] iati

BV<p. 6] navtsgj 6 BVqp.
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Ttdvtsg, b ds e^do^og Kv^og a^a xal xsxQaya-
vog %al ot Ttsvxe diaXstJtovxsg.

''E(}XG)6av djto ^ovddog oTtoGocovv aQcd^^ol s^rjg

dvdloyov ot A, B, F, ^, E, Z' keycj, Zxt 6 ^ev

5 XQLXog dno xrjg ^ovddog 6 B xsxQdycjvog s6xl xal

OL sva dLaksLTiovxsg Ttdvxsg, 6 ds xsxaqxog 6 F xv-

Pog Tcal OL dvo dtaXsLitovxsg itdvxsg, 6 ds s^do^iog

o Z Kvfiog d^a xal xsxQdycovog xal ol jtsvxs dtaXsL'

Ttovxsg Jtdvxsg.

10 'ETtSL ydQ s6tLV Sg rj ^ovdg TtQog xov A^ ovxong 6

A TtQog xbv B, tddxtg aQa rj fiovdg xbv A aQLd^^bv

[isxQSL xal A xov B. 7} ds ^ovdg xbv A aQLd^fibv

^sxQSL xaxd xdg sv avxa ^iovddag' xal 6 A aQa tbv

B ^SXQSL xaxd xdg sv xa A ^ovddag. 6 A ccQa sav-

15 xbv TtolkaTtXaatdGag xbv B jtSTtOLTjxsv' xsxQdyovog

aQa sdxlv 6 B. xal STtsl ot B, F, A s^rig dvdXoybv

sl^iv^ l 8\ B tstQdyovog iottv, xal b ^ dga tstQa-

ycovog sCtLv. d^a td avtd dr] xal 6 Z tstQdycovos

i6tLV. b^OLCog dri dsL^o^sv, oxl xal ol sva dLalstTtovxsg

20 Ttdvxsg xsxQdycovoC sl6lv. ksyco drj, oxl xal 6 xstaQtog |

aTtb tijg ^ovddog 6 F xv^og iotl xal ot dvo dLalsL-

jtovtsg Ttdvtsg. insl ydQ i<5tLv mg rj ^ovdg TtQog tbv

A^ ovtcog B itQbg tbv P, ladxLg aQa fj ^ovdg tbv

A aQL&^bv ^stQSL xal b B tbv F. rj ds ^ovdg tbv A
26 aQLd^iibv iistQSL xatd tdg iv ta A ^ovddag' xal b B

1. Ttavxsg] om. BVqp, 2. SiaXsCnovtsg TtdvTsg BVqp.
4. OTt] om. Vqp. 6. TCcivtsg] om. BVqp. 7. ndvTsg] om. cp.

9. anciVTsg Yq). 12. ccQLd-^ov] om. BVqp. 14. tc5 ^]
avTw cp. 15. nsnoiriY.s V et -v.s in ras/ cp. 17. sati

PVqp. 18. soTi V. Sia Ttt — 19: sctiv'] om. tp. 20.

TtdvTsg'] om. BVqp. siai. Vqp. 21. iat^v P. 26. tm A]
avtm qp.
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item^ qui^) uno loco distant, quartus autem cubus et

item omnes, quicunque duobus locis distant, septi-

mus uero simul et cubus et quadratus et item, qui

quinque locis distant.

Sint quotlibet numeri inde ab unitate deinceps

^, ,

proportionales Aj 5, F, z/, Ey

_g, i

Z. dico, tertium ab unitate B

r, I

quadratum esse et item omnes,

^i i

quicunque uno loco distent^ quar-

_E, I

tum autem F cubum et item

I
'~\ omnes, quicunque duobus locis

distent, septimum uero Z si-

mul et cubum et quadratum et item omnes, qui-

cunque quinque locis distent. nam quoniam est

1 '. A = A : Bj unitas numerum ^ et ^ numerum B
aequaliter metitur [VII def. 20]. sed unitas numerum
A secundum unitates ipsius metitur. quare etiam A
numerum B secundum unitates numeri A metitur.

itaque [VII def. 15] AX A ^ B, ergo B quadratus

est. et quoniam B, F, z/ deinceps proportionales sunt,

et B quadratus est, etiam A quadratus est [VIII, 22].

eadem de causa etiam Z quadratus est. similiter

demonstrabimus, etiam omnes, quicunque uno loco

distent, quadratos esse. iam dico, quartum ab uni-

tate r cubum esse et item omnes, quicunque duobus

locis distent. nam quoniam est 1 : A = B : F, uni-

tas numerum A et B numerum F aequaliter metitur.

1) Cum Tcdvtsg post diaXsLTtovTsg facillime intercidere

potuerit, nec in hoc uocabulo uel omittendo uel ponendo con-

stans sit codicum P et Theoninorum consensus aut dissensus,

fortasse ndvTsg ubique recipiendura.

Euelides, edd. Heibcrg et Menge. II. 23
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ccQa Tov r ^STQst xata tag sv rw A ^ovddag' b A
a^a xov B TtolkaTtlaGid^ag xov F TCSTCoCriKSv. sitsl ovv

6 A savrov ^isv TtoXXanla^idcag tov B TtsTtoirjxeVy

xhv ds B 7tolla7tla6id6ag xov F JtsjtOLrjKSV, xv^og aga
B s0tlv 6 r. xal STtsl ot r", z/, E, Z s^^g dvdloyov

eL0LV, 6 ds r xv^og i6tvv, Kal 6 Z aga xv^og eCtiv.

sdsLX^V <5^ ^«^ tetQdycovog' 6 aQa s^do^og aTto tijg

^ovddog Kv^og ts s6tL xal tstQdycovog. o^OLcog dr^

dsL^o^sv, otL xal ot nsvts dLaXsLTtovtsg ndvteg xv^ol

10 ts sIcl y,al tstQdycovoL' oTtsQ edet det^aL.

^\

^Edv djtb fiovddog bnoGOLOVv el^rig xatcc tb

Ovvexsg aQLd^^ol dvdXoyov co6lv, b de ^etd trjv

liovdda tetQdyavog ?}, xal ot XoLTtol ndvteg te-

15 tQdyavOL e6ovtaL. xal edv b fietd trjv [lovdda

Kv^og ^, xal OL XoltcoI itdvteg xv^ol e6ovtaL.

"E6tG}6av djtb iiovddog e^rjg dvdkoyov b6oLdrj7tot-

ovv aQLd^^OL 01 A, B, r, A, E, Z, b de ^etd trjv

A\ i

B\ 1

r\ 1

d\ 1

, \E
2

1

———

—

I

^ovdda 6 A tetQdycovog 'i6tco' Xeyco, otL xal ol Iol-

20 ^ol Jtdvteg tetQdycovoL e6ovtaL.

"OtL ^ev ovv b tQLtog dnb trjg ^ovddog b B te-

tQdycovog e6tL xal ol sva 8LaitleL7tovteg Ttdvteg, de-

I

1. rc5 A] ccvTa, supra scr. A qp. 3. fi^v] om. P. ns-
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unitas aiitem numerum A secundum unitates numeri

A metitur. quare etiam B numerum V secundum

unitates numeri A metitur. itaque Ax B ~ T» iam

quoniam A X A = B et A X B = F, F cubus est.

et quoniam F, A, E, Z deinceps proportionales sunt,

et r cubus est, etiam Z cubus est [VIII, 23].^) de-

monstrauimus autem, eundem etiam quadratum esse.

ergo septimus ab unitate et cubus et quadratus est.

similiter demonstrabimus, etiam omnes, quicunque

quinque locis distent, et cubos et quadratos esse;

quod erat demonstrandum.

IX.

Si quotlibet numeri deinceps in proportione con-

tinua proportionales sunt inde ab unitate, et unitati

proximus quadratus est, etiam reliqui omnes quadrati

erunt. et si proximus unitati cubus est, etiam reliqui

omnes cubi erunt.

Sint quotlibet numeri inde ab unitate deinceps

proportionales A, B, F, A, E, Z, et unitati proximus

A quadratus sit. dico, etiam reliquos omnes quadratos

esse. tertiiim quidem ab unitate B quadratum esse

et omnes, qui uno loco distent, demonstratum est

[prop. VIII]. dico, etiam reliquos omnes quadratos esse.

1) Et similiter de omnibus, qui duobus locis distant, quod
uix opus est, ut cum Augusto diserte addamus.

7totr,-KS Vqp. 4, nsTto^rj^ie Y cp. 6. iaziv] (prius) sgt^ Vqc.
7. y.at] om. cp. 8. rs] supra m. 1 P. iazLv P. dr)] in

ras. P; di qp. 10. te] om. P. sCglv P. 12. s^fjg «aTo;

t6 avvsxsg aQLd-fiOL] ccQid-fiol s^-^g Theon (BVqp). 17. oaoLdr]-

noxovv] PBVqp; onoaoLovv edd. 21. E] dsvTsqog V, del. et

ins. ^ m. 2; ^ dsvrsQog rp.

23*
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dsiKtm' Xiya [t^tf], ort v,ai oC XoLTtol Ttdvreg tetQdyG)

voC £i6iv. 87CeI yccQ ot A, B, r i^ijg dvccloyov £i6iv,

Tcai £6tiv 6 A t£tQdyG)vog, Tcal 6 F [dga] t£tQdyG)vog

£6tiv. TtdXiv, £7t£l [xai] ot B, r, A i^rjg dvdkoyov

5 £l6iv, xai £6tiv 6 B tetQaycovog, zal 6 A [aQa\ t£-

tQdycjvog £<5tiv. oiioicog dr} d£i^o^£v, oti xal ot Aot-

Ttol 7tdvt£g t£tQdyC0VOi £i6iV.

'AXXd drj £6tc3 6 A Kv^og' kiyca, oti xal oC Aot-

Ttol 7tdvt£g KV^Oi £i6iV.

10 "Oti ^£v ovv 6 titaQtog aTCo trjg ^ovddog 6 F xv-

fiog i6ti xal oC dvo diaX£i7tovt£g 7tdvt£g, did£ixtai'

Xiycj [dt]], oti xal ot loiTCol 7tdvt£g xv^oi £i6iv. £7t£i

ydQ i6tLV d)g rj ^ovdg TtQog tov A, ovtcog 6 A TtQog

tbv B, iCdxig ccQa ri ^ovdg tbv A ^£tQ£i xal 6 A tbv

15 B. rj dh ^ovdg tbv A ^£TQ£i xatd tdg iv avtco fto-

vddag' xal 6 A aQa tbv B ^£tQ£i xatd tdg iv avta

^iovddag' 6 A aQa iavtbv 7toXla7tXa6id0ag tbv B
7t£7toirix£v. xaC iGtiv 6 A xv^og. idv d£ xvfiog aQid^-

fibg iavtcv 7toXka7tla6id6ag Ttoif] tiva, 6 y£v6^£vog

20 xvpog i6tCv' xal 6 B aQa xv^og i6tCv. xal i7t£i tio-

6aQ£g aQi^^ol ot A, B, F, z/ i^rjg dvdkoyov £i6iv,

xaC i6tiv 6 A xvfiog, xal 6 z/ aQa xv^og i6tCv. dia

td avtd dr} xal 6 E xv^og i6tCv, xal b^oCcog ol loi-

Ttol 7tdvt£g xv^oi e16Cv' OTtSQ Edsi dsi^ai.

25 i'.

'Edv d7tb ^ovddog b7to6oiOvv aQiQ^iLol [e|^ff]

I

1. 8ri] om. P, 2. eIolv] (alt.) eIgl Ycp. 3. rszQdycovos'

lial 6 r ccQcc] mg. qp. dga] om. P. 4. iarCv] P et V sed v

delet.; SGTL qo. xat] om. P. 5. stoiv] -v delet. V. z/J eras. V.

&Q(x] om. P. 12. ^17] om. P. 15. E] B fiSTQsrYcp. sv]
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nam quouiam A, B, F deinceps proportionales sunt, et A
quadratus est, etiam F quadratus est [VIII, 22]. rur-

sus quoniam 5, F, A deinceps proportionales sunt, et

B quadratus est, etiam A quadratus est [VIII, 22].

similiter demonstrabimus, etiam reliquos omnes qua-

dratos esse.

at rursus A cubus sit. dico, etiam reliquos omnes

cubos esse.

quartum quidem ab unitate T cubum esse et item

omnes, qui duobus locis distent, demonstratum est

[prop. VIIIJ. dico, etiam reliquos omnes cubos esse.

nam quoniam est \ \ A— A : B, unitas numerum A
et A numerum B aequaliter metitur. unitas autem

numerum A secundum unitates ipsius metitur. quare

etiam A numerum 5 secundum unitates suas metitur.

itaque A X A == B. et A cubus est. sin cubus nu-

merus se ipsum multiplicans numerum aliquem effi-

cit, numerus productus cubus est [prop. III]. ergo

etiam B cubus est. et quoniam quattuor numeri A,

B, r. A deinceps proportionales sunt, et A cubus est,

etiam A cubus est [VIII, 23]. eadem de causa etiam

E cubus est, et similiter reliqui omnes cubi sunt;

quod erat demonstrandum.

X.

Si quotlibet numeri ab unitate deinceps proportio-

Iv Tco Vqp. 16. xat 6 A — 17: yi,ova.8a<f\ mg. m. 1 P.
16. auTw] Tw supra scr. avTw V; tc5 auTw qp. 18. TtETiOLrjy.s

Vqp. o] mg b P , sed corr. m. ].' 20. ioTL Vgj. yiccl 6

B aga xupog iGriv'] om. P. iaTi Y (p. 21. eloL Vqp. 22,

iaiiv] (alt.) iaTi Vqp. 23. ioTL Ycp. 24. OTteq] 6- in ras. cp.

26. tirjg] om. P.
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avdXoyov cjacv, 6 ds ^8xa, xrjv ^ovccda ^r} y
tsxQdycovog, ovd' dkkog ovSelg xsxgdycovog

eCxai %ciQlg xov xqCxov dno xijg ^ovddog xal

xcov iva diaXeLTCovxcov Tcdvxov. Tcal edv 6 ^exd
6 X7JV ^ovdda avpog ^rj fj, ovde dlXog ovdelg xv-

pog eexai xcjQlg xov xexdQxov djtd xrjg fiovd-

dog xal xmv dvo diaXentovxGiv Tcdvxcav.

'E6xco6av djtb fiovddog e^rjg dvdXoyov o6oidr]-

7C0X0VV aQid-fiol 01 v^, B, T, z/, E, Z, 6 de ^exd xr^v

10 ^ovdda A ^ri eaxo xexQdycovog' Xeycj, oxi ovde

aXlog ovdelg xexQayovog e6xai xoQig xov xqlxov dno

trjg ^ovddog [xal xov eva diaXeiJtovxov].

Ei ydg dvvaxov, e0xo 6 F xexQdyovog. ^Cti 6e

ycal 6 B xexQayovog' ot B^ F ccQa iCQog dlXrilovg

15 ?.6yov exovGiv, ov xexQdyovog aQid-^og itQog xsxQd-

yovov aQid^^ov. ytaC e6xiv og b B TtQog xbv P, 6

A TtQog xbv B' ol A, B ccQa jCQbg dXXrjlovg Xoyov

exovOiv, ov xsxQdyovog aQid^fibg TtQbg xsxQdyovov

aQid^fiov' o6xs oC A, B o^ioiOi enCTCedoC siGiv. xaC

20 icxi xexQayovog 6 B' xexQdyovog ccQa iaxl Tcal 6 A'

oTteQ ovx VTtsxeixo. ovx aQa 6 F xexQdyovog iaxiv.

byioCog drj deC^ofiev, oxc ovd' dlXog ovdslg xsxQd-

yovog s6Xi x^Q^^S t^ov xqCxov djtb f^g ^ovddog xal

xov eva diaXeiTtovxov.

25 'AXXd drj ^r] e6xo 6 A Tcv^og. Xiyo, oxi ovd'

8. sarcoGav yccg P. f|^?] in ras. cp. baoidrjTcoTOvv] P;
hnoGoidriTCoxovv BVgj. 10. 6 ^J om. Vqo. Xiyco'] 6 A. Xeyoi

Y cp. 11. X^qCs] nXfjV Ycp. 12. y,al xcov sva dLaXsinovxcov]
om, P. 13. SGXL^ SGxiv P. 15. nQog xsxqaycovov uqlQ^^ov^ m.
rec. P. 16. 6 A^ ovxcog 6 A B. 17. xov] om. B. 18. ccQL&fiovP,
corr. m. 1. 19. aGts — sIgiv] in V deleta (slgl); om. cp. 21.

vnoHSLXUL Ycp. 22. xsxQayoovog sgtl] om. Ycp. 25. ovds Y.
&vds aXXog mg. cp.

1



nales sunt, et unitati proximus quadratus non est, ne

alius quidem ullus quadratus erit praeter tertium ab

unitate et omnes, quicunque uno loco distant. et si

unitati proximus cubus non est, ne alius quidem uUus

cubus erit praeter quartum ab unitate et omnes, qui-

cunque duobus locis distant.

Sint quotlibet numeri ab

unitate deinceps proportiona-

les A, -B. r, ziy E^ Z, et uni-

tati proximus A quadratus

ne sit. dico, ne alium qui-

Z dem ullum quadratum esse

praeter tertium ab unitate.

nam si fieri potest, F quadratus sit. est autem

etiam B quadratus [prop. VIII]. itaque jB, F inter se

rationem babent, quam quadratus numerus ad quadra-

tum numerum. et est B : F= A : B. itaque ^, B
inter se rationem habent, quam quadratus numerus

ad quadratum numerum. quare A, B similes plani

sunt [VIII, 26]}) et B quadratus est. itaque etiam A
quadratus est. quod est contra bypotbesim. ergo F
quadratus non est. similiter demonstrabimus, ne alium

quidem ullum quadratum esse praeter tertium ab uni-

tate, et quicunque uno loco distent.

at A cubus ne sit. dico, ne alium quidem ullum

1) Fortasse lin. 14: ot B, F — 16: ccQi&fiov et lin. 19:

coats -^ elaCv spuria sunt. poterat enim uti VIII, 24 melius
quam VIII, 26 conuersa; cfr. p. 360, 7.
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aXXog ovdslg Kv^og aataL XG)Qlg toi) tetccQtov ano

trig ^iovddog xal tav 8vo dLaXeiTtovtcov.

Et yccQ dvvatov, s0t(o 6 A xv^og. e6tL de xal

r xv^og' tetaQtog yccQ e6tLv a%o r^g novddog. xaL

5 ietLV ag 6 r TCQog tbv zf, 6 B TtQog rov F' xal o

B dga TtQog tov F Xoyov e^eL, ov xv^og TtQog xvfiov.

xaC e6tLv F xv§og' xal 6 B aQa xv^og iatCv. xal

eiteC ictLV cog ^ ^ovdg JtQog roi^ A^ b A JtQog tov

B, 7] de ^ovdg tbv A ^etQet xatd tdg iv avtS fio-

10 vddag, xal 6 A aQa tbv B ^etQet xatd tdg iv av-

rw fiovddag' 6 A aQa eavtbv 7tokka7tla<SLd<Sag xv^ov

tbv B TteTtoCrjxev. idv de aQLd^fibg iavtbv TtokXa-

Ttkaaidaag xvfiov jtOLrj, xal avtbg xv^og e6taL. xv^og

aQa xal 6 A' ojteQ ov% vTtoxeLtaL. ovx aQa 6 z/

15 xv^og iatCv. b^oCcog drj deC^o^ev, oti ovd' dlXog

ovdelg xv^og iatl x*^Q^S tov tetdQtov djtb trjg ^ovd-

dog xal tav 6vo dLakevTtovrov' oTteQ edeL det^aL.

La\

^Edv dno fLovddog OTtoCoLOvv dQLd-^ol i^rjg

20 dvdkoyov (oClv^ 6 iXdttcov tbv [leC^ova ^etQet

xatd tLva tcov vTtaQxovtcov iv totg dvdXoyov
aQLd^^otg.

"E0to6av ditb ^ovddog trjg A oTto^oLOvv dQLd--

fiol e^rjg dvdkoyov ot B, F, ^, E' Xiyo, oti tav B,

26 r, A, E iXdxLCtog 6 B tbv E ^etQet xatd tLva

t(DV F, z/.

'ETtel ydQ ietLV (hg rj A fiovdg itQbg tbv B, ov-

tog 6 A TtQbg tbv E, t^dxig aQa r] A fiovdg tbv B

3. «ffrt] -L in ras. Y, hGtiv P. 6. rov] bis om. B. T]
(alt.) supra tp. 6. aQo] supra m. 1 P. 7. satL Ycp. 8.
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cubum esse praeter quartum ab unitate, et quicunque

duobus locis distent.

nam si fieri potest, sit ^ cubus. est autem etiam

T cubus [prop. VIII]; quartus enim est ab unitate. et

F:^ = B: r. quare etiam 5 ad F rationem habet, quam
cubus ad cubum. et F cubus est. itaque etiam B cubus

est [YII, 13. Vm, 25]. et quoniam esi 1 : A = A : B^

et unitas numerum A secundum unitates ipsius meti-

tur, etiam A numerum B secundum unitates suas me-

titur. itaque erit A X A = B. sin numerus se ipsum

multiplicans cubum effecerit, et ipse cubus erit [prop.

VIJ. itaque A cubus est; quod est contra bypotbesim.

ergo jd cubus non est. similiter demonstrabimus, ne

alium quidem uUum cubum esse praeter quartum ab

unitate, et quicunque duobus locis distent; quod erat

demonstrandum.

XI.

Si quotlibet numeri deinceps proportionales sunt

ab unitate, minor maiorem secundum aliquem eorum

metitur, qui inter numeros proportionales exstant.

Sint quotlibet numeri ab unitate A deinceps pro-

portionales J5, jT, z/, E. dico, ex numeris B, rj z/, E
minimum B numerum E secundum aliquem numero-

rum Fj A metiri.

nam quoniam est A : B = A : E^ A unitas nume-

Tov] om. B. ovrroff 6 B. 14. >ta/] supra m. 1 P. 15.

ovSs Vqp. 20. ^Xccaacav P. 23. otioiolovv P; corr. m. rec.

24. B, rj (prius) in ras. (p. 26. iXcccamv Theon (BV^?). 6]
e corr. V.
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aQid^^ov ^BTQst aal 6 z/ tov E' avakka^ ccqu i0dxu

7] A ^ovag tbv z/ ^stQet xal 6 B tbv E. ri ds A

^ovag tbv z/ ^stQst xata tag sv avta iiovddag' xal

6 B aQa Tov E ^stQst xatd tdg sv ta /i ^ovddag

B Sats 6 sXdGCav 6 B tbv ^SL^ova tbv E ^stQst ocatd

tiva aQid^^bv tcov vTtaQxovtcov sv totg dvdkoyov dQid"'

(lotg.

TIoQL^^a.

Kal (pavsQov, oti rjv sxsl td^LV 6 ^stQ^v aTcb

10 fiovddog, ttjv avtrjv sxsc xal 6 xad'' ov iistQst ditb

tov ^stQovfisvov STcl To TtQo uvtov. — OTtsQ ^dsi dst^ai.

./S'.

^Edv aTtb fiovddog oTtoaoLOvv aQid^^ol s^ijg

dvdkoyov cd^lv^ v(p^ o0(ov dv 6 s^xatog :tQ(6'

16 tcov aQLd^^^v ^stQTJtaL, vjtb t(Jov avtdov xal

TtaQU t^v ^ovdda fistQrjd"i^6staL.

"E<Sto0av aTtb (lovddog oTtodOLdrjTtotovv dQLd^^ol

dvdXoyov ol A, B^ F, /i* Xsyo, otL v(p' o0cov dv 6

^ TtQcotcov dQLd^y^cov ^stQrjtaL^ vnb tdov avtov xal

20 6 y^ ^stQYjd-i^astaL.

MstQsCad^co yaQ 6 z/ vno tLvog Ttgcotov dQLd-^ov

tov E' Xsyco, otL 6 E tbv A ^stQst. ^rj ydQ' zai

ietLv o E TtQcotog, ditag ds TtQcotog aQLd^^bg TtQbg

2. ds A] Ss qp. 4. ra J] uvtm rp. 8. TtOQiGfiu — 11:

TtQO avTov'] om. Theon (BVqp). 8. TtoQiafia] om. P. 11.

inl t6] BCripsi; Mara rov P, avrov] scripsi; avrov mg rov

zf P. 14. oGcov] corr. ex a>v m, rec. P. 15. fisrQeirai

BVqp. 17. oGoibrinorovv BVqp, 18, vno oaco P, v add.

m, rec, 19. (isrQStraL Vqp, 22. rov] xal rov Y cp et, ut

uidetur, B m. rec, iii] yaQ iisrQsirco 6 E rhv A Theon
(BVcp).
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rum 5 efc z/ numerum E aequaliter metitur. itaque

permutando A unitas numerum ^
et B numerum E aequaliter meti-

tur [VII, 15]. uerum A unitas

numerum z/ seeundum unitates ip-

sius metitur. itaque etiam B nu-

merum E secundum unitates nu-

meri ^ metitur. ergo minor B maiorem E secundum

aliquem numerum metitur eorum, qui inter numeros

proportionales exstant.

Corollarium.

Et manifestum est, quem obtineat locum metiens

ab unitate, eandem etiam eum, secundum quem me-

tiatur, ante eum, quem metiatur, obtinere. — quod erat

demonstrandum.

XIL

Si quotlibet numeri ab unitate deinceps proportio-

nales sunt, quicunque numeri primi ultimum metiun-

tur, iidem etiam unitati proximum metientur.

Sint quotlibet numeri ab unitate proportionales

^ Zi
1 j4^ b, r, z/. dico, quicun-

JSi 1 ;
iH que numeri primi nume-

•Tt !
1- 10 rum z/ metiantur, eosdem

ji 1 etiam numerum A mensu-

E ' ros esse.

nam primus numerus E numerum ^ metiatur.. dico,

E numerum A metiri. nam ne metiatur. et E pri-

mus est, omnis autem primus numerus ad omnem
numerum, quem non metitur, primus est [VII, 29].
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1aTtavra, ov ^i] ^etQei, JtQCDtog eOtLV oi E, A ag

TtQcjtOL TtQog dXXrjXovg elaCv. xal ejcel 6 E tov z/

fietQet, (letQeLtcD avtbv Tcata tov Z' b E aQa tbv Z
7toXXa7tXa6Ld6ag tbv /1 TteTtOLrjxev. TtdlLv, iitel 6 A

5 tbv A ^etQet xatd tdg ev ta F ^ovddag, 6 A aQa

tbv r 7Colla7tla6Ld6ag tbv A 7te7t0Lr}7cev. dXkd [ii]v

Tcal 6 E tbv Z 7tok)M7tla6Ld6ag tbv A 7te7tOLrixev' 6

aQa ix tcjv A, F L6og i^tl t(p ix tcov E, Z. e6tLV

ccQa (og 6 A 7tQbg tbv E, b Z 7tQbg tbv F. ol de

10 A, E 7tQc5tOL, OL de TtQcStOL xal iXdxL6tOL, ot de ild-

%L6tOL ^etQ0v6L tovg tbv avtbv koyov e^ovtag l^dmg

te Yiyov^evog xbv rjyoviievov xal b eTto^evog tov

eTto^evov fietQet ccQa 6 E tbv F. ^etQenco avtbv

xatd tbv H' E aQa tbv H 7toXla7tXa6Ld6ag tbv

15 r 7te7tOLr]xev. dXXd iirjv dLa ro 7tQb tovtov xal 6

A tbv B 7toXXa7tXa6Ld6ag tbv F 7te7toCrixev. 6 aQa

ix tmv A, B t6og i6tl ta ix tciv E, H. e6tLv aQa

G)g b A TtQbg tbv E, b H 7tQbg tbv B. ot 8e A^ E
TCQmtOL^ OL 6e 7tQ<BtoL xal iXdxt6tOL, ol de ild%L6t0L

20 aQL^iiol ^etQ0v6L roug rov avtbv Xoyov e^ovtag av-

totg i6dxLg o te rjyov^ievog tbv rjyov^evov xal 6

e7t6^evog tbv e^to^evov ^etQet ccQa 6 E tbv B. ft£-

tQeCtcD avtbv xatd tbv 0' b E aQa tbv TtoXXa-

7tXa6Ld6ag tbv B 7te7toCrjxev. dXXd ^rjv xal 6 A eav-

25 tbv 7toXXa7tXa6Ld6ag tbv B TtSTtoCrjxev 6 ccQa ix tcov

E, @ l'6og i6tl r« uTtb tov A. i6tLV aQa (hg b E
7tQbg tbv A, b A TtQbg tbv &. ol de A, E 7tQatoLy

ofc de 7tQ(DtoL xal iXd^L^tOL, ot de iXd%L6toL ^etQ0v6L

rovg roz^ ai^rov Xoyov e^ovtag L6dxLg o te rjyovfisvog

2. sCgl Vqp. 4. TtETtotrjyiE Vqp. 9. ovrcog 6 Z B. 10.

ot ds iXdxLGtoi] m. 2 B. 11. tov] om. B. 12. ra] in ras. cp.
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itaque E, A inter se prirni sunt. et quoniam, E nu-

merum z/ metitur^ eum secundum Z metiatur. itaque

ExZ = A. rursus quoniam A numerum A secun-

dum unitates numeri T metitur^), erit AxT— A.

uerum ExZ = ^. itaque A X T== Ex Z. ita-

que A : E = Z : T [VII, 19]. uerum A, E primi^ primi

autem etiam minimi [VII, 21], minimi autem eos, qui

eandem rationem habent, aequaliter metiuntur [VII,

20], praecedens praecedentem et sequens sequentem.

itaque E numerum T metitur. metiatur eum secun-

dum H. itaque EX H= T. uerum propter propo-

sitionem praecedentem etiam A X B = T [prop. XI

coroll.]. itaque A X B = EX H. quare

A:E=H:B [VII, 19].

uerum A, E primi, primi autem etiam minimi [VII, 21],

minimi autem numeri eos, qui eandem rationem habent,

aequaliter metiuntur [VII, 20], praecedens praeceden-

tem et sequens sequentem. itaque E numerum B me-

titur. metiatur eum secundum ©. itaque EX0 == B.

uerum etiam A X A = B [prop. VIII]. itaque

Ex© = AXA.
itaque E : A = A : @ [VII, 19]. uerum A^ E primi

sunt, primi autem etiam minimi [VII, 21], minimi

autem eos, qui eandem rationem habent, aequaliter

1) Ex coroll. prop. XI, quod omnino necessarium est ad
definiendum, secundum quotum quisque numerum alium quem-
piam metiatur.

Tjyovfisvcv cp, sed corr. rov riyovfievov^l mg, qp. 13. av-
rco V, sed corr. 20. tov] in ras. qp. 25. 6 aQo.] kaziv

aga oYcp. 26. ©, E B. iatq om. V(p. 27. E, A P. 29.

i'xovrag avxoig Theon (BVqp).
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tbv rjyovfievov xal 6 87t6^svog xbv ejto^svov' ^stQst

aQU 6 E tbv A G}g rjyov^svog 7]yov^svov, aXkcc ^tjv

Kal ov fistQst' 07CSQ ddvvatov. ovjc cCQa ot E, A
TtQcatoi, TtQog dXXri?.ovg sl0lv. (7w^£rot aQa. ot ds

5 Ovvd^stOL V7tb [TtQOJtov] aQL&^ov tLvog ^stQoivtaL.

xal iitsl 6 E TtQ^tog vTtoKSLtaL, 6 ds TtQmtog vTtb

stsQOv dQLd^^ov ov [istQsttai rl v(p' savtov, 6 E ccQa

tovg A^ E ^stQst' G)6ts 6 E tbv A ^stQst. ^stQst

ds xal tbv ^' E aQa rovg A, ^ (xstQst. o^OLcog

10 dr} dsL^OflSV, OtL VCp^ 06(OV dv b ^ TtQCOtCOV dQLxf^-

^Sv ^stQTJtaL, VTtb tcov avtcov Kal 6 A ^stQrjd^rjas-

taL' oTtSQ sdsL dst^aL.

Ly.

^Eav diib ^ovddog oTtoOoiovv dQLd^^ol s^rjg

15 dvd2.oyov coOlv^ o ds ^std trjv iiovdda jtQco-

tog
fj, 6 iisyLOtog vn* ovdsvbg [aXkov] ^stQ}]-

d"i]6staL TtaQs^ tcov vTtaQxovtav iv totg dvd-

Xoyov dQLd^iiotg.

^ "EatcoOav ditb uovd-
1 \A E\ 1

^ f . , ,

20 „ OOg 07t060L0VV aQLd^^Oi

, iP I ^jj
fJ^S dvdXoyov ot A^ B,

, ,j ,
,0 -H ^, o ^^

^«J«
^W i^o-

vdda 6 A TtQcotog sOta'

Xsyco, otL 6 jLsyLOtog avtcov b A v% ovdsvbg dklov

•25 ^stQrid")]6staL TtaQS^ tcov A, B^ F.

El yccQ dvvatov, ^stQStOd-co VTtb tov E, xal b E

2. coff] a>g 6 (p. rov rjyovfievov BVqp. 3. A, E B. 4. sIol

Vqp. aga' ot dh avv&stot] mg. qp. 6. Ttgcotov] om. P. Post

fistgovvtaL add. V mg. m. 2: ot A, E aqa vno TCQoatov tivbs

aQLd^iiov (istQovvtaL; idem B mg. m. 2. 6. xat insL — 7:

suvtov] m. 2 V. 7. fistQrjtaL P, corr. m. rec. 8. Post
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metiuntur [VII, 20], praecedens praecedentem et se-

quens sequentem. itaque E numerum A metitur, ut

praecedens praecedentem. uerum etiam non metitur;

quod fieri non potest. itaque E, A inter se primi non

sunt. ergo compositi. compositos autem numerus ali-

quis metitur [YII def. 14]. et quoniam suppositum

est, E primum esse, primum autem nullus alius nu-

merus metitur praeter ipsum [VII def. 11], ^ nume-

ros A, E metitur. quare E numerum A metitur. ue-

rum etiam A numerum metitur.^) ergo E numeros

A, z/ metitur. similiter demonstrabimus, quicunque

primi numeri numerum z/ metiantur, eosdem etiam

numerum A mensuros esse; quod erat demonstrandum.

XIII.

Si quotlibet numeri ab unitate deinceps proportio-

nales sunt, et unitati proximus primus est, maximum
nullus metietur numerus praeter eos, qui inter pro-

portionales exstant.

Sint quotlibet numeri ab unitate deinceps propor-

tionales A, B, Fj A , et unitati proximus A primus

sit. dico, maximum eorum z/ nullos alios mensuros

esse praeter A, B, F.

nam si fieri potest, metiatur numerus E, neu E

1) Propter expositionis genus (p. 362, 22) uerba lin. 8:

fitTQSc dt xat — 9: fistgeL superuacua sunt, et fortasse sub-
ditiua.

aozB add. xa^ in ras B. 9. xa/^] supra (p. d] (alt.) in

ras. V. 11. ^tzQiCxaL Ycp. 16. ccXXov] om. P.
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}firidF.vL tcov A^ By F €6tca o avtog. cpavsQov dijy otc

o E TtQmtog ovk iativ. sl yccQ 6 E jCQcatog satt oial

fistQst rov z/, xal tov A \istQy\(5si TtQ^tov ovta ^ri

cov avt(p avtog' OTtsQ sOtlv advvatov, ovx ccQa 6

5 E TtQCJtog s6tLV. Gvv^stog aQa. Ttdg ds Gvvd^stog

CCQL^^Og VTtO 7tQ(6tOV tLVOg aQL^lLOV ^StQSLtaL' 6 E
aQa VTtb 7tQ(6tov tLvog ccql^^^ov ^stQsttaL. Xsyo dr,

otL V7i ovdsvbg aXkov TtQcotov iistQr]^7]6staL Ttkr^v

Toi) A. si yaQ vcp' stSQov ^stQsttaL l E, b ds E
10 tbv z/ ^istQst, TiccKstvog ccQa tbv z/ ^stQi]6sL' a6ts

xal tbv A \istQr\6sL TtQcotov bvta \ir\ av avta 6

avtog' oTtsQ s6tlv ddvvatov. 6 A ccQa tbv E \istQst.

xal iTtsl 6 E tbv ^ \istQst, ^istQSLtco avtbv xata

tbv Z. Xsyco, ott 6 Z ovdsvl tcov A, B, F i6tLV

16 6 avtog. sl yccQ 6 Z svl t(Sv A, B, F ictLv 6

avtbg xal \istQst tbv /1 xata tbv E, xal slg ccQa

tcov A, B, r tbv A fistQst xata tbv E. dkka slg

tdov A, B, r tbv z/ [istQst xatd tLva tmv A, J5, F'

xal 6 E ccQa svl tcov A, B, F iattv 6 avtog' ojtsQ

20 ovx vTtoxsLtaL. ovx ccQa 6 Z svl tcov A, 5, F iatLv

6 avtog. ofiOLcog dt] dsL^ousv, otL \istQsttaL 6 Z
VTtb Tof A, dsLXvvvtsg TtdXtv, btt 6 Z ovx ictt TtQco-

tog. si ydQ, xal \istQst tbv z/, xal tbv A \istQ7J6SL

TtQdotov bvta firj coV avta 6 avtog' OTtsQ i6tlv ddv-

2. i<>Ti] iariv P. 3. [ii]^ xai firj cp. 5. icrt Vop.

UKccq B. 6. 6 E aqcc — 7: [iBXQBLxai^ om. BVqp, 1. dri'^

om. Vqp. 8. TtXriv] e corr. V. 10. iietqel] om. Vgj.

13. xai'] m. 2 V. avtcav qp, sed corr. 15. et yccQ — 16:

civzos] m. rec. B. 21. oti — 22: ndXLv] mg. m. 2 B. 22.

oti] oti ov% iatL BVqp. 6 Z — 23: tov J] m. 2 V. 22.

ovH BGti] om. BVqp. 23. 8t yccQ] st yccQ iati TCQcatog BV,
idem qp in mg. 24. iotiv] om. Vqp.
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ulli numerorum Aj B, V aequalis sit. manifestum est

igitur, E primum non esse. nam si' E primus est et

numerum z/ metitur, etiam numerum A metietur [prop.

XII], qui primus est, quamquam ei aequalis non est;

quod fieri non potest. itaque E primus non est. com-

positus igitur. quemuis autem numerum compositum

primus aliquis numerus metitur [VII, 32]. itaque

numerum E primus aliquis numerus metitur. dico,

nullum alium E numerum metiri praeter A, nam
si alius numerum E metitur, E autem numerum

A metitur, ille quoque numerum z/ metietur. quare

etiam numerum A metietur, qui primus est [prop.

XII], quamquam ei aequalis non est^); quod fieri

non potest. itaque A numerum E metitur. et quo-

niam E numerum A metitur, secundum Z metia-

tur. dico, Z nuUi numerorum A^ B, F aequalem esse.

nam si Z alicui numerorum A, B, F aequalis est, et

numerum zt secundum E metitur, etiam aliquis nu-

merorum A, B, F numerum z/ secundum E metitur.

uerum quiuis numerorum A, B, F numerum z/ secun-

dum aliquem numerorum A, B, T metitur [prop. XI].

quare E alicui numerorum A, B, F aequalis est; quod

est contra hypothesim. ergo Z nulli numerorum A,

B, r aequalis est. similiter demonstrabimus, nume-

rum A numerum Z metiri, rursus demonstrantes, nu-

merum Z primum non esse. nam si primus est et

numerum A metitur, etiam A metietur [prop. XII],

qui primus est, quamquam ei aequalis non est; quod

1) Nam si n.umems numeros E, J metiens alicui numero-
rum A, B, r aequalis esset, constaret propositum. idem de

p. 370, 8 dicendum.

Enclides, edd. Heiberg et Menge. II. 24
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vaxov ovK aQci TiQaxog iotiv 6 Z* 6vv%-8tog aQi

aTCag de 6vv^Etog aQi^^ibg vno TtQcotov tivog apti

^iov ^etQsttao' b Z aQa vTtb 7tQc6tov tivbg aQid^^oi

astQettaL. Xsyo) d^, oti v(p' stSQOv TCQccttov ov ^s^

5 tQfjd-ijcSstaL TtXriv tov A. sl yaQ stSQog tig JtQcatog

tbv Z ^stQst, 6 Ss Z tbv z/ ^stQst, xdxstvog ccQa

tbv z/ astQTiCsi' Sots ical tbv A iistQr^6SL TtQcotov

bvta 117] oov avta 6 avtog' otisq s6tlv ddvvatov.

6 A ccQa tbv Z iistQst, xal iitsl 6 E tbv A ^stQst

10 zatd tbv Z, E aQa tbv Z JtoXXa7tXa6uc6ag tbv z/

TtsTtoirjxsv. dXkd ^7]v xal 6 A tbv F TtoXXaTtXaCidcag

tbv z/ TtSTtoLTjxsv' ttQa ix tmv A^ F i'6og iatl ta

ix tdov E, Z. dvdXoyov ccQa i6tlv G>g b A TtQbg tbv

E, ovtog 6 Z TtQbg tbv F. b 8s A tbv E ustQst'

15 xal 6 Z aQa tbv F ^istQst. iistQsCto avtbv xatd

tbv H. bfiOLog di] dsL^o^sv, otL b H ovdsvl toov

A, B i(StLV avtog., xal otL ^stQsttaL vnb tov A.

;<al iitel 6 Z tbv F ^stQst xatd tbv H, b Z aQU

tbv H %olXa7tXa0Ld6ag tbv F 7ts7tOLr]Xsv. dXXd ^r]v

20 xal b A tbv B 7toXXa7tXaaLd(5ag tbv F 7tS7toCr]xsv'

b aQa ix rc5i/ A, B l'6og i6tl ta ix tmv Z, H. dvd-

Xoyov ccQa cbg b A 7tQbg tbv Z, b H TtQbg tbv B.

^stQst ds b A tbv Z' ^stQst aQa xal 6 H tbv B.

^stQsCtco avtbv xatd tbv ®. b^OLcog dr] dsC^o^sv,

25 otL b t(p A ovx s6tLV b avtog. xal i^tsl b H tbv

B listQst xatd tbv 0, 6 H ccQa tbv 7toXXa7tXa6Ld6ag

tbv B 7tS7toCr]XSV. dXXd ^r]v xal 6 A savtbv tioX-

2. anag 8e — 3: (iSXQStTCiL] om. Theon (BVgj). 3. 6 Z
UQa vno nQOixov] 6 a.Qa Z vno TtQcoTOV Vqo; vno nQcozov

uQa B. 4. ov] insert. m. 1 B. 6. de Z] corr. ex Z aQU
m. 2 V.V^ Z] in ras. P. z/] in ras. P. 7. J] seq. ras.
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fieri non potest. ergo Z primus non est. compositus

igitur. quemuis autem numerum compositum primus

aliquis numerus metitur [VII, 32]. itaque numerum

Z primus aliquis numerus metitur. dico^ nullum alium

eum metiri praeter A. nam si alius numerus primus

numerum Z metitur, et Z numerum z/ metitur, ille

quoque numerum z/ metietur, quare etiam numerum
A metietur [prop. XIIJ, qui primus est, quamquam
ei aequalis non est; quod fieri non potest. ergo A
numerum Z metitur. et quoniam E numerum z/ se-

cundum Z metitur, erit ExZ = A. uerum etiam

Axr = J [prop. XI]. itaque A X F = E X Z,

itaque A : E = Z : F [VII, 19]. uerum A numerum E
metitur. itaque etiam Z numerum F metitur. me-

tiatur secundum H. similiter demonstrabimus, nume-

rum H nulli numerorum A^ B aequalem esse, et nu-

merum A eum metiri. et quoniam Z numerum F
secundum H metitur, erit Z X H= F. uerum etiam

AxB = r [prop. XI]. itaque AxB = ZxH
quare A : Z = H: B [VII, 19]. uerum A numerum
Z metitur. itaque etiam H numerum B metitur. me-

tiatur secundum 0. similiter demonstrabimus, nume-

rum numero A aequalem non esse. et quoniam

H numerum B secundum © metitur, erit

Hxe = B.

1 litt. cp. 12. iariv P. 15. [istQSi] iosert. m. 2 B. 16.

ovdsziQa) Theon (BVqp). 21. iarLV P. 22. A] in ras. V.

24'
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2.a7tXa6icc6ag tov B Ttsjtocrjxsv' 6 aga vito 0, H l6og

s6tI rc5 ajtb rov A taxQaycovci. eativ aga mg 6 ®
TtQog tbv A^ A Tt^bg tbv H. iistQst daoA tbv

H' iiBtQst aQa %al 6 ® tbv A TtQcotov ovta ^rj cov

5 avt^ 6 avtog'' oitSQ atoitov. ovx aQa 6 ^syi^tog

z/ vjtb stSQov aQL^^ov iistQrjd"ri0staL TtaQS^ Tt5v

A^ B, F' OTtSQ sdst dst^ai.

id\

^Eav sXdxi^^Stog aQtd-^bg vitb jtQCotcav ccQid^-

10 ^Sv ^stQfjtaL^ V7t ovdsvbg akXov TtQatov ccql^-

liov iistQrid"rJ6staL TtaQS^ tcjv i^ ^Qxrjg ^is-

XQOVVtOV.

'EXdxc^tog yccQ aQLd-^bg 6 A V7tb TtQCcttov dQL%^-

^OV TCOV 5, r, A \LStQSL6^Gi' XsyCO, OtL 6 A VTt ov-

15 dsvbg dkkov JtQOtov aQLd^^iov iistQrjd^rjastaL TtaQsh,

tov 5, r, ^.

El yaQ dvvatov, iistQSLG&co vnb TtQcotov tov E,

xal 6 E ^rjdsvl tSv B, F, ^ s6tci) 6 avtog. xal

iTtsL 6 E tbv A {LStQSL, fistQSLtci avtbv xatd tbv Z*

20 6 £J aQa tbv Z itoXXanXaaLdciag tbv A TtsTtotrjXSv.

xal iistQsttat A vnb TtQcStav dQLd-^wv tcjv B, F,

z/. idv ds dvo aQi&^OL 7toXXa7tla6Ldaavtsg dXXri'

Xovg 7tOLco6L tLva, tbv ds ysvo^svov «J avtav ^stQtj

r^g 7tQcatog dQtd-^og, xal sva tcov i^ dQxrjg ^stq7]6sl'

2b oC B, r, A aQa sva tmv E, Z ^stQrjaovOLv. tbv

1. vTio] Ix xmv Theon (BVgj). 3. 6] (prius) supra m, 1 P.

4. tov A] xov xov A cp, sed corr. 7. otisq sSsl dst^cci] om. B.

10. TCQcoxov] om, B. 14. B] post raa. 1 litt. V. 15. ncc-

Q8^] in hoc uocabulo incipit Paris. 2344 fol. 166 (q). 19.

y,c(l yicctd. Y cp , xat del. V. 20. aga tov Z] insert. m. 1 B.

TCETioirj-iiS Yqp<l. 21. vno] vno tmv P. 22. noXvnlaGtd-
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uerum etiam Ax A = B [prop. VIII]. itaque

®XH==AXA.
quare erit [VII, 19] @ : A = A : H, uerum A nume-

rum H metitur. quare etiam @ numerum A metitur,

qui primus est, quamquam ei aequalis non est; quod

absurdum est. ergo maximum z/ nullus alius nume-

rus metietur praeter^) Ay B, F; quod erat demon-

strandum.

XIV.

Si primi aliqui numeri numerum quendam mini-

mum metiuntur, nullus alius primus numerus eum

metietur praeter eos, qui ab initio metiuntur.

Nam primi numeri 5, JT, z/ numerum A mini-

mum metiantur. dico, nullum alium primum nume-

rum A numerum mensurum esse praeter B, Fj A.

nam si fieri potest, metiatur primus numerus E^

I \A \ iB neue E ulli numerorum 5, P, A
lE I iF aequalis sit. et quoniam E nu-

iZ I \A merum A metitur, secundum Z
metiatur. itaqueExZ= A. et numerum A primi nu-

meri B, F, A metiuntur. sin duo numeri inter se multi-

plicantes numerum aliquem efficiunt, et numerum ex

iis productum primus aliquis numerus metitur, etiam

unum eorum, qui ab initio sumpti sunt, metietur

[VII, 30]. itaque B, JT, z/ alterutrum numerorum E,

1) li autem metiuntur propter prop. XI.

accvTeg q. 23. ybBXQBi q. 25, ^] m. 2 V. xmv'] corr. ex
Tto V. yi^BXQrioovGt, PVqpq.
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^8V ovv E ov ^EtQri6ov0LV' 6 yccQ E TtQarog £(ji

Tcal ovdsvl tav B, F, ^ o avtog. tov Z aga ^etQov-

0LV iXd66ova ovta tov A' oneQ ddvvatov. 6 yaQi

A vitoKeitai ildxt^^tog vtco tcjv B, JT, A ^etQOv^evog.

5 ovx ccQa Tov A netQrjCeL jtQCJtog aQtd-^og JtaQe^ tcov

B, Fy A' OTteQ edei det^at.

is .

'Eav TQetg aQid-^ol e^ijg dvdXoyov d}6iv iXd-

%L6toi tav tov avtbv loyov ixovtov avtotg,

10 dvo OTtOLOiovv 6vvted-evteg itQog tov XotTtov

TtQCOtOL el6LV.

"E6tcj6av tQetg aQLd^nol e^ijg dvdkoyov ildxL6toi

tcav tbv avtbv Xoyov ixovtov avtotg oC A, B, F'

Xeyo^ otL tov A^ B, F dvo bitoLoiovv 6vvted-evteg

15 TtQbg tbv XoLTtbv jtQotOL et6LVy ot ^iev A, B TtQbg tbv

r, OL de B, r TtQbg tbv A xal ett oC A, F TtQbg tbv B,

ELli](pd-o6av yccQ iXdx^StOL dQLd^iioi rcoi/ tbv av-

tbv loyov ixbvtov totg A, B, F dvo oi z/£J, EZ.
(paveQbv drj, oti 6 (ilv AE eavtbv 7Cokka7tla6Ld6ag

20 tbv A TtejtOLrjxev , tbv de EZ 7toXXa7tla6Ld6ag tbv

B TteTtoLrjxev, xal hi 6 EZ eavtbv 7tokXa7tka6Ld6ag %

tbv r TCSTCotrjxev. xal iTCel ot AE, EZ ikdxi^toC ei6LV, \

7tQotOL TtQbg dkkrilovg el6Cv. idv de 6vo aQLd^^ol

TtQotOL 7tQbg dkkrjkovg o6lv, xal 6vva^(p6teQog 7tQbg

26 exdteQOV 7tQC3t6g i6tLV' xal b /dZ ccQa 7tQbg exdteQOv

1. (iSTQriGovai Vqp; iiSTQOvaiv B. iariv P. 2. (iBZQ^q-

aovaiv Vqp. 3. otzeq saxCv BVqp. 7. if'] om. cp. 9, tco»']

om. qp. 10. onoaoiovv q et supra scripto onoiovv B. 13

Exovxoiv Xoyov cp. 14. Xfyca., ort tcov A^ B, F] mg. m. 1 q).

Tcov A^ Bj r] om. B, m, 2 V. dvo] om. B. onoaoiovv q
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Z metientur. E quidem numerum non metientur;

nam E primus est nec ulli numerorum B^ F, z/ aequa-

lis. itaque numerum Z metiuntur, qui minor est

numero ^; quod fieri non potest. nam suppositum

est, numerum A minimum metiri numeros B, F^ ^.

ergo nullus primus numerus numerum A metietur

praeter B, F, z/; quod erat demonstrandum.

XV.

Si tres numeri deinceps proportionales sunt mini-

mi eorum, qui eandem rationem habent, duo quilibet

coniuncti ad reliquum primi sunt.

Sint tres numeri deinceps proportionales minimi

eorum, qui eandem rationem habent, Jl, B, F. dico,

numerorum A, B, F duos quoslibet coniunctos ad

reliquum primos esse, A -\- B didi F, B -\- F didi A,

^ + rad5.
sumantur enim minimi eo-

A 1 I IJB

rum, qui eandem rationem ha-

z/ E bent ac A, B, jT, duo numeri ^E,
' ' '^ EZ [VIII, 2]. manifestum igi-

tur est, esse

JE X JE = A, AEXEZ = B, EZxEZ== T
[VIII, 2]. et quoniam AE, EZ minimi sunt, inter

se primi sunt [VII, 22]. sin duo numeri inter se

primi sunt, etiam uterque simul ad utrumuis pri-

mus est [VII, 28]. quare etiam z/Z ad utrumque

et supra scr. otiolovv B. 16. A] corr. ex J cp. A, F]
r, A P. 20. TtsnoLTjyiS Vqpq. 21. nsTCOirjyis Vqpq. IVt 6]
in ras. V. 22. TcsnoLrjyis Vgjq. sIgl Vqoq. 24. aoi Vqpq.
25. ioTL Vqpq.
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xav ^E, EZ jtQcotog i^xiv. akXa ^rjv xal 6 ^E
JiQog rov EZ TtQCJtog ictiv oC z/Z, zJE aqa Jt^og

Tov EZ TtQcotOL aiGiv. iav ds dvo «ptO-^aot TtQog ttva

aQLd^^ov 7tQ(QtOL C06LV, xal 6 i^ avtwv ysvouevo^

5 TtQog tov XoLTtov TtQCJtog iotLv' Sots 6 ix tcov Z/i^

AE TtQog tov EZ jtQOJtog i6tLV' m6ts xal 6 in tcov

ZzJ, ^E TtQog tov ccTto rov EZ TtQCJtog i6tLi. [iav

yccQ dvo ccQLd^^ol TtQcotoL TtQog ccXXriXovg co6lv, 6 iic

Toi) ivbg avtcov ysvo^svog TtQog tbv loLitov TiQcotog

10 i0tLv]. «AA' 6 ix tdov Z^, zfE 6 aito tov ^E i^ti

[LSta tov ix toov /JE, EZ' 6 aQa ano tov JE ^stci

tov ix tcov /JE, EZ TtQog tov ccTtb roi> EZ TtQcotog
;

i6tLV. Kai ictLv 6 ^sv anb roi) ^E 6 A, 6 ds ix

tcov /JE, EZ 6 B, 6 ds ccTtb tov EZ 6 F' ol A^ B
15 ccQa 6vvts^svtsg itQbg tbv F TtQootoL siCLV. onoLoog

drj dsL%o^sv, otL Tcal ot B, F TtQbg tbv A TtQCotoC

sIclv. Isyco drj, otL xal ol A, F TtQog tbv B jtQcotoi

SL0LV. iitsl yciQ b /JZ TtQbg szdtsQov t^v /J E, EZ
TtQcotog i6tLV, xal 6 artb tov ^Z itQbg tiv ix toov

20 2lE, EZ TtQcotog iaxLV. aXXa re5 djtb rov ^Z i'60L

siolv OL dnb tcov z/jEJ, EZ ^std roi; dlg ix toov /JE^

EZ' xal OL ditb tcov z/JS, EZ ccQa [istd rov 6\g

vTtb tSv /J E^ EZ TtQbg xbv vTtb tcov AE, EZ TtQoo-

toC [s16l'\. dLskovtL 01 drcb xoov /JE, EZ ^sxd xov

2. ngcoTOi sIgl TiQog xov EZ Vqp. nqoq xov EZ] om. B.^ 3.

bIgk^. idv ds — 5: ngaTog iGtLv] om. Theon (BVgjq). 5. aare]

v.cii Theon (BVqpq). Zz/] z/Zqpq et in ras. V. 6. z/E aqa
Theon (BVqpq). 6. (ogxe kul — 7: nQaxog iaxiv] om. Theon
(BVgjq). 8. ya>] di Theon (BVqpq). ^ ix] aTtd Theon
(BVqpq). 10. sGXLv'] add. Theon: coGxe i-n xav Zz/, JE
Kal nQog xov dno xov EZ nQaxog iaxLV (BVqpq). aXXcc P.

icxLV PVg?. 11. £x] vno q et supra scr. m. 2 V. 6
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JE, EZ primus est. uerum etiam ^E ad EZ pri-

mus est. itaque z/Z, ^E ad EZ primi sunt. sin

duo numeri ad numerum aliquem primi sunt, etiam

numerus ex iis productus ad reliquum primus est

[VII, 24]. quare Zz/ X ^E ad EZ primus est.

quare etiam ZAX ^E ad EZ'^ primus est [VII, 25].^)

uerum ZJ X ^E = z/E^ -\- ^E X EZ [II, 3].

itaque z/E^ + ^E X EZ ad EZ^ primus est. et

^E^ = A, /iE X EZ = B, EZ^ == T. itaque

A -{- B 3.d r primi sunt. similiter demonstrabimus,

etiam 5 + P ad A primos esse. iam dico, etiam

A -{- r Sid B primos esse. nam quoniam z/Z ad utrum-

que zfEj EZ primus est, etiam z/Z^ ad ^Ex EZ
primus est [VII, 25]. uerum [II, 4]

z/Z^ = ^E^ + EZ^ + 2^EX EZ. quare etiam

erit ^E^ + EZ^ + 2z/^X EZ ad ^E X EZ pri-

mus. subtrahendo ^ E^ + EZ^ + ^E X EZ ad

1) Lin. 7: sdv — 10: bgtlv suspecta sunt, quia praepostere
causam subiiciunt; praeterea iis deletis id quoque adipiscimur,
ut origo scripturae Theonis facilius explicari possit.

aga — 12: zfE, EZ] m. 2 B. 12. tcov] corr. ex xov tp.

13. iGTiv'] (prius) iGTi Vqpq; seq. in qp: xat sGti, sed delet.

17. stGL Vqp. Xiyca — 18: atGLv] om. q. 19. xat] August;
coGzE Y.aX PBVqp; 6 dno xov /iTj iGVLV 6 KE 6 dh vno tcav

JE, EZ 6 ST wGt£ v.aL q. ^x] P; vno Theon (BVqpq). 21
t)t] P; vno Theon (BVgjq). 22. itat ot] Y.a\ o q; ot apa
q) et eraso i V. apa ju,£Ta — 23: tov vno tiov z/E, EZ]
m. 2 B. 22. apal om. Vqp. 23. vjrol ix Bq. vjto tcovJ

v;rd Bq. nQcatos iotLV q. 24. bIgl\ om. P. ot] 6 Bq.
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ccTCa^ vTtb ziE, EZ tcqos tov vtio z/£, EZ tcq^xoC

£i6lv. bxv diekovxL ol ccTtb tc5v ^E, EZ ccQa TtQog

TOl' VTCO ^E, EZ TCQCJtOL £L6LV. KttL e6tLV 6 ^£V

ano tov zJE 6 A^ 6 61 vtco tcov zlE^ EZ 6 B, 6

5 dh djtb roi) EZ o F. ol A^ F ccga evvtad^evtsg TCQog

tOV B TCQCOtOL €L0LV' 07C£Q £d£L d£L^aL.

^Eav dvo^ ccQL^^iLol TCQCJtoc TCQog dlXi^Xovg

C30LV, ovK £6taL G) g 6 TCQCotog TCQog tbv d£Vt£-

10 Qov, ovtog 6 d£vt£Qog JCQog alkov tcvd.

z/vo yaQ dQLd-}iOL ol A^ B jCQatOL JCQog dkXi]Xovg

£6tc30av' ^£yc3, otL ovx i6tLV (og 6 A TCQog tbv B.

ouTog 6 B TCQbg akkov tcvd.

El yaQ dvvatov, £6ta) dtg b A TCQbg tbv 5, 6

15 jB TCQbg tbv r. OL d£ A, B JCQCJtOC, Ot d£ TCQCOtOC

xal ikdxLCtOL^ OL d£ £Xd%LOtOL dQL^iiol ^£tQov6L tovg

tbv avtbv Xoyov £%ovtag L6dxLg o t£ i]yov^£vog tbv

riyOV^£VOV TCal 6 £7c6^£VOg tbv £7C6^£V0V' ^£tQ£L CCQa

6 A tbv B cog r]yov^£vog rjyov^£vov. ^£tQ£L 61 zal

20 iavtbv 6 A ccQa tovg A^ B ^£tQ8L TCQcotovg bvtag

JCQbg dkki^Xovg' 07C£q dtOTCov. ovx aQa £6taL cog b A
TCQbg tbv Bf ovtcog 6 B 7CQbg tbv F' 07C£q £d£L d^t^aL.

^Edv oj(jLV oGoLdrj^cotovv dQcd-^ol i^ijg dvd-

1. v«o] vno rmv Y cp (bis). TtQmrog iazLv Vqpq. 2. ot] 6 q.

3. vno tav V. TtgooTog sati Vqoq. 5. «Trd] vno Bcp, V m. 1

(corr. m. 2). tov] tav Y q). 7. i?'] hinc rursus incipit F.

8. 8vo'\ m. 2 F. 14. 6] (prius) rj cp (non F). 17. ixovtag ccv-

totg Y. Tf — 18: f^rd/xsvor] om. Theon (BFVq). 18.
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JE X EZ primus est.^) et rursus subtrahendo

JE^ + EZ^ ad Z/ExEZ primus est. et

z/£2 = ^^ ^EXEZ = B, EZ^ = r,

ergo j4 -{- r 3id B primi sunt; quod erat demon-

straudum.

XVI.

Si duo numeri iuter se primi sunt, non erit ut

primus ad secundum, ita secundus ad alium aliquem.

Nam duo numeri A, B inter se primi sint. dico,

non esse, ut A ad B^ ita B ad alium aliquem nu-

merum.

Nam si fieri potest, sit ^ : -B = jB : n uerum

A, B primi sunt, primi autem etiam minimi [VII, 21],
' 1^ minimi autem numeri eos, qui eandem

'B rationem habent, aequaliter metiuntur
1 \r [VII, 20], praecedens praecedentem et se-

quens sequentem. itaque A numerum B metitur ut

praecedens praecedentem. uerum etiam se ipsum me-

titur. itaque A numeros A, B metitur, qui inter se

primi sunt; quod absurdum est. ergo non erit

A : B = B : r-^ quod erat demonstrandum.

1) Hoc ita demonstrat Commandinus fol. 114: ai

JE^ -{- EZ^ -\- JExEZ ad JExEZ
primus non est, metiatur eos x. ergo etiam metietur
^£2 + EZ^ -j- 2JE X EZ et z/E x ZE. at ii inter

primi sunt. eodem modo de lin. 2 — 3 ratiocinandum.

ft£Tp€t] om. F. aqa 6 A] ccga BA cp. 19. rov B (istqslF.
xov riyovfievov F. kccl'] insert. m. 1 V. 20. sccvxov] corr.

ex ccvzov B. 21. ccTOTCov iaziv V. sazat] om. V, sgzlv Bq.
22. tov B laziv V. 24. oaoLdrjnozai cp (non F).
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Koyov^ ot ds aKQOL avrSv TtQcoroc TtQog akXii

kovg GiGiv^ ovx £6rai, (og 6 TtQcorog JiQog rbv

devrsQOv, ovrcjg 6 £0%arog JtQog aXXov ruvd,

"Ecrco^av oOoidriTtorovv aQtx^^ol ilijg dvdXoyov

5 ot A, B, r, z/, ot de axQOL avrcov ot ^, z/ TtQCorot

TtQog dXkYilovg eCrco0av' Xayco^ ort ovx £6rLV (og 6

A TtQog rbv Bj ovrcog 6 A itQog dXXov rivd.

Ei yccQ dvvarov, sCrco (hg b A itQbg rov 5. ov-

rcog A itQbg rbv E' svaXXd^ aQa iarlv (hg o A
10 JtQbg rbv A, 6 B TtQbg rbv E. ot ds A, A TtQdoroi,

01 6 8 JtQcorot ical iXd%L0roL^ ot 8e iXd^t^roL «pt-O-ftol

HsrQovOL Toi^g Tov avrbv Xoyov exovrag i^aKLg o rs

fjyov^svog rbv rjyov^evov xal 6 ino^evog rbv ino-

^evov. iierQel aQa 6 A rbv B. xai iorLV (og o A
15 TtQbg rbv B, b B TtQog rbv F. Tcal 6 B aQa rbv F

^erQet' Sore xccl 6 A rov F fierQet. xal ijtet ifSriv

(og b B JtQog rov Fj 6 F TtQog tov A, ^erQet d\ o

B Tov P, iierQet aQa Tcal 6 F rbv A. dXX^ 6 A
Tot' r i^erQet' co6re 6 A xal rov A \ierQet. ^erQet

20 ^£ xcd iavrov. 6 A ccQa Tovg Ay A ^erQet TtQcorovg

ovrag TtQog dXXijXovg' oneQ icrlv ddvvarov. ovx aQa

e6raL (og 6 A itQbg rbv B, ovrcog 6 z/ TtQog dXXov

rLvd' oneQ idei det^aL.

L7]\

25 Avo dQLd^^dov dod^evrcov iTtL^Ketl^aijd^aLj el

5. z/] (alt.) corr. ex B F. 8. ror] om. F. 9. ^tCv]
om. V. 11. api-S^iLiot] om. V. 12. Bxovtag avzoig V. 15.

xat] m. 2 F. 16. A] e corr. V. 17. 6] (tert.) ro cp. 19.

sfistQSL'] P, (istQSL Theon (BFVq). Deinde add. B: aats 6 A
tov r fiszQSL, sed del. m. 1. 6 A itat] tial 6 A F', b A q.

liBtQsi:] (prius) om. F. 22. z/] Bqp (non F).
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XVII.

Si quotlibet numeri deinceps proportionales sunt,

et extremi eorum inter se primi sunt, non erit ut

primus ad secundum, ita extremus ad alium aliquem.

, i^ I i_g
Sint quotlibet numeri

, ij»
deinceps proportionales A^

, ,j £ B, r, /1 , et eorum extremi
'

' A, z/ inter se primi sint.

dico, non esse, ut ^ ad 5, ita z/ ad alium aliquem.

Nam si fieri potest, sit A : B = ^ : E. itaque

permutando A : J = B : E [VII, 13]. uerum A, /1

primi sunt, primi autem etiam minimi [YII, 21],

minimi autem numeri eos, qui eandem rationem ha-

bent, aequaliter metiuntur [VII, 20], praecedens prae-

cedentem et sequens sequentem. itaque A numerum
B metitur. est autem A : B = B : T. quare etiam

B numerum T metitur [VII def. 20]. itaque etiam

A numerum T metitur. et quoniam est B:T= T: z/,

et B numerum T metitur, etiam T numerum z/ me-

titur [VII def. 20]. uerum A numerum T metiebatur.

quare etiam numerum A metitur. uerum etiam se

ipsum metitur. itaque A numeros A, /1 metitur, qui

inter se primi sunt; quod fieri non potest. ergo non

erit ut y^ ad J5, ita z/ ad alium aliquem; quod erat

demonstrandum.

XVIII.

Datis duobus numeris, num fieri possit, ut tertius

eorum proportionalis inueniatur, inquirere.
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dvvazov 8(5tLV avtotg XQitov avdXoyov Ttgoa-

SVQStV.

"Eatc)6av 01 dod^evtsg dvo aQid-^ol oC A, B, xal

dsov satco S7tL6Ksipa6d^aL, sl dvvatov sGtiv avtotg

5 tQitov avdXoyov jtQO0svQstv.

OC drj A^ B TJtoi jtQcotOL TtQog dl^i^Xovg siclv rj

ov. Kal si TtQCJtOi TtQog dXkriXovg si^iv^ dsdsiKtai^ otL

ddvvatov s<5tiv avtotg T()trov dvdXoyov 7tQo6svQstv.

^AKXd dij iiri s6zcj6av oC A, B TtQojtoL TtQog dkXri-

10 ^ovg^ Kal 6 B savtov TtoXkaitXaeLaaag tov F noL-

SLto. 6 A drj Tov r rjtOL ^StQSt 7] OV ^StQSt. fi£-

tQSLto TtQotsQOv Tiatd Tov ^' 6 A ccQa tbv A TtoXXa-

TtXaoldoag tbv F TtSTtOLrjKsv. dXXd iirjv Kal 6 B
savtbv 7tolXa7tla6Ld6ag tbv F TtsjtOLrjxsv 6 aQa sk

15 tcav A, A l'(5og s6tl ttp d^tb tov B. s6tLv ccQa ag

6 A TtQog tbv B, 6 B itQbg tbv A' totg A, B ccQa

tQLtog dQLd-^bg dvdXoyov 7tQO0r}VQrjtaL 6 z/.

^Alld dr] yiri ^stQsCtca 6 A tbv F' Xsya^ otL totg

A, B ddvvatov s6ti XQLtov dvdXoyov 7tQ06svQstv

20 dQLd^^ov. SL y€CQ dvvatovy 7tQ06rivQri6^Gi 6 A. o

ccQa SK tojv A^ A i'6og i6tl ta d^tb tov B. 6 ds

dTtb TOt» B £6tLV 6 F' 6 aQa sk tov A^ A l'6og s6tl

ta r. m6ts 6 A tbv A 7toXla7tXa6Ld6ag tbv F Tts-

7toCr^KSV' 6 A ciQa tbv F ^stQst Katd tbv A. dXXd

26 }irjv vTtOKSLtat Kal ^r^ ^stQooV OTtSQ dt07tov. ovk

^aQa dvvatov i6tL totg A, B tQCtov dvdXoyov 7tQ06-

evQstv aQid-^bv, otav 6 A tbv F ^rj ^stQrj' 07t£Q

sdsi dsth^at.

i

4. STtLOisipaaa cp (non F). 6. Ss qp (non F). nqcoToi.]

postea add. B. 7. yial sl] P, xal sl (isv F; st ^sv ovv BVq.
siatv] comp. F; slol PVq. Post dsdsiycxui add. F: „£v xco
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Sint dati duo numeri ^, B, et propositum sit,

ut inquiramus, num tertius eorum proportionalis in-

ueniri possit.

Numeri ^, B igitur aut inter se primi sunt aut

non primi. et si inter se primi sunt, demonstratum

est, tertium eorum proportionalem inueniri non posse

[prop. XVI]. uerum ne

i^
I

! sint A, B inter se primi,

iB r et sit B X B = r. A
I 1

igitur numerum F aut me-

j
titur aut non metitur. prius eum secundum Zl metiatur.

itaque A X d = F. uerum etiam B X B = F.

itaque A X A = B\ quare A: B = B: A [VII, 19].

ergo numerorum A, B tertius proportionalis inuentus

est ^.

j
Uerum ne metiatur A numerum JT. dico, nume-

f
rorum A, B tertium proportionalem inueniri non posse.

nam si fieri potest, inueniatur z/. itaque

AXA = B' [VII, 19];

sed B^ = r. itaque A X A = F. quare A nume-

rum A multiplicans numerum F effecit. itaque A
numerum F secundum z/ metitur. at supposuimus,

eundem non metiri; quod absurdum est. ergo fieri

non potest, ut numerorum A^ B tertius proportio-

nalis inueniatur numerus, si A numerum F non

metitur; quod erat demonstrandum.

L? &£coQri(iatL^^. 11. ijroi] supra m. 1 P. 12. nqoTSQOv
xov r F. 15. dno] iyi V. 17. TiQOGsvQritciL BFq. 19.

dvdXoyov] om. V. 20. aQLd^^ov dvdXoyov V. TtQoaevQT^Gd^co

BFV. 26. ioTLV P. 27. A] B q. (ietqel q. dnsQ tdEL

6ei'E,aL] om. BFq.
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Tqlcdv ccQid^^cov dod^evrov iTtLGxsipaad^aL,

Ttors dvvarov 86riv avrotg riraqrov avdloyov
7tQ0(3£VQ6iV.

6 "E^raaav ot dod^svrsg rQstg aQid-^ol oi A, B, F^

xal dsov s6ro STti^Ksipaad^ai, itors dvvarov ianv av-
,

rotg rsraQrov avdloyov itQoasvQstv.

"HroL ovv ovx siaiv s^rig dvdXoyov, xal Oi dxQOi

ai;Tc5v TtQCjroi TtQog dXXijXovg slaCv^ r/ i^TJg slaiv

10 dvdXoyov^ xal ot dxQOi avrcov ovk slai TtQcoroi TtQog

dXl7]Xovg, 7] ovrs s^ijg slaiv dvdXoyov, ovrs oC dxQOi

avrav JtQoroi TtQog dXXijXovg £t(?tV, rj xal s^rjg slaiv

dvdXoyov, xal oi dxQOi avrcov TtQOjroi itQog dXXr^Xovg ^
eiaCv. 11

15 Ei ^sv ovv 01 A, 5, F s^rig siatv dvdXoyov, xal

oC dxQOi avrojv oC A, F TtQoiroi TtQug dXXrjXovg siaCv,

dsdsixrai, ort ddvvarov ianv avrotg riraQrov dvdXo-

yov TtQoasvQstv dQid^fiov, firj ^aroaav drj oC A, B, F
i^rjg dvdXoyov rcjv dxQov jtdXiv ovrcjv TtQorov TtQog

3. n6xE\ eI Theon (BFVq). 6. TroTf] s ^ Theon (BFVq).
8. rixoL ovv\ scripsi; ^ P; oi 8r] A, B, F Theon (BFVq),
P mg. m. rec. ovx sIclv i^^g] rjxoL f^r/s sIglv Theon (BFVq).
oi]^ om. V. 9. avxmvoi A, T Theon (BFVq). rj strjg — 13:

ngbg dXXr^Xovg staCv] r/ ov Theon (BFq, in ras. V). In V in

mg. magna ras. est. 15. xal sl F. xat] m. 2 V. 16.

slaC Vq. 18. fir} S6x(06av — p. 386, 19: 6 yaQ B] s£ ds ov,

6 B Theon (Fq; idem B (ovx sapra) et V (sl 8s ov eras.)).
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XIX.

Datis tribus numeris, quando fieri possit, ut quar-

tus eorum proportionalis inueniatur, inquirere.

Sint dati tres numeri A, B, F, et propositum sit,

ut inquiramus, quando quartus eorum proportionalis

inueniri possit.

Itaque aut non sunt deinceps proportionales et

extremi eorum inter se primi sunt, aut deinceps pro-

portionales sunt et extremi eorum inter se primi non

sunt, aut neque deinceps proportionales sunt nec

extremi eorum inter se primi, aut et deinceps pro-

portionales et extremi eorum inter se primi.

lam si A, B, F deinceps proportionales sunt et

extremi eorum A, F inter se primi, demonstratum

est, quartum eorum proportionalem inueniri non posse

[prop. XVII]. ne sint igitur A, B, F deinceps pro-

portionales extremis rursus inter se primis manenti-

bus. dico, ne sic quidem quartum eorum proportio-

nalem inueniri posse.^) nam si fieri potest, inueniatur

1) Hoc quidem falsum esse, quis non uidet? uerum dedit
scholiasta Uaticanus (u. adn. crit); erroris originem indicauit

August II p. 351. neque enim E inueniri potest (p. 386, 4)

inuento zf. sed quod idem scripturam Theonis recepit, male
rem egit; ea enim propositioni plene minime respondet. equi-

dem ut adfirmare non ausim, Euclidem talem errorem com-
misisse, ita scripturam codicis P retinendam puto

,
quia aper-

tissime sic iam Theonis temporibus ferebatur (ideo enim ipsum
eam mutauit), nec habemus, qno modo aliqua saltem probabili-

tate restituatur, nam Campanus (siue potius Arabes) liberrime,

ut solet, locum mutauit. habet IX, 20: „datis tribus nume-
ria continue proportionalibus, an sit aliquis quartus eis con-

tinue proportionalis inquirere". deinde: „idem potes perscru-

tari quotlibet continue proportional. propositis."

Euclidea, edd. Heiberg et Menge, 11. 26
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aXlriXovg. Xeyco, oti xal ovtcog ddvvcctov iijtiv av-

totg tataQtov avdXoyov TtQoGevQStv. ai ydq dvvatov,

itQO^evQYia^m 6 z/, Saze alvau dig tov A TCQog toi' 5,

Toi' T JtQog tbv z/, ocal yeyoveta G)g 6 B TtQog tov

5 r*, 6 z/ TtQog tbv E. xal eiteC e6tLv ag ^iev 6 A
TtQog tbv By 6 r TtQog tbv z/, ag de 6 B TtQbg tbv

r, 6 ^ TtQog tbv E^ 8l tcov ccQa Sg 6 A TtQbg tbv

r, b r TtQbg tbv E. oC de A, F TtQcotot^ ot de TtQCj-

tOL xal ekdii6toi^ ot 8e ekdxLGtov ^etQOvCt Tovg toz^

10 avtbv Xoyov e%ovtag o te rjyov^evog tbv riyov^evov

y.al 6 eTto^evog tbv eTto^evov. ^etQet ccQa 6 A tbv

r (og riyov^evog r^yov^evov. ^etQet de xal eavtov

6 A aQa tovg A, F ^etQet TtQcatovg ovtag TtQog dXXr\'

Xovg' oTteQ iatlv ddvvatov. ovx ccQa totg A, B, F
15 dvvatov ictL tetaQtov dvdkoyov 7tQO<5evQetv.

^AXkd drj TtdXtv eCtaCav ot A, B^ F e^rjg dvd-

Xoyov, OL de A, F ^rj eCtcaCav TtQCJtoL TtQbg dXXi]-

Xovg. Xeyco, otL dvvatov iattv avtotg tetaQtov dvd-

Xoyov TtQoOevQetv. 6 yaQ B tbv F TtoXXajtXaiSLdaag

20 rbv A TtoLeLto' l A aQa tbv z/ ^Vot ^ezQet 7] ov

lnetQet. ^etQeCto avtbv jtQoteQOv xatd tbv E' 6 A
aQa tbv E TtoXXaTtXaCidcag tbv A JteTtoCrjxev. dXXd

^rjv Tial 6 B tbv F 7toXXa7tXa0Ld6ag tbv z/ TtejtoCrjKev

6 aQa ix tav A, E l'0og i6tl tc5 ix tcov B, F, dvd-

25 Xoyov ccQa [ictlv^l ag 6 A TtQbg tbv B, 6 F TtQbg

tbv E' totg A, B, r ccQa tetaQtog dvdXoyov TtQOC-

rivQr^taL 6 E.

^AXXd dr} ^rj ^etQeCta 6 A tbv A' Xeycj, otL d6v-

1. Post dXXriXovg adcl. inP: (y XiYco, ozi xorl ovt&j? dvvatov
st yocQ o A xov vno B , F fistQsty itQo^riGsrai 17 dsii,Lg ofioicoq

rots s^rig. sl 8s ov nstQSi o A xbv vno B, JT, ttdvvatov
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z/, ita ut sit A:B == r.^, et fiat 5 : T= z/ : E.

et quoniam est A . B = F : J , ei B \ F= ^ : E, ex

^ ^

aequo erit A:r= TiE [VII, 14].

^

sed ^, F primi sunt, primi autem

„ etiam minimi sunt [VII, 21], mi-

nimi autem eos, qui eandem rati-

P onem liabent, metiuntur [VII, 20]

praecedens praecedentem et se-

quens sequentem. itaque A numerum F metitur ut prae-

cedens praecedentem. uerum etiam se ipsum metitur.

itaque ^ numeros ^, F metitur, qui inter se primi

sunt; quod fieri non potest. ergo numerorum ^, B,

r quartus proportionalis inueniri non potest. at rur-

sus numeri A, B, F deinceps proportionales sint, ne

sint autem Ay F inter se primi. dico, fieri posse,

ut quartus eorum proportionalis inueniatur. sit enim

B X r= ^. A igitur numerum z/ aut metitur aut

non metitur. prius eum metiatur secundum E. ita-

que A X E = ^. uerum etiam B X F= A. quare

erit AXE= Bxr. itaque ^ : 5= T : ^ [VII, 19].

ergo numerorum A, B, F quartus proportionalis in-

uentus est E. at ne metiatur A numerum A. dico.

avTotq Tsxaqtov dvdXoyov TtQoasvQSLV. olov iqfa 6 (ihv A
TQLav TLVCov. o ds B i^, o 8e r STtra. xai SrjXov, ort dvva-
xov. sl bs o A sl'r} nsvxs , ovksxl dvvaxov. y.al dnXcdg, oxs

pLsv o B noXXanXdGioq sgxl xov A, dvvaxov sgxl xsxaQxov dvd-

Xoyov svqslv sl ds in^, ddvvaxov (y ; mg. m. 1: Igxsov, oxl

xd o^slLGfisva GxoXid sIglv. 16. hxLv P. 16. F] om. P.

20. A uQa] P; Sri A Theon (BFVq). tixol] om. V. 21.

avrov] PF; om. BVq. 25. iGtCv\ om. P. 26. dvdXoyov
stg P. nQOGsvQrjxaL B.

25*
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vatov i0TL totg A, B, F tetaQtov ccvdXoyov itQOG-

SVQatV KQLd-^OV. €L yCCQ dvVtttOV, 7CQ0(S£VQYl6d^C0 6 E'

6 ccQa ix tcjv A, E l'6og iotl ra ix tav B, F. dXXa

b iz tSv B, r iCzLV 6 A' xal 6 ix tuv A, E ccQa

5 l'6og i6tl tcD A. b A ccQa tov E %okka7tka6id6ag

tbv A TtsTCOLTjxev' b A ccQa tbv A ^stQat zatd tbv

E' C36ts ^istQst b A tbv A. dkkd Ttal ov ^stQst'

OTtSQ dtOTtov. ovK aQa dvvatov i6tL totg A, B, F ta-

taQtov dvdloyov 7tQ06svQstv aQLd^^ov, otav b A tbv

10 A ^rj fistQTJ. dlXd drj oC A, B, F ^rits alijg a6tco-

6av dvdXoyov ^7]ta ot dxQOL TtQcstoL TtQbg dXXi^Xovg.

xal b B tbv F 7toXla7tXa6Ld6ag tbv A TtoLSLtco. b^oLcag

drj dsLX^^6staL, otL sl ^av ^atQat b A tbv A, dvva-

roi' i6tLV avtotg dvdloyov 7tQ06avQatv., al da ov ^s

15 tQat, ddvvatov 07taQ adaL dat^aL.

K .

Ol TtQcatoL dQLd-nol TtXaCovg al^l 7tavtbg tov

TtQotsd^avtog ^tXrjd^ovg itQcotov aQLd^^cov.

''E6t(06av OL TtQotad-avtag 7tQcotoL dQLd^^ol ol A,

20 -B, F' Xsyco, otL tav A, B, F TtXsCovg si6l 7tQcotOL

dQLd-^oC.

EiXrjcpd^ca yaQ b vTtb tcjv A, B, F iXd%L6tog fis-

tQov^svog xal s6tco b ^E, xal 7tQ06KsC6d^o rc5 AE
^ovdg ri z/Z. 6 dri EZ rjtOL 7tQCjt6g i6tLV rj ov.

i

1. iGziv P. 2. TtQoarjvQriad^aj FV. 3. dU' BFV. 10.

jlitJ] supra m. 1 F, ov supra m. 2 V. (iSTQ^aj] F, (isxQEi: q.

dXXcc d^ — 15: ddvvcctov] om. BVq. 10. d7]] (ii^rs F. s'6,r}g]

01 s^ijg F. 12. 7ioir]Tco cp (non F). 14, avzotg] avxotg xs-

xccQxocg F. sl 8s] ovd' F. 15. onsQ i'Ssi dsi^ca] om. Bq.
17. nQaxoL dQid^fioc] del. et aupra scr. nQcoxcov uQid^ficov m.
2 B. 18. TiQoaxsd-svxog F. 23. xatj m. 2 B, om. V. 24.

JZ] AZ F.
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numerorum A, B, F quartum proportionalem inueniri

non posse. nam si fieri potest, inueniatur E. itaque

A X E = Bxr [VII, 19]. uerum 5 X T = z/.

quare Ax E = A. itaque A numerum E multipli-

cans numerum A effecit. A igitur numerum z/ se-

cundum E metitur. itaque A numerum ^ metitur.

uerum etiam non metitur; quod absurdum est. ergo

numerorum A, B, F quartus proportionalis inueniri

non potest, ubi A numerum z/ non metitur. uerum

Aj By r ne sint deinceps proportionales neu ex-

tremi inter se primi. et sit B X F == J. similiter

demonstrabimus, si A numerum A metiatur, fieri

posse, ut eorum quartus^) inueniatur proportionalis,

sin non metiatur, fieri non posse; quod erat demon-

strandum.

XX.

Primi numeri plures sunt quauis data multitudine

primorum numerorum.

Sint dati numeri primi -A, 5, T. dico, plures esse

primos numeros quam A, B, T. sumatur enim, quem

-\A I iH

iB

r E z
/i I \

—
I

minimum metiuntur A, B, T [VII, 36] et sit AE, et

numero AE adiiciatur unitas z/Z. EZ igitur aut pri-

mus est aut non primus. prius sit primus. ergo in-

1) Uidetur scribendum eBse lin. 14: avxolq xkxaqxov dvd-
loyov; cfr. F.
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£0t(O TtQOtSQOV TlQatOg' eVQTJ^avOL CCQK £i6l TtQCOtOL

aQLd^iiol 01 Ay i5, JT, EZ TtXeLOvg tmv A^ B, F.

^AlXa di} ^rj £6tco 6 EZ JCQmtog' vtco TtQcotov

CCQa tLVOg aQLd-^OV ^EtQ£itaL. ^£tQ£i6d^C0 VTtO 7tQ(6-

5 tov ro£> H' liycoy ott 6 H ovd£vl tcov A, B, F £6tLv

6 avtog. £i yccQ dvvatov, £6to. ot dl A, B, F tov

AE ^£tQ0v6LV' %al 6 H aQa tov AE ^£tQrJ6£L.

^£tQ£L d£ xal tbv EZ' xal loLTtrjv trjv AZ fiovdda

fl£tQ1^6£L C H aQLd^flbg SV 07t£Q atOTtOV. OVK CCQa 6

10 H £vl tcav A, B, r £6tLV 6 avtog, xal v7t6x£LtaL

TtQCOtOg. £VQrj^£VOL CCQa £i6l TtQCOtOi aQid-^Oi 7tX£iOVg

tov TtQot^d^ivtog Ttkrld-ovg tcov A, B, F oC A, B, F,

H- 07t£Q £d£L d£i^aL.

ita .

15 'EaV CCQtLOL CCQLd^^Oi 07t060L0VV 6VVt £d^C06 LV

^

6 olog aQtLog £6tLV.

UvyX£L6d-C06aV yCCQ CCQtLOL aQLd^flOL 6jt060LOVV ot

AB, Br, FA, AE' liyco, oti olog 6 AE aQtiog

i6tiv.

20 'E7t£l yccQ £xa6tog tcov AB, BF, FAj AE aQtiog

£6tiv, iX^i ^EQog 7Jfii6v' S6t£ xal olog 6 AE ^x£l

^£Qog 7](ii6v. ccQtiog d£ ccQid^^og i6tiv 6 ^iya diat-

QOv^£vog' ccQtiog ccQa i6tlv 6 AE' 07t£Q id^i d£i^aL.

1, Supra TTQo^Tog add. tj EZ m. rec. V. Blaiv P, siolv

01 q. ^
2. ccQi&fLOL] om. F. F] (prius) FJ F, z/ del. m. 1. 6.

^vvaro»', ^Vtco] 6 H tvl roav A, B, F ioTLV 6 avzog Theon
(BFVq). 7. dE] ZE F. iiszQovaL BFVq. /JE] ZE F.

8. Kcci] Ticcl b H F. EZ] z/E F. 10. kul] 6 avtbg Sh

KKL P. 11. iiOL] siGLV ot V. 13. H] H ccQoc ante ras. 6

litt. F. 15. avv — supra scr. B. 16. iazL Vq, comp. F.

17. oTroffoiovr] e corr. V. 18. BF] in ras. P. FJ] m.
2 V. 21. kccl] supra lac. pergam. m. rec. F. 23. 6 AE
ccQcc ioTLV F. onsQ sdsL dsL^cci] om. B.
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uenti sunt primi numeri A, B, F, EZ plures numeris

Aj Bj r. uerum ne sit EZ primus. itaque primus

aliquis numerus eum metitur [VII, 31]. metiatur pri-

mus numerus H. dico, numerum H nulli numerorum

A^ B, r aequalem esse. nam si fieri potest, sit. uerum

A, B, r numerum ^E metiuntur. itaque etiam H
numerum AE metitur. uerum etiam numerum EZ
metitur. quare etiam^) quae relinquitur, unitatem AZ
metietur H^ qui numerus est; quod absurdum est. ergo

H nuUi numerum A, B, F aequalis est. et supposi-

tum est, H primum esse. ergo inuenti sunt primi

numeri A, B, F, H plures data multitudine A, B, F]

quod erat demonstrandum.

XXI.

Si quotlibet numeri pares componuntur, totus

par erit.

Componantur enim quotlibet numeri pares AB,
BF, FA, AE. dico, etiam totum AE parem esse.

A B r J E
1 1 1 1

1

nam quoniam singuli numeri AB, BF, FA, AE
pares sunt, partem dimidiam habent [VII def. 6].

quare etiam totus AE partem dimidiam habet. par

autem numerus is est, qui in duas partes aequales

diuiditur [id.]. ergo AE par est; quod erat demon-

strandum.

1) U. ad VII, 28.
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^EaV 7t8QL66ol aQLd^flol OJtOCOLOVV 6VVt6-

^•^Civ^ xo $8 Ttkrid^og avx^v ccqxlov ?}, 6 oXog

aQtLog eataL.

5 ZvyKeCad-coaav yaQ 7tsQL60OL aQid^^ol o^OLdriTtQtovv

aQtLOL tb TtXijd-og ot JlB, BF, Tz/, ^E' Uyco, oti

okog AE aQtLog B6tLv.

^ETtel yccQ sxaatog tav AB, BF, V^, jdE 7tEQLt-<

tog iatLv, dcpaLQsdsLarjg ^ovddog dcp ixdatov sxa-

10 0tog tSv XoLTtcov ccQtLog s6taL' Sats xal 6 6vyxsL^s-

i/og i^ avtcov ccQtLog s6taL. s6tL 8\ xal to TtXijd-og

tcov ^ovddcov ccQtLov. xal oXog ccQa 6 AE ocQtLog

i6tLv' OTiSQ sdsL dsL^aL.

.

./.
^ _

«
15 'Edv 7tSQL660l aQLd-^ol 6jt060LOVV 6vvts-

%-co6lv, t6 8s TtXijd-og avtcov 7tSQi66ov t], xal

6 olog 7tsQL66og s6taL.

2]vyxsL6%c}6av yaQ b7to6oLOvv 7tSQi66ol aQL^^oC^

(6v t6 ^tlijd-og 7tSQL66bv s6tC3, OL AB^ BF^ Fz/* XsycOy

20 OTt xal oXog b A^ 7tSQL666g i6tiv.

^AcpriQYi^d-co d7tb toij F/J ^ovdg rj ^E' XoLTtbg

ccQa b FE ccQtLog i6tLV. ^6ti 6s xal b FA ccQtiog'

xal oXog aQa b AE ccQtiog i6tiv. xaC i6xi fiovdg rj

J E. 7tSQi66bg aQa i6tlv b A^' OTtsQ sdsi dst^aL.

2. 6vvrs&636L FVq. 3. 6] om. PVq. 4. ietiv F.

5. ya^] m. 2 F. 6. a^riot] om. F. 8. indxsQog F, corr.

m. 2. 11. £6X1] fWco P. 13. Inter s^tlv et onsg aliam
demonstr. habet F; u. app. 15. ono^oLovv'] om. V. 6vv-

zs&m^i Vq. 17. 6] om. PBFVq; corr. August. 18. ns-
QLCaol aQid^fiol OTtoaoLovv V. 19. ot] 6 F. 22. sgtlv] S6tiv

ds tmv nqo avtov F. T^] ^T BVq. 23. S6tiv\ P,
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xxn.
Si quotlibet numeri impares componuntur; et mul-

titudo eorum par est, totus par erit.

Componantur enim quotlibet numeri impares nu-

mero pares AB, BF, Tz/, zJE. dico, totum ^E pa-

rem esse.

A B r J E
1 ; 1 ! 1

nam quoniam singuli numeri AB, BF, F^, AE
impares sunt, unitate a singulis subtracta, qui relin-

quuntur, singuli pares erunt [YII def. 7]. quare etiam

numerus ex iis compositus par erit [prop. XXI]. ue-

rum etiam multitudo unitatum par est. ergo etiam

totus AE par est [id.]; quod erat demonstrandum.

XXIII.

Si quotlibet numeri impares componuntur, et mul-

titudo eorum impar est, etiam totus impar erit.

Componantur enim quotlibet numeri impares, quo-

rum multitudo impar sit, AB, BF, TA. dico, etiam

totum A/4 imparem esse.

A B r E J

subtrahatur a FA unitas A E. itaque qui relin-

quitur, FE par est [VII def. 7]. uerum etiam FA
par est [prop. XXII]. quare etiam totus AE par est

[prop. XXI]. et AE unitas est. ergo ^z/ impar est

[VII def. 7]; quod erat demonstrandum.

comp. F; icTi Vq. iatt] seq. ras. 1 litt. V, iGXLv B. 24.

ccQu] om. q. onsQ ^dsi dei^ai'] om. BFq.
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xd'.

^Eccv ccTCo aQtiov ccQi^iiov aQtiog acpaiQa^fi^

6 koiito^ agtLog s6taL.

^Atio yccQ ccQtCov tov AB ccQtiog d(pr]Q'^6d'Co 6 BF'

5 Xeycj, oti 6 Xoiitog 6 FA aQttog iotLV.

'ETtsl yccQ AB ccQtLog i6tLV, sxel ^EQog 7]^i6v.

dia ta avtcc drj Tcal b BF sxsl ^SQog 7]fiL6v' Scts

ical koLTtog [6 FA s^sl ^SQog tj^lOv] aQtLog [aQa]

iatlv 6 AF' OTtsQ sdsL dst^aL.

410 ocs

.

'EaV CCJtO CCQtLOV CCQLd-^OV 7tSQLCi60g dq)CClQ6-

-O-i/, 6 XoLTCog TtSQLacog sataL.

^Aito yccQ ccQtLOV tov AB 7tSQL66og d<pr]Q}]0d^o 6

BF' ksyo, otL 6 XoLTtbg 6 FA 7tsQL666g i6tiv.

15 ^AcpriQri^d-cx} yccQ dno tov BF iiovdg rj FA' b AB
ccQa aQtLog ictLv. s0tL ds xal 6 AB aQtLog' xal

koLTtbg ccQa b AA ctQtLog iatLV. ycaC i<5tL ^ovdg rj

FA' FA ccQa jtsQLaaog iatLV ojtsQ sSsl dst^aL.

20 'Edv ditb 7tsQL66ov dQLd^^ov 7tsQi6abg dcpaL-

Qsd-fj, 6 XoLTcbg ccQtLog s6taL.

'Ajtb yaQ 7tsQL66ov tov AB 7tsQL66bg dg)r]Qi]6d-cj

6 BF' Isyco, otL 6 XoL7cbg 6 FA ccQtLog i6tLV.

4. d(pT]QriG&co dQziog P. 5. FA] F P. Ifftat F. 7.

BF] FB F. 8. 6 FA — rjfiiGv] om. P. FA] e corr. V.

KQa] om. P. 9. OTtsQ ^'Sei dEt^ai] om. BVq. 11. Post

nsQLGGog add. F: ccQLd-fiog (comp.). 14. on] oxi yiaC V. 15.

6] seq. ras. 2 litt. P. 16. sWt 8s — 17: htiv] bis F, corr.

m. 1. 16. fffrt] EGziv P. 17. htiv] P; comp. F; hti Vq.
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XXIY.

Si a numero pari par subtrahitur, reliquus par erit.

Nam a pari numero ^5 par subtrahatur BF. dico,

reliquum FA parem esse.

A r B
I 1 1

nam quoniam AB par est, partem dimidiam babet

[VII def. 6]. eadem de causa etiam BF partem di-

midiam habet. ergo etiam reliquus AF par est; quod

erat demonstrandum.

XXV.

Si a numero pari impar subtrahitur, reliquus im-

par erit.

Nam a pari numero AB impar subtrahatur BF,

dico, reliquum FA imparem esse.

A r j B

subtrahatur enim a BF unitas JT^. itaque z/J5

par est [VII def. 7]. uerum etiam AB par est. quare

etiam reliquus AJ par est [prop. XXIV]. et unitas

est Tz/. ergo FA impar est [VII def. 7]; quod erat

demonstrandum.

XXVL
Si a numero impari impar subtrahitur, reliquus

par erit.

A r J B

Nam ab impari numero u4B impar subtrahatur

BF. dico, reliquum FA parem esse.
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'ETtsl yccQ AB TtsQicaog iotLv, dg)rjQriad-c) ^oM

vag ri B^' koiTtog ccQa b A^ ccQtiog i^tiv. dia ta

avta drj zal 6 JTz/ aQtcog i^tcv cjOts xal Xoinog 6

FA aQtiog ictiv oneQ idsi dst^ai.

'Eav aito 7tsQi^6ov aQu^iiov aQtiog a(pai-

Qsd^rj, 6 XocTtbg TtsQi^abg satac.

^Ajtb yaQ 7tSQi66ov roi5 AB ccQtcog dcpr^Qi^ad^co b

BF' Xsyco, otL b loiitbg 6 FA TtSQioaog iGtiv.

10 ^A(priQri0%^a} [yccQ'] ^ovdg rj AA' b /IB ccQa ccQtiog

iotLv. s6tt 6} xal b BF ccQtiog' xal koiTtbg ccQa b

Pz/ aQtLog iottv. 7tsQL06bg ccQtt 6 FA' oitSQ idsL dst^aL.

'Edv 7tsQL00bg dQtd^^bg ccQtLov 7toXXa7tka-

15 6Ld6ag 7tOLfi tLva, b ysvo^svog ccQtLog ^6taL.

nsQL66bg ycQ dQL^^bg b A ccQtLOv tbv B 7tokXa-

7tla6Ld6ag tbv F 7tOLSLto' Xsyco, otL b F aQtLog

i6tLV.

^ETtsl yaQ b A tbv B 7tokXa7tXa6Ld6ag tbv F 7ts-

20 7tOLrixsv, b r ccQa 6vyxsLtaL iz to6ovtcov l6cav ta B,

o6ai si6\v iv ta A fiovddsg. xaC i6tLV b B aQtLog'

r aQa 6vyKSLtccL i% dQtCov. idv ds ccQtLOL dQL%^-

^ol b7t060L0VV 6VVtsd-(06LV, 6 oXog CCQtLOg i6tLV. aQ-

tLog ccQa i6t\v b F' otcsq sdsL dst^aL.

2. sGtLv] P, comp. F; iari Vq. 4. T^] ^F BVq. 7.

aarat] saziv comp. F. 9. 6] (alt.) om. q. F^] e corr. V.
10. yccg] om. P. ccQa] om. q. 12. iatL q. Seq. in V:
satL ds xai (lovag rj ^ A. agu iaxCv V. 14, nEqiaaoq]

supra F. 16. nsQLaabg yccQ a^t^/^os] dQL%^[Loq ycLQ F. 23.

TS^aaLv P. 6] om. q.
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nam quoniam AB impar est, subtrahatur unitas

5z/. itaque reliquus ^z/ par est. eadem de causa

etiam Pz/ par est [VII def. 7].^) ergo etiam qui re-

linquitur, FA par est [prop. XXIY]; quod erat de-

monstrandum.

XXVII.

Si a numero impari par subtrahitur, reliquus im-

par erit.

Nam a numero impari AB par subtrahatur BF.

dico, reliquum FJ imparem esse.

A J r B

nam subtrabatur unitas ^z/. itaque z/5 par est

[VII def. 7]. uerum etiam BF par est. quare etiam

reliquus Fz/ par est [prop. XXIV]. ergo FA impar

est [VII def. 7]; quod erat demonstrandum.

XXVIII.

Si numerus impar parem multiplicans numerum
aliquem effecerit, numerus productus par erit.

' '^ Nam impar numerus A parem B
' ^ multiplicans numerum F efficiat. dico^

I 1^ numerum F parem esse.

nam quoniam A X B = F, numerus F ex totidem

numeris numero B aequalibus compositus est, quot sunt

unitates in A [VII def. 15]. et B par est. F igitur ex

paribus compositus est. sin quotlibet numeri pares

componuntur, totus par est [prop. XXI]. ergo F par

est; quod erat demonstrandum.

1) Nam snpposuimus , FB imparem esse.
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Xd''.

^ECCV 7t£QL60bg aQid-^Og 7tSQL660V CCQLd-^OV

7tolXa7tXa6Lcc6ag 7tOLrj XLva^ 6 ysvo^svog 7ts-

QL<56bg s6taL.

5 nsQL6abg yccQ ccQLd-^bg b A 7tsQL6abv xbv B 7toX-

Xa7tXa6Ld0ag tbv F TtOLSLXo' Xsyco^ oxl 6 F 7tSQL666g

iCXLV. ^
'E7tsl yccQ 6 A xbv B 7toXXa7tXa6Ld6ag xbv F Trf-ll

^toLrjKsv, 6 r ccQa CvyxsLxaL sx xo6ovtav 1'6g)v tcj

10 5, oaaL stalv iv Tco A ^ovdSsg. xaL iaxLv sxdxsQog

x<av A, B 7tSQL666g' b F ccQa 6vyxsLxaL ix 7tSQL66cov

aQLd^llCOV, COV xb 7tXrjd-0g 7tSQL666v i6XLV. 006X5 b

7tSQL666g i6XLV' OTtSQ sdsL dsL^at.

A'.

16 ^Edv 7tSQi66bg aQid^fibg ccqxlov aQLd-^bv ^s-

XQTJj Xal xbv 7]^L6VV aVXOV ^SXQ7]6SL.

nsQL66bg yaQ aQL&^bg b A ccqxlov xbv B ^is-

XQSLXco' Xiyco, 6xv xal xbv ^iil6vv avxov fisxQri6sL.

'E7tsl yaQ b A xbv B ^sxqsl, iisxqslxco avxbv xa-

20 xd xbv F' Xiyco^ oxl 6 F ovx s6xl 7tSQL666g. sl yaQ

dvvax6v, S6XC0. xal i^tsl 6 A xbv B ^sxqsl xaxd

xbv r, b A ccQa xbv F 7toXla7tka6Ld6ag xbv B 7ts-

7tOLrixsv. B ccQa 6vyxsLxaL ix 7tSQL66oov aQLd-^cov,

(Dv xb 7tXrjd-og 7tSQL666v i6XLv. 6 B ccQa 7tSQL666g

26 i6XLV' o^tsQ dxoTtov v7t6xsLxaL yaQ ccQtLog. ovx aQa

3. noiBv F, sed corr. 12. covl om. B, 7t8QLOca>v V m. 2

e corr. rd] m. 2 V. tisqiggov ioriv^ 6 8e avynsifisvog

«X nsQiaoav uQi&fjLav nsQtaaav (add. m. 2) t6 TtXri^og itSQicaog

icvLV V, 16. Tjfiicv Fq. 17. TCSQtcaog — 18: (iszQTQCst]
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XXIX.

I Si impar numerus imparem numerum multiplicans

numerum aliquem effecerit, numerus productus im-

par erit.

\A Nam impar numerus A impa-

I \B rem numerum B multiplicans nu-

/ merum F efficiat. dico^ numerum
r imparem esse.

nam quoniam A X B = Fj numerus F ex totidem

numeris numero B aequalibus compositus est, quot uni-

tates sunt in A [YII def. 15]. et uterque ^, B impar est.

itaque F compositus est ex imparibus numeris, quo-

rum multitudo impar est. ergo F impar est [prop.

XXIII]; quod erat demonstrandum.

XXX.

Si numerus impar parem numerum metitur, etiam

dimidium eius metietur.

Nam impar numerus A parem B metiatur. dico,

eum etiam dimidium eius metiri.

- - T nam quoniam A numerum B metitur, me-

I

tiatur secundum F. dico, V imparem non esse.

- i

I

nam si fieri potest, impar sit. et quoniam A
\
r numerum B secundum F metitur, erit

I

Axr= B.

^- itaque B compositus est ex numeris impari-

bus, quorum multitudo impar est. itaque B impar est

[prop. XXIII]; quod absurdum est; nam supposuimus,

mg. m. 1 F. 18. tov] coit. ex td m. 1 F. 21. ^6Tai cp.

22. «V] om- V. 23. aqa B V.
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6 r TCBQiCGog icxLv' ccQTiog ccQa iatlv c F. Sote 6

A tov B fietQst ccQtLccxLg. dLcc drj tovto xal tbv

7]^l6vv avtov ^stQrj66L' OTtSQ edsL det^aL.

Xa.

5 ^Eav itsQLGQog ccQLd^^og TtQog tLva ccql^^ov

TtQCJtog
fj,

Tcal TtQog tov dLitlacCova avtov TtQa-

tog eataL.

neQL60og yccQ ccQLd-^bg 6 A TtQog tLva aQLd^^bv

tbv B TtQcotog e0t(D, tov de B dLTtXaeCov e6to 6 F'

10 Xeyco, otL 6 A \%aL\ TtQbg tbv F TtQCJtog iatLv.

El yccQ ^ri elOLV [oC A^ T\ jtQ^tOL, ^etQi]6eL tLg

avtovg ccQLd-^og. ^etQeCtcj, xal ^atcj 6 A. xaC icxLv

6 A 7teQL666g' jteQL66bg ccQa ocal 6 A. xal ijtel 6

A jteQL66bg av tbv F ^etQet, xaC e6tLv 6 F ccQtLog,

15 xal tbv 7JfiL6vv uQa roi) F iietQT]6eL [6 A]. tov dh

r 7J^L6v i6tLV 6 B' A ccQa tbv B ^etQet. ^etQet

de xal tbv A. o A ccQa tovg A^ B [letQet TtQostovg

ovtag TtQbg dlXijlovg' ojteQ i6tlv ddvvatov, ovx ccQa

6 A TtQbg tbv r TtQcjtog ovx i6tLV. ot A, F ccQa

20 ^QcotOL TtQog dXXrikovg el^Cv' ojteQ edeL det^ai.

Tcov ditb dvadog 8L7tka6La^o^evGiv dQLd-fiov

exa6tog aQtLaKLg ccQtLog i6tL ^ovov.

''Aitb yaQ dvadog tijg A dedL7tXa6Ld6d^co6av o^ol-

1. iatlv F] 6 r* V, iatLv F. 2. tovtov cp. t6v\
%d P. 3. riViiGv PF. omq idsi detgai] m. 2 V, om. BFq.
6. dinXccaiov BV. 9. dLnXdaLOs Vq. 10. xatj om. P. 11.

01 A, r] supra m. 1 P. 12. xat iativ — 13: 6 z/] mg. m.
2 V. 12. sotiv] insL iatLV F; ftrrco q.

^
13. nsqiaabg ctQu]

i'aTLv KQu nsQiaaog F. 15. rj(iiav F. 6 J] om. P. 16.
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eum parem esse. itaque F impar non est. par igitur

est r. quare A numerum B secundum parem nume-

rum metitur. ergo^) etiam dimidium eius metietur;

quod erat demonstrandum.

XXXI.

Si impar numerus ad numerum aliquem primus

t est, etiam ad duplicem eius primus erit.

' Nam impar numerus A ad numerum aliquem B
primus sit, et sit r=2B. dico, y^ ad JT primum

\A esse. nam. si non sunt primi, nu-

i \B P merus aliquis eos metietur. metiatur,

1 et sit z/. et A impar est. itaque etiam
'^ ^ impar est. et quoniam z/ impar

numerum F metitur, et F par est/etiam dimidium nu-

meri F metietur. uerum B == ^r. itaque z/ numerum

B metitur. uerum etiam numerum A metitur. z/ igitur

numeros ^, B metitur, qui inter se primi sunt; quod

fieri non potest. itaque fieri non potest, ut ^ ad r*

primus non sit. ergo ^, F inter se prirai sunt; quod

erat demonstrandum.

XXXII.

Qui inde a binario semper conduplicando produ-

cuntur numeri, singuli solum pariter pares sunt.

Nam a binario A quotlibet numeri semper condu-

1) Nam dimidium secundum numerum diraidium metietur
quam totum.

T](iiGvg BVq. 19, xov] x6 F. F] corr. ex B V. Post
^ in F del. B. 22. 8t- in ras. 6 litt. V. 23. htiv P. 24.

A] non liquet F.

Euclide», cdd. Heiberg et Menge. II. 26



402 STOIXEISiN 0'.

drjTCorovv aQtd-^ol oi B^ T, ^' Xiya^ oxi ol B, F, zf

dQticcxLg aQtioC el^i ^ovov.

"Oti likv ovv £Kcc6tog [tcjv B, P, z/] aQtidxig ccq

tiog i6tiv, (pavsQOV dito yccQ dvddog iatl diTClaOiaO

5 d^Eig, Xsyco, oti y.al ^ovov. iKKEiOd^o yaQ ^ovdg

iTCsl ovv dito ^ovddog oTto^OiOvv dQid^^ol s^rjg dvd

Xoyov Si6iv, 6 ds ^std tr^v ^iovdda 6 A TtQ^tog

i^tiv, 6 ^syiijtog tSv A, B, F, Zl 6 A vit ovdsvbg

dXkov ^stQi]d"ri()Stai TtaQs^ tmv A^ J5, T. xac icStiv

10 SKa6tog tcjv A^ B, F aQtiog' 6 z/ aQa aQtidxig aQ-

tiog i6ti ^iAdvov. b^oicog di] dsi^o^sv, oti [Tcal] sxd

tSQog tcov B, r dQtidmg aQtiog i6ti iiovov oitSQ

sdsi dsi^ai.

jy- ^
, ,

15 ^Edv aQid-^og tbv 7]^i6vv sxf] 7tSQL666v, aQ-

tidxig 7tsQi006g i6ti {i6vov.

'AQid-^bg yccQ 6 A tbv r]]ii6vv i^itcj 7tSQi666v

liycj, oti 6 A aQtidxig 7tsQL066g i6tL ii6vov.

"Oti iisv ovv dQtidmg 7tSQi066g i6tiv, cpavSQ^V

20 6 yaQ ri^i6vg avtov 7tSQi66bg av ^stQst avtbv dQ-

tiaKig. kiya di], oti xal ^6vov. si yaQ s6tai 6 A
xal aQtidxig aQtiog, iLStQY]%^r]6stai vTtb dQtCov xatd

aQtiOv dQid-^6v a6ts xal 6 7]^i6vg avtov ^stQr]d-7]6stai

V7tb aQtCov dQid-^ov 7tsQi66bg Sv otcsq i6tlv dtoitov.

26 6 A ccQa dQtidxig 7tSQi666g i6ti il6voV 07Csq sdsi dsi^at.

1. B] (bis) A, B F. 3. ovv] om. P. rc5v B, F, J]
om. P. A, B F. ccQTiov, -ov eras. V. 4. iativ] comp.
Fq; S6TL PV. aTCo yccg] avxo (e corr.) yag dnd F. iGzi\

sGTiv STiaazog F. 5. Xsyo) dr] BVq. iiovccg tj E Vq; 17 E
postea insert. B. 11. xcct] om. P. tKccazos P. 15. TJaiav

F. 16. iaziv P. 17. ijfiiav F. 18. iaztv P.^ 19. iaziv]

P, comp. F; S6TL Vq. 20. rjfiiav F. ^^ avzog cp (non F).

22. xat'] om. F. Post aQZtog add. V: 6 TJuLOvg avzov uqzlo^

iazL %aL; idem B m. rec. 23. rj^i6v F.

*
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plicando producantur B, jT, z/. dico, numeros J5, F, z/

im pariter pares esse.

iam singulos numeros JB,

solum pariter pares esse.

„ r, ^ pariter pares esse,

^ manifestumest. namabina-

rio semper conduplicaudo

producti sunt [VII def. 8]. dico, eos etiam solum

pariter pares esse. sumatur enim unitas. iam quo-

niam ab unitate quotlibet numeri deinceps proportio-

nales sunt, et unitati proximus A primus est, maxi-

mum numerorum ^4, B, Fj z/ numerum z/ nullus alius

metietur praeter ud, B, F [prop. XIII]. et singuli nu-

meri A, B, F pares sunt. ergo z/ solum pariter par

est [YII def. 8]. similiter demonstrabimus, etiam utrum-

que B, r solum pariter parem esse; quod erat demon-

strandum.

XXXIII.

Si numerus aliquis dimidium imparem habet, so-

lum pariter impar est.

Nam numerus A dimidium habeat imparem. dico,

numerum A solum pariter imparem esse. iam pariter

imparem eum esse, manifestum est; nam dimidius eius,

qui impar est^ eum pariter metitur [VII def. 9]. dico,

eum etiam solum pariter imparem esse. nam si A
etiam pariter par erit, par eum numerus secundum

parem numerum metietur [VII def. 8]. quare etiam

dimidium eius, qui impar est, par numerus metietur;

quod absurdum est. ergo A solum pariter impar est;

quod erat demonstrandum.
26*
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^Eav ccQLd^^og ^rjzE rcov djto dvadog diTcXa-

0t,aioiieva)v fj
^ijrs rov ij^iavv s%ri 7tSQL666v,

aQnd^Lg rs aQriog san xal ccQrLdKig TtSQLCaog.

5 ^fiQL^^^og yaQ 6 A ^7]rs rwv aTcb dvddog dcnla-

<5Lat,oiLSVG)v s0r(X) ^rjrs tov ^]^i(Svv i%srG) 7Csql<566v'

Xsyo, orL b A aQrLaxLg rs scriv ccQrLog Tcal aQrLaKLg

7tsQLa66g.

"OrL fisv ovv 6 A aQrLaxLg sGrlv ccQrLog, cpavsQ^v

rbv yccQ ri^L6vv ovx s%sl 7Csql666v. Xsyoi dri^ orc

xal aQZLdKLg 7tsQL666g s6rLV. sav yccQ rbv A rs^vco-

ybsv dL%a xal rbv r]^L6vv avrov dL%a zal rovro dsl

TtOLCD^sv, xaravrr]6onsv stg rLva aQLd-^bv 7tSQL666v,

og ^srQr]6sL rbv A xard aQnov aQLd^^^v. si yccQ ov,

15 xaravrr]6o^sv slg dvdda, xal s6raL 6 A rcov ditb

dvddog dL7tXa6La^o^svcov' 07tsQ ov% VTtoKSLrac. S6rs

b A aQrLdxLg 7tsQL666g i6rLv. idsL%d^r] ds xal aQ-

rLdxLg ccQrLog. 6 A ccQa aQrLdmg rs aQriog i6rL xal

aQrLdxLg 7tSQL666g' o^tsQ sdst dst^aL.

20 Af'.

'Eav g)6lv b60Ldr]7torovv aQLd^^ol s^rjg dvd-

XoyoVy dg)aLQsd-(o6L ds d7t6 rs rov dsvrsQOV

2. iccv] av q. Deinde add. aprioff B m. rec, V in ras. m. 2.

8inla6ia^6yi,Bvov P. 3. xov'] x6 F m, 1, corr, m. 2; xo cp.

7]iii6v F. 4. i6xtv P. 6, 7]fii6V F. sxcov V. 7, oxl]

m. 2 V. Tf] om. q et Pj (u, p. 408, 5 adn, crit.). aQxios
86X1 V. 9. aQxi6g £6xl V. cpavsg^v] in ras. m. 1 q. 10.

r}iiL6v F, et q, sed corr. m. 1. 11. xs(1(o(iev BVq. 12, 7](ii6v F.

noLmfisv dsL F. 13. noLov(isv P, P^. y.axavx7]6<x}[i£v P^. ns-

QL^^^v] om. q, 14. v.axa xov V, sed x6v del, sl yccQ ov]

om. Pj. Post ov add. Theon: Kaxavx^60fi£v sl's xlvu aQL&fiov
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XXXIV.

Si numerus aliquis nec ex iis est, qui a binario sem-

per conduplicando producuntur, nec dimidium imparem

habet, et pariter par est et pariter impar.^)

Nam numerus A ne sit ex iis, qui a binario

I
,
semper conduplicando producuntur, neue

^ dimidium imparem habeat. dico, nume-

rum A et pariter parem et pariter imparem esse.

iam numerum A pariter parem esse, manifestum

est [VII def. 8]; nam dimidium imparem non habet.

dico, eundem pariter imparem esse. nam si A in duas

partes aequales diuiserimus et rursus dimidium et

idem semper deinceps fecerimus, aliquando ad nume-

rum perueniemus, qui numerum A secundum numerum

parem metitur. nam si minus, ad binarium peruenie-

mus, et A ex iis erit^ qui a binario semper condupli-

cando producuntur; quod est contra hypothesim. quare

A pariter impar erit [VII def. 9]. sed demonstratum

est, eundem pariter parem esse. ergo A et pariter

par et pariter impar est; quod erat demonstraudum.

XXXV.

Si quotlibet numeri deinceps proportionales sunt,

et a secundo et ultimo numeri primo aequales sub-

1) Propp. 33—34 aliter citat lamblichus in Nicom. p. 32.

de hoc loco et de Euchdis diuisione numerorum u. Studien

p. 197 sq.

mqiGGov ^ og (iSTQrjGSi xov A Y.axoc aqxiov ccql&(i6v (BFVq).
15. '/.axavxTiGcofisv P^, yiaxav- in ras. m. 2 V. 16. aoxs]

(0G7CSQ Pg. 17. A xat BVq. nsQLGGog — ccQXLumg m. rec. B.

IS. A] ^ cp. xs] om. VPjj. 22. xs] xov cp (non F), om. BVq.
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ocal tov 86%dxov l'60i tip JtQCJTC), eCxccl tog 7}

tOV d£Vt8Q0V VTtBQOX^ TtQOg TOV 7tQ(^tOV, OV-

tcog 7] tov i6%dtov v7teQo%ri itQog tovg tcqo

savtov Ttdvtag.

6 "E<5t(o6av OTtoOoLdriTCotovv dQi^^inol i^ijg dvdkoyov

oC A^ BF, z/, EZ dQ%6^Evoi dito ila%i6tov tov A,

Tcal dcprjQ^^Gd-co ditd tov BF ical tot) EZ ta A i'0og

ixdtsQog tcov BH, ZS' Xsycj, oti ictlv cog 6 HF
TtQog tbv A, ovtcog 6 E® TtQcg tovg A, BF, z/.

10 K£i6d-co yaQ ta iiav BF l'0og o ZK, ta dl z/

£0og o ZA. y,al iital 6 ZK ta BF loog i6tiv, cjv

6 Z® Tc5 BH taog iativ, loiitog aQa b &K Xoina

tip HF i6tiv l'6og. xal i7t£i i6tiv (hg b EZ TtQig

tbv A, ovtcog 6 A itQbg tbv BF xal b BF TtQog

15 Tov A, L6og 81 b ii£v A ta ZA, b dh BF tc5 ZK,
b d£ A ta Z@, £0tiv ccQa wg 6 EZ TtQog tbv ZA,
ovtcog b AZ TtQbg tbv ZK Kal b ZK TtQbg thv ZQ.

di£X6vti, (og 6 EA TtQbg tbv AZ, ovtcog b AK itQbg

tbv ZK Kal b K& TtQbg tbv Z@. iativ aQa Kal cjg

20 slg tcov rjyov^ivcov JtQbg eva tojv iTto^iivcov, ovtcog

ditavtEg ot rjyov^EVOL TtQbg ccTtavtag tovg £7tofiivovg'

£6tLV aQa (X)g 6 K& 7tQbg tbv Z0, ot^TCo^ ot EA,
AlC, K& 7tQbg tovg AZ, ZK, @Z. l'0og dh b filv

K® ta FH, 6 d£ Z@ Tc5 A, ot 81 AZ, ZK, @Z

1. Tov] om. V. 2. Tov] To cp (non F). 4. a.nDcvxcti F,

vnavxag cp. 5. oaoLdrjnotovv V, in F -St]- a qo in -8s- mu-
tat. 6. dno tov qp, post dno ras. 3 litt. B. Al J cp

(non F). 7. tov] (alt.) postea insert F. 8. BH] P; FH
F, Hr BVq. httv] om. F. HF] P, BH BFVq. 10.

tco] t(ov Bq. [i^Bv] om, BV; in B m. 2 ex tatv fecit tm (isv.

ZK] ZH (p (non F). 12. BH] P, FH F, HT BVq. eW q.

13. HF] P, HB BFVq. gW] om. F. 14. tov] (alt.)

To cp (non F). 16. EZ] 0Z cp (non F). ZA] AZ Bq.
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trahuntur, erit ut excessus secundi ad primum, ita

excessus ultimi ad omnes praecedentes.

Siut quotlibet numeri deinceps proportionales A,

BFj /Jy EZ ab A minimo incipientes, et ab BF, EZ

H
J\-

E A K Z

numero A aequales subtrahantur BH^ Z&. dico, esse

Hr : A = E@ : A + Br + J.

ponatur enim ZK = BF et ZA = ^. et quoniam

est ZK=Br et Z® = BH, erit @K = HR et

quoniam est EZ : ^ = A : BT= BT : A [VII, 13],

et z/ = ZA, Br= ZK, A = Z&, erit

EZ:ZA = AZ:ZK= ZK : Z0.

subtrahendo [VII, 11. 13] erit

EA:AZ = AK: ZK = K@ : Z&.

itaque etiam ut unus praecedentium ad unum sequen-

tium, ita omnes praecedentes ad omnes sequentes [VII,

12]. itaque erit

K@ : Z@ = EA + AK + K® : AZ + ZK + @Z.

uerum est K@ = TH, Z@ = A,

AZ + ZK + @Z = A + BF + A,

17. ylZ] ZA FV. ZX] (alt.) KZ P. 18. aqoL ws V. tov']

om. q. 19 ZK^ KZ F. K@] e corr. m. 1 q. WJ
om. V. 22. ToV] om. F. ot] 6 F. 23. AZ] corr. ex

AZ m. 1 q. ZK] KZ BVq. 0Z] Z0 P. 24. TK]
P, BR BFVq. 8i] (prius) m. 2 V. ZK] KZ BVq. 0Z]
Z6> P.
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totg z/, Br, A' £<Jth^ aqa chg 6 TH itQog tov A^

ovxag 6 E& TCQog tovg z/, BF, A, sOtcv aQa (og i]

T0i5 dsvtBQOV vTteQoyjYi TtQog tbv TCQcotov, ovtcog rj

roi' i^idtov v7t£Q0%ri TtQog tovg TtQO iavtov ndvtag'

5 oTtSQ sdsL dst^ai.

'Eav ccTto ^ovddog 6jto6oiOvv aQid^^ol i^ijg

sTctsd^S^iv iv tfi diTtlaCiovi dvaXoyCa^ eoag

ov 6 Cv^Ttag ^vvtEd-eXg TtQatog yavrjtai, xal

10 6 6v^7tag ini xbv e^xatov TtoXXaTtXa^iaCd^elg

Ttoiij tiva^ ysvoiievog tiXetog e6tai.

'Aitb yaQ ^ovddog ixxeiOd^cjaav 60Oidr]7totovv aQid--

^ol iv tij di7tXa6iovi » dvaXoyia, eog ov b av^Ttag

6vvted-elg TtQcotog yevrjtai, ot A^ 5, I", z/, xal ta

15 6v^7tavti l'6og e6ta} 6 E, xal 6 E tbv z/ 7toXka-

7tXa6id6ag tbv ZH TtoieCto. kiycj, oti 6 ZH tiXeiog

i6tiv.

"O60i yaQ ei6iv ot A, B, F, ^ ta ^tli^d-ei, to6ov-

toi djtb rov E eikri(p%^G)6av iv tfj di7tla6Covi dvaXo-

20 yCa ot E, @K, A, M' 8i i'6ov aQa i6tXv (og 6 A
7tQbg tbv z/, ovtag 6 E TtQbg tbv M. 6 ccQa in tcSv

E, A l'6og i6ti ta in tcjv A, M. xaC i6tiv 6 ioc

twv E, A 6 ZH %al 6 ix tcov A, M ccQa i6tlv 6

ZH. b A aQa tbv M 7tolla7tla6id6ag tbv ZH 7te-

25 7toCr]XEV' 6 M ccQa tbv ZH ^etQet xatd tdg iv t»

I

1. 8Gt!v aqu — 2: J, BF, A] om. q. 1. FH] P; HB F;
BH BV. 2. E0] E postea insert. F. xovg'] om. F. 4.

anavtaq F. 5. 6it8Q idsi ^fr|at] om. Bq. Post dstiaL

in P add. lin. 7 — 21 : tov M cum quibusdam discrepantiis

(Po), dein nsQitxov ixitco, et deinde p. 404, 7 — 19 (Pg), in

mg. TtSQLttov et in fine to nsQLttov tovto 6q)dX(iu tctCv. 9.

av^nag 6vv tfj (lovddL F. 11. £6taL tslBLog q. 12. b^OLdr}-
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itaque FH : A = E® : J -\- BF -{- A. ergo est ut ex-

cessus secundi ad primum, ita excessus ultimi ad omnes

praecedentes; quod erat demonstrandum.

XXXVI.

Si ab unitate quotlibet numeri deinceps in propor-

tione duplicata proponuntur, donec

totus ex omnibus compositus primus

fiat, et totus ultimum multiplicans

numerum aliquem efi^ecerit, numerus

inde productus perfectus erit.

Nam ab unitate proponantur quotlibet numeri in

proportione duplicata, donec totus ex omnibus com-

M
H N K

-\0 1 iJT

positus primus fiat, A, B, F, A, et toti aequalis sit

E, et sit Ex J = ZH. dico, ZH perfectum esse.

nam quot sunt A, B, F, A multitudine, totidem

ab E sumantur in proportione duplicata E, ®K, A,

M. itaque ex aequo erit [VII, 14] A : A == E : M,
itaque ExA = AxM [YU, 19]. etEx A = ZH.
quare A X M = ZH. A igitur numerum M multi-

plicans numerum ZH effecit. quare M numerum ZH

Ttotovv'] Pg BFVq, OTtoooLovv P. 13. ov] om. P^. avfinag
Gvv xij (lovccdL F. 14. -T, /^] om. Pj. 15. ovfinavrt. ovv xfj

liovadL F. 19. avaXoyCav cp (non F). 20. @K] K in ras.

m. 2 V.
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A ^ovddag. %ai i6xi ^vkg 6 A' dL7cXcc6tog ccqcc e6tlv

6 ZH rov M. stal de Tcal oC M, A, @K, E e^ijg

dL7tld6L0i d^XrjXcov' oC E, @K, A, M, ZH aQa i^^g

dvdXoyov slOlv iv rij dLitlaaCovL dvaXoyCa.. dcp7]Q7]6d^co

5 dr] dTCo Tov dsvrsQOv tov &K xal xov sGidxov xov

ZH xS jtQCDXG) xa E laog sxdxsQog xav @N, ZlEl'

S6XLV aQa cog 7] xov dsmsQOv aQLd-^ov v7tsQ0%i] itQog

xov TtQcoxov, ovxcjg 7] xov s6%dxov VTtSQOxi] TtQog xoijg

TtQO savxov Ttdvxag. s6xlv ccQa cog 6 NK TtQog xbv E,

10 ovxcog 6 lElH JtQog tovg M, A, K@, E. KaC s6xlv 6

NK l'6og x(p E' xal 6 ^H ccQa l'6og i6xl xotg M, A,

@K, E. S6XL ds xal 6 Z^ xa E l'6og, 6 ds E xotg

A, B, r, A Tcal XT] fiovddL. o?.og aQa 6 ZH l'6og s6xl

totg ts E, ®K, A, M xal totg A, B, F, A xal tij

16 (lovddL' %al ^stQsttat vTt avtKtv. ksyco, ott xal 6

ZH vn ovdsvbg dklov ^stQr]d"r]6staL TtaQ^^ tcov A,

B, F, A, E, &K, A, M xal trjg ^ovddog. sl yccQ dv-

vatov, ^stQsCtco tLg tbv ZH 6 O, xal 6 O ^j]dsvl

tcjv A, -B, jT, A, E, &K, A, M s6tG) b avtog. xal

^O b^dxLg O tbv ZH fistQst, to6avtaL ^ovddsg s6tai-

6av sv Tcj 77' 6 77 aQa tbv O 7toiXa7tXa6Ld6ag tbv

ZH 7tS7toCr]xsv. dkXd ^ti^v xal 6 E tbv z/ 7to2.Xa7tXa-

6Ld6ag tbv ZH 7tS7toCr]xsv' s6tLv ccQa dtg b E TtQbg

tbv 77, o O 7tQbg tbv A. xal STtsl d^tb ^ovddog s^ijg

^5 dvdXoyov sl6lv oC A, J5, F, A, b A aQa v7t' ovdsvbg

2. E] om. F. 3. Post E in F msert. @ m. 2. strj?]

om. F. 5. d^] corr. ex 8s m. 1 F. 6. Tav~\ o in raa. P.

10. 6] (alt.) tos 6 F. 11. Tco E Loog F. icTiv P. 12. sgtiv ?.

ZS] ^Z P. 13. L60S botC] supra m. 1 F. 18. 6 O] (alt.)

supra m. 1 F. 19. 6] om. B. 21. JT] (alt.) O P. O] 77 P.

22. ZH] H supra m. 1 F. 23. ZH] Z eras. V. Post
ns7toC7]Hsv add. F: 6 aoa fx tmv E, d iGog sotI Tm s-k tcov
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secundum unitates numeri A metitur. et A binarius

est. ergo ZH=2M. uerum etiam M, A, &K, E
deinceps inter se duplices sunt. quare E, ©Kj A, M,

ZH deinceps proportionales sunt in proportione dupli-

cata. iam a secundo &K et ultimo ZH primo E ae-

quales subtrahantur @N, Z^. itaque erit ut excessus

secundi ad primum, ita excessus ultimi ad omnes prae-

cedentes [prop. XXXV]. erit igitur

NK : E == ^H : M + A + K& + E.

est autem NK = E.^) quare etiam

:e;H = M+ A + @K + E.

uerum etiam

Z;e;=E et E = A + B + r+A+l.
quare erit totus

ZH=E+@K + A + M + A + B + r+A+ 1.

et bi euni metiuntur. dico, etiam nullum alium ZHnu-
merum metiri praeter A, B, F, A, E, @K, A, M et

unitatem. nam si fieri potest, metiatur O numerum
ZH, neu O ulli numerorum A, B, F, A, E, SK, A, M
aequalis sit. et quoties O numerum ZH metitur, tot

unitates sint in 77. ergo H X O = ZH. uerum etiam

Exzl = ZH. quare est [VII, 19] E : H = O : A.

et quoniam ab unitate deinceps proportionales sunt

A, B, r, A, numerum z/ nullus alius metietur nume-

1) Nam @K = 2E et ®N = E.

JT, O. a.qa\ om. F. 25. ilGiv avdXoyov BV. aQLd^fiol

01 TheoD (BFVq). Post T, z/ add. BV: 6 tf« juera rriv (lovdda
A TtQcozog iart,' dvdg ydg.
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alXov aQL&i-iov ^stQrjd^^aavaL Ttage^ tcov A, B, F. Kal

VTtoKSitai 6 O ovdavl tcov A, B, F 6 avtog' ovx aga

liexQrioeL 6 O tbv z/. all^ Sg 6 O TtQog rov z/, 6

E TtQog tbv 11' ovde 6 E aQa tbv II ^etQet. xao

5 edtLV 6 E TtQatog' Ttag de TtQcotog aQid^^bg JtQbg

aTtavta, ov fir} fietQet, 7tQ(Dt6g [eattv]. ol E, II ccQa

TtQCJtoc TtQbg dXXrjXovg st6Lv. ot de JtQ^toL xal ekd-

XL6t0L, ot de ekd%L(5toL ^etQov0L tovg tbv avtbv loyov

exovtag LodoiLg o te r]yov^evog tbv rjyov^evov xal

10 6 eTto^evog tbv ejtofievov' xat e6tLv mg b E TtQbg tbv

n, 6 O TtQbg tbv ^' iadxLg aQa 6 E tbv O ^etQet

xal 6 n tbv /1. de ^ vit ovdevbg dlkov ^etQettat

TtaQ^t, tcjv ^, B^ F' 6 n ccQa ivl toov A^ B^ T e6tLV

6 avtog. eatco ta B b avtog. xal o6ol ei6lv ot

15 5, jT, z/ ta TtXrjd^eL to6ovtoL ellri(p%^(x)6av ditb roi'

E OL E, @K, A. xaC el6LV ol E, SK, A totg B,

r, A ev ta avt(p Xoyco' dt' l'6ov aQa e6tlv G)g b B
TtQbg tbv ^, b E TtQbg tbv A. 6 aQa ex tcov J5, A
L6og e6tl ta ex tcov z/, E' dkl^ 6 ejt tcov z^, E L6og

20 ^^'P^ 'P» f^ 'Tcov 77, O* xal 6 ix tcov II, O aQa i'6og

i6tl xa ez tcov B, A. e6tLV aQa ag b 11 TtQbg tbv

B, b A TtQog tbv O. TcaC i6tLv b 11 ta B 6 avtog'

xal 6 A aQa ta O i6tLv 6 avtog' ojteQ ddvvatov

b yaQ O VTtoxeLtaL ^rjdevl t(Dv ixxeL^svcov b avtog.

25 ov% aQa tbv ZH ^ietQiq^eL tLg dQi^^bg na^l^ tcov

1. Kcci vnoyisLtai 6] odi BFYq. 2. F] T hxLv FVq.
3. O] (prius) U B. 4. xov] (prius) om. F. iJiEXQr\68i V, 5.

Trag] anag BVq. nag ds nQaxog] om, F. 6, (isxQrj F. iaxiv]

om. P. 9. i%Qvxag avxoLg V. 11. O] II cp (non F). £]
corr. ex O m. 1 F. O ) e corr. F. 13. B] (alt.) om. q.

16. B] E B. 19. z/, E] E, d q. aUd P. J, E] E,
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rus praeter A^ B, F [prop. XIII]. et suppositum est,

O nulli numerorum A, B, F aequalem esse. quare O
numerum z/ nou metietur. est autem 0:zi= E:IT.

itaque ne E quidem numerum 77 metitur [VII def. 20].

et E primus est. omuis autem primus numerus ad

omnem, quem non metitur, primus est [VII, 29]. ergo

E^ n inter se primi sunt. primi autem etiam minimi

sunt [VII, 21], minimi autem eos, qui eandem ratio-

nem habent, aequaliter metiuntur [VII, 20], praecedens

praecedentem et sequens sequentem; et est

E:n= O:^.
itaque E numerum O et 77 numerum z/ aequaliter

metitur. zJ autem numerum nullus alius metitur prae-

ter ^, B, r. itaque 77 alicui numerorum A, B, F ae-

qualis est. sit 11 = B. et quot sunt multitudine 5,

JT, z/, totidem sumantur ab E numeri E, &K, A. et

E, @K, A in eadem ratione sunt ac B, F, z/. itaque

ex aequo erit [VII, 14] B : J = E : A. quare

BxA = ^XE [VII, 19].

sed ^ X E = JJx O. quare etiam

nxo = BxA.
itaque n : B = A :0 [VII, 19]. et 77= J5. itaque

etiam A = O-^ quod fieri non potest. nam suppo-

situm est, O nulli numerorum propositorum aequa-

lem esse. itaque nullus numerus numerum Z77 me-

d q. 22. B] (prius) e corr. q. 23. A] O tp (non F). O]
A cp (non F.). 24. iyyieLfisvojv FV. 25. iistQSt P.
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^, B^ r, z/, jE, ©K^ A, M oial zijg ^ovadog. xal

ideCid^ri 6 ZH totg A^ B, F, z/, E, @K, A, M xal

rfi iiovddi l'6og. raXsiog ds agid-^og eCtiv 6 totg iav-

tov ^eQE0iv l'0og aV telELog aga iotlv 6 ZH' otteq

5 sdEi dEt^ai.

1. A, M] insert. m. 2 in fine lin. F; leg. m. 1 iu init. seq.,

del. m. 2. Post fiovddog add. Theon: ot A, B, F, z/, E,

@K, Aj M ccQCC ^ovoL Kttl 7] ^ovccg ^svQOVGi xov ZH (BFVq).
In fine: Evy,XsLdov 6toi%Bicov %•' P, EvyiksCSov atoixsCoov rrjg

Sscovog STido. -9'' F.
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titur praeter A, 5, jT, z/, E, ®Kj A, M et unitatem.^)

et demonstratiim est, esse

ZH=^A + B-\-r+ zi + E+@K + A + M+l.
perfectus autem numerus is est, qui partibus suis ae-

qualis est [YII def. 22]. ergo ZH perfectus est; quod

erat demonstrandum.

1) li autem metiuntur numerum ZH; p. 410, 15.
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V, 19 TtOQ.

reyovaOi ds oC XoyoL xal inl tSv icdxig icoXka-

TtkaaCcov xal STtl rdiv dvaXoyLcav, ineidriTtEQ idv itQ^-

xov devtEQOv ladxLg
fi

jtoXXaTtkd^iov xal r^nroi/ te-

5 taQtov, 60tai. Kal cSg tb 7tQ(Dtov TtQog to davtSQoVy

ovtcog tb tQLtov TtQbg ro tetaQtov. ovxetL de xal

dvtL0tQecpeL' idv ri mg TtQoitov TtQbg devteQov, ovtcjg

tQLtov TtQog T£Ta()T0i/5 ov Ttdvtog ^ataL xal tb ^ev

TtQCJtov rov devteQov tadxLg jtoXkankdoiov tb de tQL

10 roi' roi5 tetdQtov, xad^dneQ iitl tc5v tj^loXlcov t] inL-

tQLtcov koycov ri tcov toLOvtcov' oiteQ edet dei^ai.

VI, 20.

"^XXog.

jdeC^o^ev 87] xal eteQog jtQOxeLQoteQOv b^oXoya

16 td tQCyova.

'ExxeCa&oeav yaQ Ttdhv td ABrJE^ ZH&KA
Ttokvyova, xal inet^evxd^oCav aC BE, EF, HA, A©.

keyoy otL G)g ro ABE tQCyovov TtQog ro ZHAj ov-

rcjg ro EBF itQbg ro AH& xal ro FAE TtQbg tb

1. In textu post Ssi^ai, p. 56, 3 habent BFVp, ed. Basil.;

mg. m. 1 P. 3. ^Ttt'] om. F, TCQaTog P. 4. TtoXXanXdaLOv

7] F. 5. satai xatj corr. ex nal eaxai m. 1 V. to] (alt.)

bm. F. 7. dvaaxQstpsL P. idv yaQ ed. Basil. wg x6 P, ed.

Basil. nQoq x6 P. 8. xo xqlzov nQog xo P. 10. rjfjiioXLcav

Xoycav p. 11. ^oycov] qp, om. T] xmv xoLovxoav ^ sed in lin.

seq. leg. a m. 1: Xoyav rj xcav xolovxcov (euan.); om. P. onsQ
sdsL dsi^aL] onsQ F; om. P. 12. PBFVp; cfr. Campanus.

t



V, 19 coroll.

Hae rationes autem et de aeque multiplicibus et

de proportionibus ualent, quoniam si primum secundi

aeque multiplex est ac tertium quarti, erit etiam ut

primum ad secundum, ita tertium ad quartum. uerum

conuerti non potest; neque enim si est ut primum ad

secundum, ita tertium ad quartum, ideo semper erit

primum secundi aeque multiplex et tertium quarti,

uelut in rationibus sesqualteris uel sesquitertiis uel

similibus; quod erat demonstrandum.

YI, 20.

Aliter.i)

lam aliter quoque promptius demonstrabimus, tri-

angulos correspondentes esse.

ponantur enim rursus polygona^i3rz/£', ZH®KAy
et ducantur BEj EF, HAj A@. dico, esse

ABE: ZHA = EBT: AH@ = FAE : @KA.

1) Campanus VI, 18: „aliter poteBt demonstrari secundum."
deinde eodem modo, quo hic fit, demonstrat, triangulos corre-

spondentes esse, et inde concludit de polygonis totis,

13. aXXayg] om. B, m. 2 FV; x|3' p, F mg. m. 1. 16. ya^]
m. 2 F. Post ras. 1 litt. V. 18. Post ozl add. iariv BVp,
F m. 2. ZAH F, A in ras. m. 2 V.

27*
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0KA. STtsl yccQ o^oLOv £6tL xo ABE XQiyovov xa

ZHA XQiycovco^ xo ABE ccqu XQiyavov TtQog xb ZHA
diTcXacCova koyov e%et tJtisq rj BE TtQog xriv HA.
dta xa avxa drj xal xo BEF XQtycovov TtQog xb HA0

5 XQtycovov dtTtlaOtova loyov 8%Bt rJTtsQ rj BE TtQog

xrjv HA. ^Gxtv ccQa c&g xb ABE XQtycovov JtQbg xb

ZHA XQtyavov^ ovxcog xb BEF TtQbg xb HA&. Ttd-

Xtv ETtel o^otov [i6xt] x6 EBV XQtycovov xco AH0
XQtycovc), xb EBT aQa itQbg xb AH& dtTtXa6tova II

10 loyov £X£t ^7t£Q rj FE svd^eta TtQog xrjv ®A. dta xa

avTa drj xal xb EFA XQtycovov TtQog xb A@K xqC-

ycovov 6t7tka6Cova koyov £%£t 7]7t£Q rj FE TtQog xrjv

@A. £6xtv ccQa d)g xi BEF XQCycovov TtQbg xb AH®,
ovxcog xb FEA TtQbg xb A&K. id^Cxd^rj d£ xal (hg

15 xb EBF TtQog xb AH&, ovxcog xb ABE TtQog xb

ZHA. Kal Sg ccQa xb ABE TtQbg xb ZHA, ovxcog

xb BEF TtQbg xb HA® xal xb EFA jtQbg xb A®K'
07t£Q £d£t d£t^ai.

VI, 27.

20 "AXXcog.

"E0XCO yccQ Ttdltv rj AB x^rjd^£i6a dC^a Kaxa xb F

1. iati] m. 2 F. 2. aga] om. V. 4. BET] "E'BrF.
7. Post BEF add. tQiyavov Bp, m. 2 FV. 8. icti] om. P.

10. svfsia] m. 2 V. 11. ETz^] corr. ex FEJ m. 1 p.

TtQOs to A&K tQiyaiVOv] mg. m. 2 B, om. p; dinXaGLOva Xoyov
e%BL TiQog in ras. m. 2 F; seq. to A&K tQLycovov m. 1. 12.

dLTtlaGLOva Xoyov fxsL] in ras. m. rec. F. 13. BET] EBTF.

TtQog m. i. 16. Kttt a>g aQa — 17: BEF TtQog] in ras

dd.

14. FEJ] ETJ F. 15. ABE nQog] in ras. m. 2 V, seq.

17. BET] B in ras. m. 2 V. Post A@K add. BVp: jtal

(Off UQa W T(Bv rjyovaivcov nQog ^ev tcov sno^evcoVj ovtcog anavta
ta rjyov^sva nQog dnavta ta snofisva v,al Ta XoLnd mg iv tjj

TtQotsQcx dsL^sL', idcm F, sed postea insert. in ras. 19. Post
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nam quoniam ABEr\) ZHA, erit [VI, 19]

ABE: ZHA== BE^iHA^.
eadem de causa erit etiam

BEF: HA® = BE^: HA\

itaque ABE: ZHA = BEF : HA&. rursus quoniam

EBrc\j AH@, erit EBT: AH0 = FE^ : ®A\ eadem

de causa etiam erit EFA : A0K = FE^ : ®A^. ita-

que BET: AH0 = FEA : A@K. sed demonstratum

est etiam EBT: AH0 = ABE : ZHA. ergo etiam

ABE : ZHA = BEF: HA@ = EFA : A0K',
quod erat demonstrandum.

VI, 27.

Aliter.i)

Nam rursus AB in JT in duas partes aequales di-

1) Est alter casus prop. 27. locum interpolatum esBC,

supra demonstraui. cum in P in mg. m. rec. addatur, ueri

simile est, eum a Theone profectum esse. Campanus VI, 26:
„idem etiam esset, si superficies af (= AE) fieret altior

superficie cd (== AA)^ ut uidere potes in secunda figura".

dBti,aL VI, 27 extr. BFVp; mg. m. rec. P; similia habet Cam-
panus VI, 26. 21. Xa mg. p.
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Tcal TtaQa^Xrjd^sv xo AA iXXstjtov sldsc ta AB, xal

TtaQaPspXrj^d^o Ttdkiv TtaQcc triv AB to AE TtaQaXkTj-

XoyQa^^ov sXXslitov ra5 EB biioCfp ts xal biiOLCog

KSL^svG) ta ccTtb trjg 7]^LC(SLag ta AB. Isyco^ ort

5 ^st^ov s6tL to ccTtb tijg rj^L^SLag TtaQafiXrjd^sv tb AA
tov AE.

'ETtsl yccQ o^OLov s<5tL tb EB ta AB, TtSQL trjv

avtrjv si6L dLcc^stQov. s0tco avtav dLcc^stQog rj EB
xal xataysyQcccp^co tb Oxrnia. %al iTtsl l'6ov iatl tb |l

10 AZ ta A&^ ijtsl xal rj ZH tfi H&, ^st^ov ccQa tb

AZ Tou KE. l'0ov ds tl AZ ta AA. ^st^ov ccQa

Tcal tb AA tov EK. xoLvbv [TtQoGxsLOd-co] tb KA.
oXov ccQa t6 AA okov rov AE ^st^ov iotLV onsQ

^dsL dst^aL.

15 YI, 30.

"AXXcjg.

"EcStca rj do^stCa svdsta rj AB. dst drj trjv AB
axQov xal ^sdov koyov ts^stv.

Tst^^^ad^co yccQ rj AB xata tb F S6ts tb vnb

20 rc5i/ ABj BF l'6ov slvaL rw dnb trjg FA tstQaycovcp.

iitsl ovv tb vTtb tcov AB, BF tcov i6tl ro5 ditb trjg

FA^ sCtLv ccQa chg rj BA TtQbg trjv AF, ovtog rj

AF TtQbg trjv FB. rj AB ccQa dxQov xal ^saov

Xoyov tst^rjtaL xatd tb F' ojtsQ sdsL TtoLrjaaL.

1. AB] AB cp (non F). 2. AE] J& corr. ex A@ FV.
3. Toj] TO F. 4. Tc5 AB] PBp; mutat. in ttJs ^ JB m. 2 F;
T% BA (supra est ras.) rcp AB Y. 10. AZ] corr. ex AZ
m. rec. F. 11. KE] in ras. m. 2 V. i6ov ds — 12: rov
EK] bis Bp et V mg. m. 2. 12. xat] supra m. 1 p (priore

loco, in repetitione in textu est). TCQoaKSia&co] Pp; om. BF;
iara V. 15. PBFVp. 16. aXXcog] mg. Fp, iidem add.

Xs' (in F del. m. rec). 17. rriv AB ev&eiav FV. 20. FA]
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uidatur, et adplicetur ^^ deficiens figura AB, et rur-

sus rectae AB adplicetur parallelogrammum AE de-

ficiens figura EB simili et similiter posita quadrato

dimidiae AB. dico, esse AA^AE.
nam quoniam EB c\) AB, circum eandem diame-

jP -ff- y trum sunt [VI^ 26]. eorum diame-

trus sit EB, et describatur figura

[p. 161 not. 1]. et quoniam est

AZ = A&, quoniam ZH = H0,
erit AZ>KE, ueYumAZ= AA
[I, 43]. quare etiam /1A> EK

commune adiiciatur K^. ergo AA> AE-^ quod erat

demonstrandum.

VI, 30.

Aliter.i)

Sit data recta AB. oportet igitur rectam AB se-

cundum rationem extremam et mediam secare.

secetur enim AB in F ita, ut sit

A r B
I 1 1

ABxBr==rA^ [II, 11].

iam quoniam AB xBr= FA^, erit [VI, 17]

BA:Ar=Ar: FB.

itaque AB m F secundum extremam et mediam ra-

tionem secta est; quod oportebat fieri.

1) Habet Campanus VI, 29: „idem etiam potest demon-
strari ex 11 secundi."

A e corr. F; AT 'P. 22. B^] AB V. 23. aqcc'] om. B
aoa AB Y.
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VI, 31.

"AXXco g,

'ETtsl xa o^OLK ^yri^axa iv dLTtXaaCovi X6y(p s6tI

t(av b^oXoycov TtXsvQdjv, to ajtb tijg BF ccQa eldog

5 TtQog tb ccTtb tijg BA sidog diTtXa^iova Xoyov 'e%£i

7]7tsQ 7] FB TtQbg trjv B A. a^si ds xal tb aitb tijg

Br tBtQccyovov TtQbg ro ccTtb tijg BA tstQayovov

diTtXaaCova Xoyov 7]7tsQ 7} FB TtQbg f^v BA. xal G)g

ccQa tb aitb tijg FB Sidog JtQbg tb aitb tijg BA
10 sldog, ovtcag tb anb tiig FB tstQaycavov TtQbg tb

ccTtb tijg BA tstQccycovov. dicc tcc avta dr} xal cog

tb ccnb tijg BF sldog TtQbg tb ccnb trjg FA sldog,

ovtog tb ccTtb tijg BF tstQccyovov itQbg tb aitb tijg

FA tstQccycovov. Sots Tcal cog tb ccitb tijg BF sldog

15 JtQbg ta ccTcb tcov BA, AF sidr], ovtag tb ccTtb tijg

BF tetQccyovov TtQbg tcc ccitb tcov BA, AF tstQccyco-

va. i'6ov ds tb ccnb tijg BF tstQccyavov totg dnb

t(DV BA, AF tstQaycovoig. tcov ccQa xal ro dnb tijg

BF sidog totg dnb tcov BA, AF si'ds(ji totg b^oCoig

20 [ts] Kal biLoCcog dvayQacpo^svoig [bnsQ sdsi dsi^ai].

VI, 33.

Asycj, oti xal cog rj BV TtSQicpsQSia JtQbg trjv EZ
TtsQicpSQSiav , ovtog b HBF toybsvg TtQog tbv &EZ
to^sa.

1. PBFVp. 3. X^' Fp. iatC] slcC V. 5. k'xv f.
6. TB] in ras. V m. 2. 7. rd] ttjv cp. 8. FB] mut. in

£r m. 2 V. BA. yiUL] BT cp (non F). 9. FB] in ras.

m. 2 Y, r>4 qp (non F). Eldoq — 10: FB] mg. m. 1 F. 10.

sUoq] om. V. FB] in ras. m. 2 V. 11. 8ri] om. P. 12.

sUoq] (alt.) om. y. 13. Br]Q corr. m. 1 p. 14. FA] e corr.
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VI, 31.

Aliter.i)

Quoniam similes figurae in duplicata ratione sunt

laterum correspondentium [VI, 20] figura in BF de~

scripta ad figuram in BA descriptam duplicatam ra-

ticnem habebit quam FB : BA. uerum etiam quadra-

tum in -BFdescriptum ad quadratum 111 BA descriptum

duplicatam ratiouem habebit quam FB ad BA. quare

etiam figura in FB descripta ad figuram in BA de-

scriptam eandem rationem habebit quam FB^ : BA^,

eadem de causa etiam figura in .BF descripta ad figu-

ram in FA descriptam eandem rationem habebit quam

BV^ : FA^. quare etiam ut figura in BF descripta

ad figuras iii BA, AF descriptas, ita erit

Br':BA^ + ^r\
uerum BF^ = BA^ -{- AF^ [I, 47]. ergo etiam figura

in. BF descripta aequalis est figuris 'm BA, AF simi-

libus et similiter descriptis; quod erat demonstrandum.

VI, 33.-J

Dico, esse etiam

arc. BT : arc. EZ = sect. HBT : sect. @EZ.

1) U. fig. VI, 31.

2) Additamentum est Theonis post finem VI, 33; u.

ibid. not.

m. 1 p. ^
mg] insert. m. 1 p. ^

16. efdr]] sldog cp (non F).

16. xBXQa.ytova\ xBtqdyaiv F, xsxqayaivov qp. 19. sfdsatv BFp.
xoLg] om. Bp, 20, xe] om. BFVp. onsQ sdsi dsc^aL]

om, BFVp. 21. BFVp, P mg. m. rec. 22, (i' mg, p.

Tiai] om, p. 23. @EZ] litt. JBZ in ras. m, 1 V.
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'ETts^svx^cii^^ccv yccQ at BF, FK. xal Xricpd-Evrav

iTtl T(OV BF, FK 7t£QLg)EQSLC0V r^V ^, O 67]^SLG)V

STtstsvx&codccv ocal at B^, ^F^ FO, OK.
Kal iitsl dvo at BH, HF dval ratg FH, HK

5 l'6aL slgI Kal ycovLag i'6ag TtSQLS%ov6LV^ otal ^aGLg 7^ BF
rfi FK i6rLV l'6rj, l'6ov aga [iorX] xal ro HBF tql-

ycovov rip HFK rQLycovip. xal iTtsl L6r} i6rlv rj BF
JtSQLcpsQSia rrj FK TtsQLcpsQSLa, xal rj Xontr] slg rbv

oXov xvxXov TtsQLcpsQSLa l'6r] i6rl rij XoLTtfj sig rbv 11

10 oXov zvxlov TtSQLcpSQSLcc' S6rs xal ycovLa rj vjtb B^F
rfj vnb rOK i6rLv l'6r]' o^olov aQa i6rl rb BlSir

rfi^^a Tc5 rOK r^7]^arL. xaC sl6lv inl i'6cov svd^SLcov

rcov BF, FK. rcc 6} inl i'6cov svdsLcov o^OLa r^ir]-

liara xvxlcov i'6a dXXrjloLg sl6lv' i'6ov ccQa i6rl rb

15 B^r r^fj^a ra FOK r^i]^arL. s6rL ds xal rb HBF
rQLyavov to5 HFK rQLycovc) i'6ov' xal oXog ccQa 6

BHF ro^svg oXa tc5 HFK ro^st i'6og i^rCv. dLcc Ta

avra dr] xal 6 HKA ro^svg sxarsQC3 rcov HBF^
HFK i'6og i6rCv. ol rQstg ccQa ro^stg ot HBF, HFK,

20 HAK i'60L dXli]XoLg si6Cv. dLcc rd avrd dr] xal ol

0EZy ®ZM, ®MN ro^stg l6ol dXXtjXoLg si6Cv. b6a-

7tXa6Ccov aQa i6r\v rj AB itsQLcpsQSLa rr]g BF ns-

QLcpsQsCag, ro6avra7tXa6Ccov i6rl xal 6 HBA ro^svg

xov HBF ronicog. dLa rd avrd 8r] xal b6a7tXa6Ccov

2. Ante snC del. rcov p. TX] F corr. ex X m. 1 p.

4. HK] K e corr. m. 2 V. 5. svaCv BF. nsQUxovai PFp;
nsqiBxovaai V, corr. ra. 2. 6. saxC] om. BVp, insert. m. 1 F.

BHr P. 7. Post TQiymvcp add. Bp: xal i) BF nsQLq)SQSia

rfj TK nsQLcpsQSicc. 8. 7} XoLn^] F; Xoin^ Bp; 17 XoLnrj 17 PV.
9. olov] ABT Pt. lar]] rj KAF i'ar} F. satC] om. P,

sariv B. t^] om. V. Xoinij] om. P; Xoin^ tij V. 10.

oXov ] B p , ccvtov ABT P V, om. F. wats ] post ras. 1 litt. V,

tfi TAB' aats F. 11. ycovia tfj V. 13. FK] KT m. 2 V.
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Ducantur enim BTj rK^\ et in arcubus BT, FK
sumptis punctis ^, O ducantur etiam B^, l^F, FOy

OK et quoniam BH= HK et HF= HT, et aequa-

les angulos comprehendunt, et BF= FK [III, 29],

erit etiam A HBF= HFK [I, 4J. et quoniam

arc. 5r= arc. rX,
erit etiam 2ixc. BAF= 2brc. FAK quare etiam

LB:E;r=LroK [iii, 27].

ergo segmentum BSF simile est segmento FOK [III

def. 11]. et in aequalibus sunt rectis BF, FK. quae

autem in aequalibus rectis sunt segmenta circulorum

similia, inter se aequalia sunt [III, 24]. ergo

segm. B^r= segm. FOK.
uerum etiam A HBF= A HFK. itaque

sect. 5ifr=sect. HriC.

eadem de causa etiam sect. HKA = sect. HBF= sect.

HFK itaque tres sectores HBF, HTK, HAK inter

se aequales sunt. eadem de causa etiam sectores

©EZ, @ZM, ®MN inter se aequales sunt. itaque

quoties arcus AB multiplex est arcus BF, toties etiam

sector HBA sectoris HBV multiplex est. eadem de

1) U. fig. VI, 33.

^f'] 8* F. 14. aXXriXoiq^ -Xoiq in ras. F. bgxCv F. 15.

JFfBr] HB in ras. m. 2 V. 16. -ycovov xm HPK xQLycovco l'aov

in ras. m. 2 F. 17. BHF] HBr F\Y m. 2. HXr P,

V m. 2. £(jTt BV, comp. Pp. 18. HBF, HFK] prins F
et Ke corr. m. 2 V, B T, HK Bp. 19. «(Tt^ V. ot] (alt.) 6 P.

HBF] HB corr. ex BH V m. 2, in ras. F, HTK] HF
corr. ex FH m. 2 V. 20. HAK] KHKA P, HKA corr. ex
KHA m. 2 V. eIol Vp. ^ta — 21: sloiv] om. P. 20. ot]

corr. ex 6 m. 1 F. 21. (9ZM] M insert. m. 1 F. 22.

AB] A in ras. V. BF] in ras. m. 2 V. 23. HBA] B
add. m. recentiss. P; HAB Bp, V in ras. m. 2.
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iarlv 7] NE TtEQLcpaQSia trjg EZ TtEQKpaQeLag^ toGav-

taitXa^Ccov iatl xal c ®EN to^avg rov &EZ to^acjg,

al aQa 107] i6t\v 7] BA TtaQKpaQaia tj] EN 7taQi(paQaia,

l'6og i<5tl %al 6 BHA to^avg ta E@N to^at, xal

5 £t v7taQa%aL rj BA TtaQLCpaQata trjg EN TtaQLcpaQaCag^

v7taQa%aL xal 6 BHA to^avg tov @EN to^scjg, xal

al ilXaCTtat^ ilXaCTtai. taOOciQCOv drj ovtcov ^aya^^v

dvo ^av tcov BF, EZ JtaQLCpaQaLCJV, dvo da tSv HBF,
E&Z to^acov alXrjTttaL ladxLg Ttollaitld^La tijg ^av

10 BF TtaQLcpaQaCag xal tov HBF touaag 7] ta BA Tts-

QLcpaQaLa xal 6 HBA to^avg, tijg da EZ itaQLcpaQaCag

xal tov @EZ to^acog CodxLg 7tokla7tXd(5La rj ts EN
TtSQLCpaQaLd xal 6 ®EN tonavg' xal dadaLXtaL, otL al

V7taQa%aL rj BA TtaQtcpaQaLa tijg EN TtaQLCpaQaCag^ v7taQ-

15 a^aL Ttal b BHA to^avg toij E@N to^acog, xal ai

L'6rj, l'6og, xal si iXXaC^tat, ikXaCTcaL. EotLv ccQa chg rj

BF 7taQLCpaQaLa 7tQog trjv EZ, ovtcog 6 HBF to^si)g

TtQog tbv &EZ to^sa.

[HoQLafia.]

•20 Kal dijXov, otL xal cog 6 toiisig TtQog tbv tofisa^

oijtcog xal rj ycovCa TtQbg trjv ycovCav,

Uulgo VII, 20.

^Edv tQstg aQid-^ol dvdXoyov coOlv, b V7tb tcov

dxQcov l'6og idtl ta aTtb tov ^siSov. Tcal idv 6 vTtb

I

1. xoaccvranXocGiog PBp. 3. 7tSQiq}8QsCa] om. V. 4.

E@N] BFp, E@H (p et e corr. PV. 5. BA] B eras. B.

6. BHA] BH in ras. m. 2 V, HBA P. @EN] E&N Fp.
7. dri] ds p. 8. (isv] m. 2 F. 10. BT] B e corr. m. 1 p.

X2. TtoXlaTiXdaiov V. 13. si] corr. ex 77 V m. 2. 14. BA]
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causa etiam quoties arcus NE multiplex est arcus EZ,

toties etiam sector @EN sectoris 0EZ multiplex est.

ergo si arc. BA = arc. EN, erit sect. BHA = sect.

E&N, et si arc. BAy> arc. ENj erit sect. BHA > sect.

@ENy et si arc. BA <i arc. ^iV, erit etiam sect.

BHA < sect. E&N, datis igitur quattuor magnitudi-

nibus duobus arcubus BFy EZ et duobus sectoribus

HBFj E&Z, arcus ^F et sectoris HBF sumpti sunt

aeque multiplices arcus BA et sector HBA, arcus

autem EZ et sectoris @EZ aeque multiplices arcus

EN et sector @EN. et demonstratum est, si arc.

BA > arc. EN, esse etiam sect. BHA > sect. E@N,
si aequalis sit, aequalem, si minor, minorem. ergo

arc. Br : arc. EZ = sect. HBT: sect. ®EZ [V def. 5].

— Corollarium. — et adparet, esse etiam, ut sector

ad sectorem, ita angulum ad angulum.^)

Uuigo yn, 20.

Si tres numeri proportionales sunt, productum

extremorum aequale est quadrato medii. et si pro-

ductum extremorum aequale est quadrato medii, tres

numeri illi proportionales sunt.

1) Hoc corollarium, quod e genuina propositione Euclidis

facile deriuatur, iam a Zenodoro usurpatur (ap. Theonem in

Ptolem. p. 12 ed. Basil.: cog 8' b xoyisvg nQog xov xoiisa, rj

vno E@A ycavia ngog xriv vno M@A), nisi ibi Theon ipse

p. 12, 4 sq. addidit.

A in ras. m. *2 V. 16. faog] tcrj V. 18. 0EZ] @E P.

19. noQiGfia] om. PBFVp. 22. FVp, B rag. m. 1, P mg.
m. rec. %' FVp. 24. 6] supra P.
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rcov axQcov l'(3og fj ra djtb rov ^e6ov, of rQSig «ptO--

/Ltol ccvdXoyov aiCiv. £6to6av rQstg ccQid^^ol dvcc^^oyov

ot A, B, r, cog 6 A TtQog rov 5, ovrog 6 B TtQog

rbv r. Xiya^ ori 6 fx r^v A^ T l'6og sCrl tc5 ditb

5 rou B. TiECad^o ydg rc5 B i'6og 6 z/. £6tLV ccQa (og

6 A TtQbg rbv B, ovrcog 6 /d itQbg rbv T. 6 ciQa sk

r(DV A, T l6og £6rl rtp £K rcjv B, A. 6 dl iz rov

B, A l'aog £6rl ra dnb rov B' l'6og yaQ 6 B ra A,

b ccQa £K rcjv A, T l'6og ra dnb rot! B.

10 ^AkXd dri i £x rSv A, T t6og E6rco ra ditb tov

B. Kiya^ ori i6rlv cog 6 A TtQbg rbv J5, ovrcog 6

B TtQbg rbv T i7t£l yuQ 6 ix rav A^ T l'6og i6tl

T« aTtb Tov 5, 6 df dnb toi5 B i'6og ra vjtb [r(Bv]

JB, A, €6rLV ccQa cbg 6 A JtQog rbv B, ovrcog 6 A
15 %Qbg rbv T i'6og dl b B ra A. £6rLv aQa cog 6

A TtQbg rbv jB, ovrcog 6 B TtQbg rbv T' 07t£Q £d£t

d£L^aL.

Uulgo VII, 22.

'Edv co6l rQ£Lg dQLd-^ol xal dkloL avrotg i'6oL rb

20 TtXrjd^og 6vvdvo ka^Pav6ii£V0L xal iv rco avro Xoyco^

7] ds r£raQay^£VYi avrSv ^ dvaXoyLa, xal dt' i'6ov iv

rco avrco koyco £6ovraL.

"E6rco6av rQ£tg dQLd^^ol oC A^ B, T xal dkkou

avrotg i'60L rb Ttlfjd^og oC A, E, Z 6vvdvo ka^^avo-

25 ^£VOL iv Tc5 a^Tc5 Ao;^c«9, £'6rco dl r^raQay^ivrj avrcov

rj dvakoyCa, (hg ^£v 6 A TtQbg rbv B, ovtcog 6 E
TtQbg rbv Z, ayg dh 6 B JtQbg rbv jT, ovrcog 6 A TtQbg

rbv E. liyco^ orL xal dt' i'6ov i6rlv d)g b A TtQbg

rbv T, ovrcog 6 A TtQog rbv Z.

2. OL TQeig FV. dvaloYOi. p. 3. oi] 6 BFV. o B]
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Sint tres uumeri proportionales Jl, B, F, ita iit

sit A : B = B : r. dico, esse Axr= B^. pona-

A B
1 1 I 1

r z/

tur enim A = B. est igitur A : B = zi : F. itaque

Axr=BxJ [VII, 19]. sed 5 X z/ = 5^; nam
5 = z/. ergo Axr=B^.

lam uero sit

^

XF= B^. dico, esse A : B = B :r.

Nam quoniam ^ X T = B^, et 5^ = 5 X ^,

erit [VII, 19] ^ : 5 = z/ : r. sed 5 = z/. ergo

Ai B = B : r-^ quod erat demonstrandum.

Uulgo VII, 22.

Si tres numeri dati sunt et alii iis multitudine

aequales, duo simul coniuncti et in eadem ratione,

et proportio eorum perturbata est, etiam ex aequo

in eadem ratione erunt.

Dati sint tres numeri Ay B, F et alii iis multi-

tudine aequales z/, E, Z, duo simul coniuncti in eadem

ratione, et proportio eorum perturbata sit, ita ut sit

A : B = E : Z et B : F = A : E. dico, etiam ex

aequo esse A : F= A : Z.

o dtvtEQog supra scr. ^ P. 4. 6] supra P. 7. iartV V,
comp. B. £x Tcor] ccTto xov p, 8. EatCv V, comp. B.

yap] corr. ex aqa V. 9. i'6og iatl FV. 10. IWto] iati,

comp. p. 12. yQ. vno EJ mg. F. 13. iaog iatiFY. vtio]

oLTio p, om. B. Ttov] xov p, om. BFV. 14. B] (prius) ^F, TB.
16. onhQ idst dBL^at] om. Pp. 17. BFVp, P mg. m. rec,

add. a Theone post VII, 20. h(3' PBFVp. 19. maiv FV.
26. xal Iv P. 29, tov F] corr. ex x6 F V.
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'EtcsI yccQ idttv (X)g o A TtQog rbv B, ovtcog 6 E
TtQog tov Z, 6 ccQa aK tcov A^ Z i'6og iotl rc5 fx

tc3v JS, E. Ttccliv 87C6i ictLv (Dg 6 B JiQog tov r^

ovtag 6 z/ TCQog roi/ E, 6 aQa ix tc3v z/, F tcog

5 i(5tl tm ix tcov B, E. i8Ei%%^Yi de Kal 6 ix t(Dv A^

Z t0og ta ix tSv B, E. y.al 6 ix tcov A, Z ccQa

t'6og i0tl ta iK tcjv z/, F. e0tiv ccQa d>g 6 A TtQog

tbv r, ovtcog 6 z/ TtQbg tbv Z* oTtSQ edet det^at.

JVII, 31.

10 ''AXXcsg.

"E(5tG) Cvvd^etog ccQi^^bg 6 A. Xeyo,

7tQ(6tov tivbg aQid-^ov ^etQettac. iitel yccQ 6vv%'et6g ll

ietiv 6 A, ^stQ7jd"^68tai vTtb aQid-^ov, xal e6to

iloc%i6tog tav ^etQOvvtov avtbv 6 B. keyo, oti 6

15 B 7tQ(J3t6g i0tiv. el yccQ ^ri^ 6vvd-et6g iativ. ^etQrj-

d^rj6etai ccQa vTtb ccQid^^ov tivog. ^etQeCGd-o vjtb tov

r. 6 r ccQa Tov B iXa66ov i6tiv. xal inel 6 F
tbv B ^etQet, «AA' 6 B tbv A fietQet, xal 6 F ccQa

tbv A itetQet ikd6(5ov ov tov B' oneQ atojtov. ovx

20 ccQa B avv^etog ioti. TCQotog ccQa' oneQ edei det^ai.

Scholium ad VII, 39.

Tov kd^\ TtoXkov ccQid^iiov ovtov Kal i%6vtov ta

2. Tc5 fx^ TM vno FV. 3. <os] om. p. 4. z^, T] F,

z/ B. 5. ^x] 6 p. 6. yiccC] om. p. 6] 6 u^a FV.
apa] om. FV. 9. BVpqp. ante prop. 31; add. Theou. 10.

aXX(og'\ om. p, ccXX(og xb X^ ro i^ijg B mg. m. 1. 11.

sarco — 13: iativ o A'] om. p. 13. xat'] rivog' (iSTQSLGd^oj,

v.ai B. £<7Tco 6 p. 15, Gvv%^hr6g iffTtv] loriv 6 B Trpco-

Tog Bqp, V in ras. 16. a^a] om. B. vno rov F] in

ras. V, seq. ras. magna. 17. iariv] sGrc Vqp, comp. p.

18. aXXoi Ycp. 20. onsQ edsL Ssl^ul} om. Bp. 21. Post
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Nam quoniam est A :B = E : Z, erit

Ai 1 AxZ = BxE [VII, 19]. rur-

B\ 1 sus quoniam est B : JT = z/ : E,

n— 1 erit Jxr= BX E [idj. de-

» 1^ monstratum est autem, esse etiam

Ei 1 A X Z = B X E. quare etiam

Zi 1 AxZ = J XF. ergo erit

A:T= /1:Z [VII, 19];

quod erat demonstrandum.

VII, 31.

Aliter.

Sit numerus compositus A, dico, primum nume-

rum eum metiri.

Nam quoniam A compositus est, numerus aliquis

eum metietur, et minimus eorum, qui eum metiuntur,

sit B, dico, numerum B primum esse. nam si mi-

I -\A I lE I iF

nus, compositus est. itaque numerus aliquis eum
metietur. metiatur numerus JT. itaque T <i B. et

quoniam T numerum B metitur, B autem numerum
A metitur, etiam T numerum A metitur, quamquam
r*<5; quod absurdum est. itaque B compositus

non est. ergo primus; quod erat demonstrandum.

Scholium ad VII, 39.

Propositionis XXXIX. ^) Cum multi numeri sint.

1) Ergo hoc scholium scriptum est ante VII, 20 et 22
interpolatas.

titulum libri VIII V 9 p (in V in spatio uacuo inter libb. VII et
VIII postea insert.). 22. a p (qui numeros propp. libri VIII
uno maiores deinceps habet).

Euclidea, edd. Heiberg et Menge. 11. 28
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avxa ii£Qrj, olov d Tt'%ot dCpoG^au g' y' d' e\ svqeIv

xov iXd%L0xov aQL^^bv Ttavxcov xcov xa avxa ^sqyj

ixovxav avxots- aQLd-^bv ezQetv, og ekdxLaxog «V
ei^eu xd dod^evxa ^eqt] xb g' y' d' e' g'

J' rj' d'' l'

5 La t/3' Koi eig dneLQOv. det ovv ka^etv xovg o^covv-

^ovg avxcov aQLd^^ovg, xovxeaxt xov ^iev tJ^lOv xo

a, xov de y xa y, xov die d' xa d xal e xal g

nal ^ rj d' T Td i^ zal noXXaTilaCLddaL xov a eTcl xu

y' yCvovxaL Y' xa y eTtl xd d' yCvovxaL t/3* xd l^ eTcl

10 xa 1' yCvovxai ^* xa ^ iTtl xa s^* yCvovxai t|* xa x^

inl xa 5* yCvovxaL ^Pcpic' ovxog e^eL xa T ^eQrj xo

?' y' d' e' g' '/,al xa loLJtd. TtdkLv avxov nolXaitla-

0Ld0aL inl xov la' yCvovxat ^^^ ^t,ip7i' ovxog 6 aQLd--

^bg e%eL xa dod-evxa ^EQrj xo g' y' d' e' g'
J' rj'

-9''

15 l' La ip'. inl ndvxcov xoov dLdoiievov ovxcjg det

noXlaTtXaGLd^eLV xal evQCaxeLV xbv aQLd^^ov xov iXd-

%L0xov e%ovxa xavxa xa ^eQrj.

IX init.

EvQCGKO^ev xbv 6vyxeC^evov koyov ix Xoyov dLa

20 f' T^ov rj'' xr}v de 8LaCQe6Lv xov Xoyov evQCOKO^ev

ovxcjg' eoxco o A xov B dLTtXovg, xal dit avxov

dtpeXetv XQiitXovv. e6xo b A F xQLJtlovg. koinog

aQa b r B. Xeyco, oxl b F B rjnLoXLog iaxLv. ^rj

1. Tvxy p. ?'] ^ p- 2. ccQid^nov] comp. V; ytai cp.

roov] Tov (p. avzd~\ rl— Y cp. 3. txovza cp. a^t^/xdv]

comp. V; yiaC cp. os] ms Y cp. 4. rd] zd p. S"] in ras.

m. 1 p. 6. avzav] rj zcov Y cp. 7. "«] nqoizov Vpqp. xal

S' Hat'] zd 1" Y,al zd 'S p. 8. T] om. V cp. noUanXaatdoag
Vpqp. "«] ngmzov Vpqp. 9. y"] zgCa Vpqp. ytVovtOt]

semper comp. Vqp, yCvszai, p. Y T^d] zqCa' zd p. y]

zQia p. yCv&zai p. t^] (prius) t^ g?. 10. ytVojrat] (prius)
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qui easdem partes habeant, uelut % Vs 'A '/5? inuenire

minimum numerum omnium, qui easdem partes tabent.-

numerum inuenire minimum, qui datas partes

% Vs % V5 Ve Vt Vs V9 Vio Vn V12 cett. liabeat. oportet

igitur numeros iis cognomines sumere, h. e. parti dimi-

diae numerum 1, tertiae 3, quartae 4, quintae 5 et 6,

7, 8, 9, 10, 11, 12; et multiplicare 1x3 = 3, 3x4
= 12, 12 X 5 = 60, 60 X 6 =360, 360x 7 = 2520,

qui habet decem partes Yg Vs V4 Vs Ve ^ett. rursus

2520 X 11 = 27720, qui babet datas partes V2 Vs V4

Vs Ve V7 Vs V9 Vio Vii Vi2- in omnibus datis^ ita oportet

multiplicare et numerum minimum inuenire, qui has

habeat partes.

Scholium. IX init.^)

Rationem ex rationibus compositam per VIII, 5

inuenimus, rationis autem diuisionem ita inuenimus.

Sit ^ : 5 = 2 : 1, et ab ea oporteat auferre 3 : 1.^)

sit A -.r =^ : 1. relinquitur igitur F : B. dico, esse

JT : JS = 2 : 3. ne sit enim, sed si fieri potest, sit

1) Uidetur esse scholium ad VIII, 5.

2) H. e. 2 : 1 per 3 : 1 diuidere.

yCvBxai p. 11. ,^^] ftyrj qp. ovrtog V qp. T] ^£>ta p.

12. y' 8' s' 5"] yyd qp. noXXoLnXaoiaaaq Vpqp. 13. rov]

Twv p. ^ ,^'V'**] V^?'^'^- Vi ^' y^ipyi cp. ovTosJ ov xo p.

15. TJ om. qp'. dBdofisvcov p. 16. a^/'9'/xov] comp. V, yicic cp.

iXuTTOva Vpqp. 18. Vqp post titulum libri IX (in V in spatio

uacuo inter libb. VIII et IX postea insert.).

28'
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yccQ, a)X £1 dvvarov, £6to dntkov^ 6 F rov B. san

ds Tcal A rov V rQinlovg' ysvrjdsraL aga ^al 6 A
t^v B s^aTtXovs. vTtoxsirai 8s dMkovg' otcsq arojtov.

ovK aga s6rai 6 F roz B diTclovg. o^otcog dij dsii,o^sv,

5 orL ovd' aklov koyov s%sl 6 B TtQog rbv F TtaQs^

rov 7]^LoXCov.

IX, 22.

"AkXog.

^'H xal ovrag' snsl ovv 6 AB nsQLrrog iGnv,

10 a(priQYi6d^G) ait^ avrov ^ovag 7] ZB' XoLTtog aQa 6 AZ
ccQrLog i(SrLV. TtdlLv sitsl b BF jtsQtrrog sCrtv, KaC

iarc ^ovag rj ZB, ccQrtog ocQa 6 ZF. stSrt dh xal 6

AZ ccQrLog. xal oXog ccQa 6 AF ccQrLog icnv. 8ia

ra avra d^] xal 6 FE aQnog iarLV. a6rs xal oXog

15 6 AE ccQrLog iorLV.

4. «9«] TttL cp. dmXovs^ xQinXovq Ycp. 7. F solua po3t

iativ, ante oneQ p. 392, 13. 8. ccXXas] om. F.
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r = 2 B. est autem etiam A == 3 F. erit igitur

A = &B. sed supposuimus, esse A = 2B'., quod

absurdum est. ergo non erit F = 2B. similiter

demonstrabimus, ne aliam quidem rationem babere

5 ad JT praeter 2 : 3.

IX, 22.

Uel etiam ita: quoniam AB impar est, ab eo

auferatur unitas ZB. itaque qui relinquitur, AZ par

est. rursus quoniam BF impar est, et unitas est

ZBy par est ZF. uerum etiam AZ par est. itaque

etiam totus AF par est [IX, 21]. eadem de causa

etiam FE par est. ergo etiam totus AE par est

[IX, 21].

A Z B r J E
I l__l 1

—
-I 1

1) De figura cfr. IX, 22.

Euclide», edd. Heiberg et Meuge. II, 28'
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